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Professor Jianwei Miao, Chair

Electron microscopy has found wide application in material science and biology with the

nanometer / angstrom resolution in planar images. Tomography has also made a revolutionary

impact of non-destructively visualizing inner three-dimensional structures, especially in the

field of clinical medical imaging. Digital signal processing is used in a broad range of

electrical engineering to separate the signal from the noise; hence extracting true information

embedded from the noisy data. In the past century,  imperfections inside the crystalline

structures have caught material scientists' eyes due to the capability of significantly changing

physical properties of materials. In this dissertation, a remarkable stride in the field of

electron tomography has been made by combining several novel techniques: scanning

transmission electron microscopy to obtain high resolution two-dimensional images, the
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center of mass alignment method to solve the mis-alignment problem, the equally sloped

tomography method to achieve best spatial resolution by dramatically alleviating the missing

wedge problem, and the three-dimensional Fourier filtering method to enhance the signal-to-

noise ratio. With these combinations, a 2.4 angstrom resolution in the tomographic

reconstruction is demonstrated. Furthermore, atomic steps at the boundary between two grains,

edge dislocations, and screw dislocations inside a 10nm platinum particle are observed, atom-

by-atom.
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CHAPTER 1

Introduction to Electron Tomography

As pointed out in Richard P. Feynman's classic speech, "There is plenty of room at

the bottom" [1], he said "It would be very easy to make an analysis of any complicated

chemical substance; all one would have to do would be to look at it and see where the atoms

are.". Seeing atoms in three-dimensional structures has become an extremely important

problem and a long term dream in science. Once atoms can be directly revealed in three-

dimensional structures, the rough atomic positions can be input as the initial model in the

theoretical ab-initial calculation, thus simulating and understanding the properties and the

mechanisms of all kinds of materials.

To date, even with significant advancements of all other novel imaging techniques

[2-8], crystallography still plays the unique role to peer into three-dimensional structures at

an atomic scale [9]. With intense and coherent x-ray sources from synchrotron radiation

facilities illuminating on the millimeter- or micrometer-sized crystalline samples, the Bragg

peaks, formed by interference of scattered photons from millions or thousands  periodic unit

cells, provide scientists with meaningful information to calculate the corresponding

arrangements of atoms [10,11]. Under the assumption that periodic unit cells are all

identical, an averaged atomic model from those copies is able to be extracted from the

macro-measured data.
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However, a solved averaged model with atom position doesn't mean the atomic

resolution is indeed achieved. For example, a prototype of a human can be obtained by

averaging millions of persons. Even the position of each tooth can be mapped by the model

of a human, the imperfections, such as some individuals lost their teeth, will never be

observed in this human model. It is for sure that small imperfections may cause some

diseases or malfunctions in a human's body, and interestingly, the micro-world has the same

scenario. Although valuable information regarding lattice parameters inside the crystal can

be obtained from crystallography, the crystal imperfections, so called the defects, turn out to

be much more attractive to material scientists with the capability of dramatically changing

the physical properties of materials.

To investigate defects inside the perfect crystal, using beams of electrons becomes a

better choice than photons due to the intrinsic difference that the scattering cross-section of

an electron is much larger than a photon. With a much stronger interaction by an electron

source, it would be possible to obtain enough signals to retrieve individual atoms. Recent

advancements in imaging techniques via electron sources has verified this possibility [12].

Through scanning electron microscopy (SEM) and transmission electron microscopy

(TEM), scientists demonstrate the atomic resolution of both surface and projection in two-

dimensional images. Moreover, the atomic arrangement at interfaces between grains of a

single layer graphene unraveled  through a scanning transmission electron microscope

(STEM) shows the astonishing power of the electron microscope [13].

There is no doubt that the electron microscope provides amazingly detailed

information of the most fundamental scale; however, three-dimensional atomic resolution is

still not achievable. Instead of using a two-dimensional image to infer the inner three-

dimensional structures, performing computed tomography (CT) from several two-
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dimensional projections is definitely a better approach to obtain correct three-dimensional

information.

