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Abstract. Three machine learning techniques (multilayer perceptron, random forest, and Gaussian process) provide fast surrogate
models for lower hybrid current drive (LHCD) simulations. A single GENRAY/CQL3D simulation without radial diffusion of
fast electrons requires several minutes of wall-clock time to complete, which is acceptable for many purposes, but too slow for
integrated modeling and real-time control applications. More accurate simulations with fast electron diffusion are even slower,
requiring multiple hours of run time with parallel processing. The machine learning models use a database of 16,000+ GEN-
RAY/CQL3D simulations for training, validation, and testing. Latin hypercube sampling methods implemented in πScope ensure
that the database covers the range of 9 input parameters (ne0,Te0, Ip,Bt ,R0,n||,Ze f f ,Vloop,PLHCD) with sufficient density in all
regions of parameter space. The surrogate models reduce the computation time from minutes-hours to ms with high accuracy
across the input parameter space. Data-driven surrogate models also allow for solving inverse and “lateral” problems. A surrogate
model for the inverse problem maps from a desired current drive or power deposition profile to a set of input parameters that would
result in such a profile, while a surrogate model for the lateral problem maps from a measured experimental quantity such as hard
x-ray emission to a current drive or power deposition profile. The πScope database creation workflow is flexible and applicable to
other RF simulation codes such as TORIC.

INTRODUCTION

Most tokamak fusion reactor designs feature radio frequency (RF) heating and current drive (H&CD) actuators to
supplement the self-generated fusion heating and bootstrap current [1, 2, 3]. Simulation models to calculate the power
deposition and current drive profiles such as the ray tracing/Fokker-Planck solver suite GENRAY [4]/CQL3D [5] are
relatively mature and can yield results on timescales of minutes to hours, which for many applications is sufficiently
fast. However some applications, for example time-dependent integrated modeling and real-time control, require
results in milliseconds. Previous work [6] showed that it is possible to predict the output of GENRAY/CQL3D using
machine learning (ML) based methods with high speed and accuracy. This paper will focus on refinement of the
previous work including the effects of radial diffusion of the fast electrons, as well as application of ML tools to the
“lateral” problem. Figure 1 illustrates the forward, inverse, and lateral problems as they relate to GENRAY/CQL3D.

FORWARD MODEL

A forward model predicts certain quantities of interested based on a set of causal factors used as inputs to calculation.
In the case of RF models, the quantities of interest are typically current drive and power deposition profiles across the
minor radius, while the causal factors are quantities related to the plasma (ne, Te, Ze f f , magnetic equilibrium, etc).
The forward surrogate model published in [6] uses a database of 16,384 simulations sampled over a set of nine 0-D
input parameters sampled with a Latin hypercube algorithm [7] using the πScope [8] framework. Each simulation
requires about ten minutes of wall-clock time to complete, with the entire database requiring several weeks on the
MIT Engaging cluster.

ML tools using multi-layer perceptron (MLP), random forest regression (RFR), and Gaussian process regression
(GPR) techniques can predict the results of GENRAY/CQL3D with high accuracy (mean squared error « 1) and high
speed (inference time∼ 1 ms). Although the ML surrogate models accurately predict the results of GENRAY/CQL3D
for a given set of inputs, the ML surrogate models are only as good as the simulations in the training database. The
simulations in the initial study do not include radial diffusion of the fast electrons in CQL3D, however Garofalo et al
show that radial diffusion is necessary to accurately reproduce the experimental current density profiles in EAST [9].
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FIGURE 1. Schematic illustration of the forward, inverse, and “lateral” problems. (a) Example hard x-ray profile calculated by
CQL3D. (b) Corresponding power deposition profile calculated by CQL3D. (c) Hard x-ray camera sightlines for Alcator C-Mod.
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FIGURE 2. Four typical “average” cases comparing the ground truth GENRAY/CQL3D current profile (red dotted curve) with
the GPR surrogate model (solid green curve).

RADIAL DIFFUSION

Including radial diffusion of the fast electrons increases the computation time for a single CQL3D simulation from a
few minutes to 12 hours. The significant increase in computation time is a result of implicit versus explicit time steps
used when radial diffusion is disabled or enabled, respectively. This represents both a challenge and an opportunity
for the ML surrogate models. The challenge is that producing the training data requires 50× more computational
effort, while the opportunity is that a ML surrogate model may produce even greater increases in speed relative to the
“ground truth” model.

Furthermore, we hypothesize that the inherent smoothness of the profiles that result from calculations with radial
diffusion of the fast electrons enabled should be easier for the ML model to predict, given that there will be fewer
instances of radically differing profiles between nearby points in the 9-dimensional parameter space. To test this
hypothesis, we created a new database of 1,000 GENRAY/CQL3D simulations with a radial diffusion coefficient, Dr,
of 1.0 m2s−1. This much smaller database required three times the computational resources as the original 16,384
simulation database because of the radial diffusion calculation.
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FIGURE 3. The four least accurate cases from the testing data set for the GPR surrogate model including radial diffusion.