Tomography [14-18] has found its widespread applications in seeing inner structures

non-destructively and also has a distinguished history during the past half century,

especially in the clinical medical imaging. As the first x-ray computed tomography machine

was built in 1961 [19] , numbers of famous reconstruction methods such as filtered back-

projection (FBP) [20] , algebraic reconstruction technique (ART) [21,22], and simultaneous

iterative reconstructive technique (SIRT) [14] have been developed and worked

successfully in the field of medical imaging. The problem remains unsolved in the field of

electron tomography and even scientists have applied those reconstruction methods since

1968; therefore, performing tomographic reconstruction at the atomic resolution has been

proven to be a challenge [23-25].

In contrast to medical computed tomography, the main difference of electron

tomography is the limited number of projections. It should be noted that the number of

projections is proportional to the resolution desired. Different sample size such as, looking

into organs or tumors in the human body, locating atoms needs a much smaller (i.e.,

nanometer-sized) sample. The reason for not using a larger sample size is that the number of

atoms included inside a nanometer particle can be estimated over several tens of thousands.

When the sample is larger, too many atoms may significantly increase the complexity of

locating atoms. Furthermore, because of the multiple scattering effect from a thick sample,

the non-linearity of the projection may result in lots of artifacts when performing

tomographic reconstruction. Under the constraint of the small-sized sample, when the high

energy electron source ( 80~300 keV ) is used to achieve the atomic resolution, the sample
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would be destroyed by a high dose of electrons. As a result of radiation damage, the number

of projection turns out to be only a few.

Due to the fact that the number of projections is limited, the following issues of data

analysis and reconstruction are three-fold: the alignment problem, the interpolation problem,

and the missing wedge problem.

First, in order to keep the selected sample always inside the field of view during data

acquisition, experimentalists manually rotate the sample holder, shift the stage and take

projections. Those projections consequently do not correspond to the same rotation axis.

Although finding the exact rotation axis is theoretically not necessary, aligning all

projections to an unique common rotation axis is required to perform the correct

reconstruction. Since the nearby projections with small angular increments should be

similar, scientists usually align neighboring projections to the common rotation axis by

using the cross-correlation method. Nevertheless, as the limited number of projections

mentioned above, the angular increment between two nearby projections is no longer small,

and thus the relation of similarity does not hold any more. Some numerical tests have been

done to simulate the effect of misalignment from the cross-correlation method when the

angular increment is large. The banana-shaped distortions in the reconstruction caused by

this kind of misalignment is studied. The reason for this shape of distortion is that the

accumulated errors from sequentially using cross-correlation method to align nearby

projections [29].

Second, the acquired projections are digital two-dimensional images formed by

pixels so that the distribution of all data points can be considered as grid points in the

cylindrical coordinate. Unlike the data points on the cylindrical grids, the three-dimensional

reconstruction is on Cartesian grids, thus giving another problem, the interpolation problem
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from polar grids to Cartesian grids. Usually, the interpolation might be a small factor in the

reconstruction process, the number of projections being large and the corresponding angular

difference being small. Conversely, especially in electron tomography, the limited

projections cause much larger errors, and unfortunately, those errors may deteriorate the

reconstruction and prohibit scientists from revealing three-dimensional structures at high

resolution.

Third, a more severe problem exists because of the experimental setup, the data set

is incomplete. For the single tilted data set, the incident electron beam is blocked by the

sample holder when the rotation angle goes higher than 75 degrees. Although more

advanced instruments may be rotated up to 80 degrees, it is not avoidable to have some

angles lost. As the sample is supported by the membrane, the thickness of the membrane

becomes much thicker at higher angles such that the background of the acquired image from

the thick membrane is much more severe compared to low angles. This effect will

deteriorate the quality of taken images, especially the resolution. One would observe this

effect by Fourier transferring the projections to reciprocal space and observing the Bragg

peaks become weaker and weaker, which indicates that the resolution is increasingly worse.

Even if one could solve the three issues mentioned above and obtain the correct

reconstruction, the signal from single atom is extremely weak and the signal-to-noise ratio

(SNR) of the reconstruction is still too low to reveal individual atoms. If one can not see

individual atoms to figure out three-dimensional structures inside the sample, then it

becomes impossible to make meaningful measurements.

A recent technique, atom probe tomography, uses a needle-shaped sample and

provides a path to overcome the missing wedge problem. Due to the low signal-to-noise

ratio, only ~60% atom can be detected and visualizing embedded structures at an atomic
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resolution is still not possible [26]. Another novel approach called discrete tomography [27]

based on the assumption that the inner structure is a perfect single crystal, provides the

resolution to unveil all atoms inside the sample, while a perfect crystal is less informative to

material scientists. There is also an approach named big bang tomography [28]. By

calculating the phases of electro-magnetic waves propagated at different two positions, the

distance information between two single-layer graphene can be obtained. Those methods

provide scientists new ways to see atoms under specific conditions; unfortunately, a general

method is still needed to bypass all those conditions.

In this dissertation, a couple new imaging techniques [29-32] are developed to solve

or dramatically alleviate major issues in data analysis, reconstruction, and signal-to-noise

ratio: the center of mass alignment method (CM alignment), three-dimensional equally

sloped tomography (3D EST), and three-dimensional Fourier filtering.

The center of mass alignment method is completely different from conventional

alignment methods. In the parallel beam case, any arbitrary common rotation axis can be

selected if that axis is parallel to the exact rotation axis. So that we can utilize the special

geometry when the selected common rotation axis passes through the center of mass.

Assuming the common rotation axis is on the center of mass, for each two-dimensional

projection, the center of mass is always on the axis during whole rotation. If we selected the

center of a two-dimensional image to be the origin and shift the image to make the

calculated center of mass at the origin in every two-dimensional image, this special

treatment of the image set corresponds exactly to the projection set with the rotation axis on

both the origin and the center of mass; hence this special alignment can be easily done with

high accuracy and without any accumulated errors from other projections. The feasibility of
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this method is also verified by using the multislice simulation to generate projective images

with 20% Poisson noise [30].

The second breakthrough is the 3D EST method. Based on the Fourier slice

theorem, a projection in real space is mathematically equal to a slice in reciprocal space. If

one could have enough number of slices to fulfill the reciprocal space, a three-dimensional

reconstruction can be very easily obtained by applying inverse Fourier transform to the

reciprocal space. The critical issues are the number of slices is limited and the interpolation

from polar grids to Cartesian grids in reciprocal space is highly unreliable. Although there

is no forward and backward fast Fourier transform between polar and Cartesian grids, a

special Fourier transform called pseudopolar Fourier transform may convert grids between

pseudopolar and Cartesian coordinates without any interpolation. The main features of

pseudopolar grids are the grids form concentric squares and the angular distribution is

equally sloped. To satisfy the special angular distribution, it is mandatory to take data at

specific calculated angles followed by )/(tan 1
Nn  and ))/(tan2( 1

Nnπ  , where n

is a positive integer and not larger than N. Once projections are acquired at equally sloped

angles, the Fourier slices on pseudopolar grids can then be  exactly calculated by the

fractional Fourier transform. In addition, due to the limited number of projections, those

Fourier slices are not sufficient to fulfill the reciprocal space so that the iterative algorithm

is combined in the 3D EST method to refine the reconstruction using constraints in both

real and reciprocal spaces. When the process converges, those missing slices, because of

the limited number of slices and the missing wedge, are interpolated from all known

information. This tomographic method has demonstrated its powerful ability of retrieving

missing data not only in electron tomography but also in medical imaging, biological

imaging, and coherent diffraction imaging [33-37]. Of cause the missing data problem can
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not be completely solved, but the reconstruction obtained by 3D EST method has

significantly alleviated the effect from the missing data.

The third breakthrough is the three-dimensional Fourier filtering. As a result that the

signal from a single atom is very weak, applying a specific filter to separate the signal from

the noise, thus extracting the useful information from the noisy data, is the most common

way in digital signal processing. For the special case such as poly-crystalline samples, the

Bragg peaks can be considered as the useful signals. Generating a three-dimensional filter

that only keeps the distribution of Bragg peaks but removes all other irrelevant information

in reciprocal space may have a great help to see atomic fringes. Although a two-

dimensional Fourier filtering is well-known that generates artifacts in two-dimensional

images, the three-dimensional Fourier filtering is studied that the filtered image has much

higher accuracy regarding atom positions because three-dimensional Fourier filtering has

more correlated information then two-dimensional [32].