FIGURE 4. Current profiles for all 1,000 GENRAY/CQL3D simulations in the database with radial diffusion of fast electrons
turned on. The five “outlier” profiles highlighted in red (representing only 0.05% of the database) are responsible for the large
errors present in 15% of the GPR test cases as shown in Fig. 3

Figure 2 illustrates four average (as defined by mean squared error (MSE)) GPR current profiles with their cor-
responding ground truth GENRAY/CQL3D profiles. These current profiles are considerably smoother than those
published in [6], but still retain identifiable structure in the profiles representing off-axis current drive. The MLP sur-
rogate model provides a highly accurate prediction of the ground-truth CQL3D results for nearly every one of the 200
simulations held back in the testing dataset, even when simulations in the “slide-away” regime (where the force of the
DC electric field exceeds the collisional drag on the fast electrons at v = c/n||) are included in the training database.
On the other hand, the GPR surrogate model introduces large errors near the edge of the plasma in about 15% of the
200 test cases when the slide-away regime is included in the training database. Previous work [6] justifies excluding
the slide-away regime simulations from the database.

Figure 3 illustrates the four worst cases for the GPR surrogate model with radial diffusion when the slide-away
regime is included in the database. The large errors near the edge of the plasma are driven by a very small number
of simulations in the slide-away regime (N = 5) with large values of current for ρ > 0.5 (Fig. 4). Excluding these
slide-away simulations from the database eliminates the spurious edge peak entirely (see Fig. 5. This illustrates the
importance of carefully examining the data that feeds into the machine learning models.

LATERAL MODEL

We define the “lateral” model as a surrogate model that creates a mapping between correlated outputs of the underlying
physical model. In this example, the correlated outputs are the line-integrated hard x-ray emission (Fig. 1a) and the RF
power deposition profile (Fig. 1b) or current profile. These two outputs are related through the electron distribution



FIGURE 5. Representative best (left), average (center), and worst (right) cases for the GPR surrogate model including radial
diffusion but with outliers filtered from the training database.
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FIGURE 6. Examples of the best (left), average (center), and worst (right) predictions of the random forest regression (RFR)
surrogate lateral model mapping from the hard x-rays +ne0 +Te0 +Vloop to current density profile.

function, but a quantitative calculation relating one to the other is infeasible due to the complicated differential cross
sections for fast electron bremsstrahlung with respect to electron energy, photon energy, and geometry. Still, the hard
x-ray emission is well correlated enough with the quantities of interest (power deposition and current density) to make
qualitative inferences; for example a broader hard x-ray profile indicates a broader power deposition profile.

Figure 6 shows typical best, average, and worst predictions of the current density profile for a random forest
regression (RFR) based lateral model using line-integrated hard x-ray in combination with central electron density,
temperature, and loop voltage as inputs to the lateral model.

In all three cases, the model correctly identifies the location of the off-axis current peak. The best and average cases
provide excellent quantitative agreement between the ground truth and surrogate lateral model prediction. In the worst
case, the magnitude of the off-axis peak is too low by a factor of 3 however the shape of the profile is remarkably
similar to the ground truth CQL3D current profile.

Figure 7 contains the results from a similar RFR based lateral model using only the hard x-rays and loop voltage as
inputs. The best and average results are very similar to the more complete surrogate model in Figure 6, however the
difference between the ground truth and the surrogate model in the worst case is significantly larger across the entire
profile. This is due to the fact that without including information on the plasma density and temperature, the RFR
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FIGURE 7. Examples of the best (left), average (center), and worst (right) predictions of the random forest regression (RFR)
surrogate lateral model mapping from the hard x-rays +Vloop to current density profile.

lateral model cannot accurately predict the Ohmic current profile. When the loop voltage (and the Ohmic current) is
small this source of error disappears.

The lateral model is particularly interesting for experimental application because the hard x-ray profile is a straight-
forward measurement on tokamaks, while extracting the current density profile requires a very difficult measurement
of the internal magnetic field profile (either by motional Stark effect or Faraday rotation polarimetry) combined with
an equilibrium reconstruction constrained with the internal magnetic field data. Combined with the very fast inference
time (∼ 1 ms) of the RFR surrogate model, it is possible to have a real-time inference of the current profile based
solely on a small number of experimental parameters. In the small loop voltage regime, which is common for current
drive experiments, it is possible to infer the current profile from only the x-ray measurements as in Figure 7.

CONCLUSION AND FUTURE WORK

Machine learning based surrogate models can accurately replicate complex RF simulation tools such as GEN-
RAY/CQL3D. Including the effects of radial diffusion for fast electrons in CQL3D dramatically increases the simu-
lation run time for CQL3D, thus further increasing the speed gains of the ML-based surrogate model relative to the
underlying model. The training databases used with radial diffusion of fast electrons can be smaller than those without
radial diffusion due to the increased smoothness of the results with radial diffusion. Both the MLP and GPR based
surrogate models generate accurate predictions of the power and current profiles when the training database excludes
a small number of “outlier” simulations. Finally, an ML-based lateral model can predict current profiles based on the
line-integrated hard x-ray profile combined with a small number of plasma parameters (ne0 +Te0 +Vloop).

Future work will focus on improving the GPR surrogate model with radial diffusion. The GPR model is particularly
sensitive to “outlier” data points which can dramatically swing the predictions away from the ground truth in certain
regions of parameter space. This behavior can be mitigated through introducing uncertainty in the data used in
the training process of the GPR model, however quantifying the uncertainty in a deterministic simulation is not
straightforward. A specific class of GPR models, the Student-t model, is known to be less sensitive to outliers [10].
We will investigate the use of Student-t regression models for comparison with GPR. We will also apply the ML-based
surrogate modeling workflow to more advanced “ground truth” models including the effects of scattering from density
fluctuations in the plasma edge [11, 12].
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