Another part of this dissertation introduces a state-of-art reconstruction method, so

called Ankylography [38,39] (derived from the Greek words ankylos meaning curved and

graphein meaning writing), which allows scientists obtain three-dimensional structure from

single two-dimensional diffraction pattern. This method is demonstrated in both theory and

experiment with its capability of significantly reducing two-dimensional patterns needed. It

is anticipated that that a wide application could be found with the radiation-sensitive

samples.
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Transmission electron microscopy (TEM) is a powerful imaging tool that has

found broad application in materials science, nanoscience and biology1-3. With the

introduction of aberration-corrected electron lenses, both the spatial resolution and

image quality in TEM have been significantly improved4,5 and resolution below 0.5 Å

has been demonstrated6. To reveal the 3D structure of thin samples, electron

tomography is the method of choice7-11, with resolutions of ~1 nm3 currently

achievable10,11. Recently, discrete tomography has been used to generate a 3D atomic

reconstruction of a silver nanoparticle of 2-3 nm in diameter12, but this statistical

method requires prior knowledge of the particle’s lattice structure and requires that

the atoms fit rigidly on that lattice. Here we report the experimental demonstration of

a general electron tomography method that achieves atomic scale resolution without

initial assumptions about the sample structure. By combining a novel projection

alignment and tomographic reconstruction method with scanning transmission

electron microscopy, we have determined the 3D structure of a ~10 nm gold

nanoparticle at 2.4 Å resolution. While we cannot identify all the atoms inside the

nanoparticle, individual atoms are observed in some regions of the particle and several

3D grains are identified at atomic scale resolution. The 3D surface morphology and

internal lattice structure revealed are consistent with a distorted icosahedral multiply-

twinned particle. We anticipate that this general method can be applied to not only

determine the 3D structure of nanomaterials at atomic scale resolution13-15, but also

improve the resolution and image quality in other tomography fields7,9,16-20.

Since its introduction in 1968, electron tomography has been primarily used to

determine the 3D structure of biological samples7,9. In the last decade, electron tomography

has been increasingly applied in materials science and nanoscience through the use of
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scanning transmission electron microscopy (STEM)8,10,11 The highest resolution presently

achieved by STEM tomography is around 1 nm in three dimensions10,11, although slightly

higher resolution has been obtained in a study of fullerene-like nanostructures with bright-

field electron tomography21. A general electron tomography method with atomic scale

resolution, however, has not been demonstrated for several reasons. First, aligning the

projections of a tomographic tilt series to a common axis with atomic scale precision is

technically challenging. Second, radiation damage limits the number of projections that can

be acquired from a single object13,22. Finally, specimens cannot usually be tilted beyond

79 , preventing acquisition of data from the “missing wedge”7-11. Here we demonstrate

that these limitations can be overcome or alleviated by applying a novel alignment approach

and an iterative tomographic reconstruction method to a tilt series obtained via annular dark

field (ADF)-STEM.

The conventional alignment approach used in electron tomography either relies on

fiducial markers such as colloidal gold beads or is based on the cross-correlation between

neighboring projections7,9. To our knowledge, neither of these approaches can achieve

atomic scale alignment accuracy. To overcome this limitation, we have developed a method

based on the center of mass (CM), which is able to align the projections of a tilt series at

atomic scale accuracy even with relatively high noise (Methods). To address the other two

difficulties, we have implemented a data acquisition and tomographic reconstruction

method, termed equally sloped tomography (EST)23,16,18-20. Compared to conventional

tomography that reconstructs a 3D object from a tilt series of projections with constant

angular increments, EST acquires a tilt series with equal slope increments, and then iterates

back and forth between real and reciprocal space (Methods). In each iteration, constraints

such as the sample boundary (i.e. support) and positivity of the Coulomb potential are
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applied in real space, while the measured projectional slices (i.e. the Fourier transform of

the real space projections) are enforced in reciprocal space. Each iteration is monitored by

an error metric, and the algorithm is terminated after reaching a maximum number of

iterations.

To test the feasibility of achieving an atomic scale resolution tomographic

reconstruction by the CM and EST methods, we first conducted numerical simulations on a

~5 nm gold nanoparticle with icosahedral symmetry and a total of 3871 atoms

(Supplementary Figs. 3a, 4a, c and e). A tilt series of 55 projections was obtained from the

particle using multislice STEM calculations24 (energy: 300 keV, spherical aberration: 1.2

mm, illumination semi-angle: 7.98 mrad, defocus: 48.6 nm, detector inner and outer angles:

13 and 78 mrad). To minimize non-linear intensity contributions caused by dynamical

scattering and the electron channeling25, projections along zone axis orientations were

avoided. The tilt angles range from -72.6° to +72.6° with equal slope increments. To

simulate experimental conditions, the tilt angles were continuously shifting from 0° to 0.5°

over the process of the tilt series and the magnification of the images was continuously

changing from 0 to 0.2%. Each projection in the tilt series was arbitrarily shifted along the

X- and Y-axes, where the electron beam direction is parallel to the Z-axis. Poisson noise

was added to each projection in the tilt series with a total electron dose of 6.1 106 e/Å2.

Supplementary Fig. 3 shows a linear projection of the model at 0° and the corresponding

multislice STEM projection. The increase of the atom size in the multislice projection was

observed, which was caused by diffraction and dynamical scattering effects in the

nanoparticle.

The 55 projections were aligned to a common tilt axis with the CM method, and

were then reconstructed with the EST algorithm. Supplementary Figs. 4b, d, and f show
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three 2.5 Å thick central slices of the 3D reconstruction in the XY, ZX and ZY planes.

Although the missing wedge problem was not completely solved (the top and bottom parts

in Supplementary Fig. 4f), and the size of the reconstructed atoms was somewhat increased

due to the non-linear and diffraction effects, the overall atomic positions and grain

boundaries in the 3D reconstruction are consistent with the model. The simulation results

indicate that the CM and EST methods can be used to achieve an atomic scale resolution

reconstruction from a tilt series of 55 projections with a missing wedge, non-linear effects,

Poisson noise and experimental errors.

 Next, the CM and EST methods were applied to experimental tilt series acquired

from gold nanoparticles. Nanoparticles are an important class of materials with properties

different from either molecules or bulk solids13-15, and nano-gold is among the most widely

studied of this class of material due to its broad applications in chemistry, biology, materials

science, nanoscience and nanotechnology26. In this study, we imaged gold particles with a

diameter of ~10 nm as smaller particles are not as stable under an electron beam13,22. To

reduce the electron dose, we used a low exposure data acquisition scheme with a 300 keV

ADF-STEM (Methods). When focusing an image, a nearby nanoparticle was first viewed

(not the particle of interest), thus reducing the unnecessary radiation dose to the particle

under study. Using this scheme, we acquired several tomographic tilt series of gold

nanoparticles. Supplementary Fig. 5 shows a tilt series of 69 projections and their Fourier

transforms, with a total electron dose of ~7.6 106 e/Å2. Supplementary Fig. 6 shows three

0  projections and their Fourier transforms measured during the acquisition of this tilt series

to monitor the effects of radiation damage. While some minor shape changes occurred, the

crystal lattice structure of the particle remained reasonably consistent throughout the

experiment. To investigate the non-linear effects in the experiment, we simulated a 10 nm



19

gold particle with icosahedral symmetry and obtained a 11.5 Å thick portion of the 0°

projection by using multislice STEM calculations24 (Supplementary Fig. 7). Although the

size of the atom size was increased due to the non-linear diffraction and dynamical

scattering effects, the multislice STEM projection exhibits consistent crystal lattice structure

with the model. We then calculated a tilt series for a 2.5 Å central slice using the multislice

simulations. The tilt series consists of 69 projections with a tilt range of 72.6°.

Supplementary Fig. 8 shows the model and reconstructed slices. The atomic positions and

the internal grain boundaries are reasonably well resolved except in very few places

(including the origin) which are mainly caused by the non-linear effects in the projections.

After investigating the non-linear effects, we performed post data analysis of the

experimental tilt series (Methods), and aligned the projections with the CM method. To

reconstruct the 3D structure, we first estimated a loose 3D support, defined to be larger than

the particle boundary. After 500 iterations of the EST algorithm, the reconstruction was

used to determine a tight support (i.e., close to the true boundary of the particle). Using the

tight support, we ran another 500 iterations and obtained a final 3D structure. To examine

the quality of the reconstruction, we calculated 69 projections from the final 3D structure

and found the average normalized discrepancy with the measured projections to be 6.7%

(Supplementary Methods and Supplementary Tab. 1). Three representative measured and

calculated projections at different particle orientations are shown in Fig. 1 and

Supplementary Fig. 9. While minor shape changes occurred in few areas, the overall shape

and lattice structure agree well between measured and calculated projections. To more

rigorously examine the accuracy of the reconstruction, an EST reconstruction was

performed from 68 experimental projections by removing the 7.1° projection. The 3D

reconstruction was then projected back to calculate the projection at 7.1°, which is
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reasonably consistent with the experimentally measured one (Supplementary Fig. 10).

To estimate the resolution achieved in the reconstruction, we chose a 3.36 Å thick

central slice in the XY plane. Figs. 2a and b show the slice and its Fourier transform in

which the distance between two neighboring atom columns and the location of the Bragg

peaks indicate that a resolution of 2.4 Å was achieved in the X and Y directions. To

estimate the resolution along the Z-axis (beam direction), we selected a 3.36 Å thick slice

with the horizontal axis along the Z-axis (Figs. 2c and d). The resolution close to the Z-axis

was determined to be 2.4 Å. Individual atoms are visible in some regions of the slices, but

not all atoms can be identified in the slices. Supplementary Fig. 11 shows two 3.36 Å thick

slices in a different orientation, exhibiting crystal lattice structure not visible in Fig. 2. The

apparent flattening of the particle along the beam axis was also observed in the 3D

reconstructions (Fig. 2 and Supplementary Movie 1), and was likely caused by the

interaction between the nanoparticle and the Si substrate.

To visualize the internal structure and the morphology of the gold nanoparticle, we

generated 3D volume and iso-surface renderings of the reconstruction, in which both

surface and internal lattice structures are visible (Supplementary Movies 1 and 2). Fig. 3a

and b show volume renderings of the nanoparticle and their Fourier transforms (insets) at

the 2- and 3-fold symmetry orientations. The corresponding iso-surface renderings at the

same orientations are shown in Figs. 3c and d. The overall 3D shape and facets of the

nanoparticle are consistent with an icosahedron (insets in Figs. 3c and d). To identify

internal 3D grains, we applied the 3D Fourier transform to the reconstruction. By

identifying the Bragg peaks of each major grain and applying the 3D inverse Fourier

transform to the selected Bragg peaks, we determined four major 3D grains inside the gold

nanoparticle (Methods). Fig. 4 and Supplementary movie 3 show a volume rendering of the
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four 3D grains at atomic scale resolution, in which grains 1, 2 and grains 3, 4 are related by

mirror-reflection across the horizontal interfaces marked by dotted lines. The angle enclosed

by close-packed planes across these interfaces was measured to be 69.9° 0.8° between

grains 1 and 2, and 71.3° 0.8° between grains 3 and 4, both of which are consistent with the

angle for an fcc twin boundary (70.53°). By applying the same method to some other Bragg

peaks, we identified 3D grains in the top and bottom parts of the particle (Supplementary

Fig. 12). The surface morphology (facets) and the internal atomic structures (grains) suggest

that this is a distorted icosahedral multiply-twinned particle, typically found for nano-gold

in the size range above 10 nm27.

By combining the CM alignment technique and the EST reconstruction method with

an ADF-STEM, we have determined the 3D structure of a ~10 nm gold nanoparticle at 2.4

Å resolution from a tilt series of 69 projections with a missing wedge. Several 3D grains are

identified inside the nanoparticle at atomic scale resolution. While individual atoms are

visible in some regions of the nanoparticle, we cannot determine all the atomic positions

inside the particle. In order to identify all the atoms (estimated to be ~23800) without using

atomicity and bond information, a resolution higher than 2.4 Å is needed, which requires

future developments. With aberration-corrected STEM4,28,29, better 3D resolution and image

quality should be achievable, but extended depth-of-field techniques may have to be applied

to the tilt series before the EST reconstruction can be performed. Compared to atom-probe

tomography30, this non-destructive technique can not only handle isolated nanoparticles, but

also provide 3D local structure of complex nanomaterials at atomic scale resolution.
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Methods Summary

Gold nanoparticles with size of ~10 nm (Ted Pella) were supported on 5 nm thick Si

membranes (TEMwindows.com) which can withstand plasma cleaning for a longer period

than carbon substrates to alleviate carbon contamination. Tomographic tilt series with equal

slope increments were acquired from the gold nanoparticles by using an ADF-STEM (FEI

Titan 80-300). The tilt angles (θ) were determined by23,16
]/)22[(tan 1

NnNθ  for n =

1, … ,N and ]/)223[(tan2/ 1
NnNπθ  for n = N+1, …, 2N with N = 32 or 64 in this

experiment. The angles beyond 72.6° were not accessible due to the geometry of the

support grid. To monitor the radiation induced stability effect, several projections at the

same particle orientation were measured during the acquisition of each tilt series

(Supplementary Fig. 6). To improve the 3D reconstruction and enhance the signal to noise

ratio, the background of the projections was subtracted and 2 2 pixel binning was

performed for each projection. After post data analysis, the tilt series was aligned with the

CM method (Methods). The reconstruction of the aligned tilt series was conducted using the

EST method, which iterated back and forth between real and reciprocal space with

constraints enforced in real space and measured data in reciprocal space (Methods,

Supplementary Methods and Supplementary Fig. 2). To examine the reconstruction quality,

the reconstructed 3D structure was projected back to obtain 69 projections, which were

compared to the corresponding measured ones. An average Rreal (Supplementary Methods)

was calculated to be 6.7%, indicating a good quality reconstruction (Fig. 1, Supplementary

Tab. 1).
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Methods

Sample preparation. Gold nanoparticle solution with an average particle size of ~10 nm

(Ted Pella) was sonicated for ~10 minutes to prevent aggregation. The solution was then

dropcast onto 5 nm thick Si membranes (TEMwindows.com). The thin membrane with size

of 100 1500 m is supported on a 100 m thick Si frame, allowing for a tilt range of 83°.

To avoid breaking the membrane, a micromanipulator was used to place a small drop of

solution onto the outer frame of the Si grid. After gently moving the drop onto the

membrane, it was removed and not allowed to dry and leave excessive gold particles and

contaminants. The Si grids were cleaned pre-deposition in a Gatan Solarus plasma cleaner

(Model 950) for 20s using a standard H2/O2 recipe. To further ensure removal of

contaminant sources, the sample holder (Fischione Model 2020) was plasma cleaned for an

hour prior to data acquisition using the same recipe.

ADF-STEM. STEM images of gold nanoparticles were acquired on a FEI Titan 80-300

(energy: 300 keV, spherical aberration: 1.2 mm, illumination semi-angle: 7.98 mrad and

defocus: 48.6 nm).  The electron beam, at spot 8 with a 50 m C2 aperture, was focused to a

probe and rastered over the sample.  The scattered electrons were captured by a Fischione

Model 3000 ADF detector with angles between 10 and 50 mrad from the optical axis. ADF

angles were used to improve the signal to noise ratio with a low current electron beam. The

maximum tilt angles were limited by the holder to 75°.
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Low-exposure acquisition of tomographic tilt series. In order to reduce vibration and

drift during data acquisition, the sample holder was allowed to settle for one hour after

insertion into the microscope, and also for several minutes after moving to each new angle.

Tilt series were acquired by manually changing the angle with equal slope increments. The

tilt angles (θ) were determined by23,16
]/)22[(tan 1

NnNθ  for n = 1, … ,N and

]/)223[(tan2/ 1
NnNπθ  for n = N+1, …, 2N with N = 32 or 64 in this experiment. To

focus each projectional image during data acquisition, a nearby particle was used (rather

than the particle of interest) to reduce the radiation dose to the particle. By using this low-

exposure data acquisition scheme, we have obtained several tomographic tilt series.

Supplementary Fig. 5 shows the tilt series used in this reconstruction with 69 projections

and a tilt range of 72.6°. A representative sinogram of the tilt series is shown in

Supplementary Fig. 13. The probe current was ~70 pA with a dwell time of 45 s per pixel,

and the magnification of each projection was 5.2 M . Since the pixel size in STEM mode

can vary, a calibration image of the particle was taken in TEM mode, and the STEM pixel

size was determined to be 0.42 Å. The total electron dose of the tilt series was estimated to

be ~7.6 106 e/Å2. Supplementary Fig. 6 shows three 0° projections measured during the

acquisition of this tilt series. Although some minor shape changes occurred, the crystal

lattices of the particle remained reasonably consistent throughout the experiment.

Post data analysis. In order to apply the EST method, the background surrounding the

nanoparticle in each projection has to be subtracted. To systematically eliminate the

background, we first projected all the projections onto the tilt axis and obtained a set of 1D

curves. We then determined the optimal cut-off value for background subtraction in each

projection by maximizing the cross-correlation among these 1D curves. After background
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subtraction, we binned 2 2 pixels into 1 pixel, which was used to enhance the signal to

noise ratio in the projections and improve the EST reconstruction. The background

subtracted and binned projections with pixel size of 0.84 Å were aligned using the CM

approach and reconstructed with the EST method.

The CM alignment method. To achieve an atomic scale resolution reconstruction, the

projections in a tilt series have to be aligned to a common axis (not necessarily the true tilt

axis) with atomic scale precision in both the X- and Y-axes where the Y-axis represents the

tilt axis and Z-axis the beam direction. To align the tilt series along the Y-axis, the

projections were first projected onto the Y-axis and a set of 1D curves was generated. We

then chose a 1D curve at 0° as a reference, and aligned the remaining curves to the

reference. To align the projections along the X-axis, we developed a method based on the

center of mass (CM). When a 3D object is tilted around the Y-axis from 0° to 360°, the CM

of the object forms a circle. However, in the special geometry where the CM coincides with

the origin of the X-axis, this circle becomes a point. To determine the CM in this special

geometry, we projected each 2D projection onto the X-axis and calculated the CM along the

X-axis,
i

i

i

iiCM xxxx )()( ρρ , where )( ixρ  the Coulomb potential at position ix . By

varying ix , we calculated a sequence of
CMx . The position of jx , corresponding to 0CMx

or closest to 0, was the origin of the X-axis in this special geometry. We shifted this

projection to set jx  as the origin. Through repeating this process for all projections, we

aligned the tilt series to the common axis. Both our simulation and experimental results

indicate that the CM alignment is a general method and can align the projections of a tilt

series at atomic scale accuracy, even with reasonably high noise and non-linear effects (Fig.

1, Supplementary Figs. 4, 8 and Tab. 1).
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The EST method. When the projections of a tilt series are acquired with equal slope

increments, it has been shown that a direct fast Fourier transform, the pseudopolar fast

Fourier transform (PPFFT)31, exists between a pseudopolar grid and a Cartesian grid.

Supplementary Fig. 1 shows a pseudopolar grid and the PPFFT. For an N × N Cartesian grid,

the corresponding pseudopolar grid is defined by a set of 2N lines, each line consisting of

2N grid points mapped out on N concentric squares. The 2N lines are subdivided into a

horizontal group (in blue) defined by y = sx, where s is the slope and |s|  1, and a vertical

group (in red) defined by x = sy, where |s|  1; the horizontal and vertical groups are

symmetric under the interchange of x and y, and ∆s = 2/N. When these conditions are met,

the PPFFT and its inverse algorithm are mathematically faithful31. Note that the PPFFT and

its inverse algorithm were originally developed to interpolate tomographic projections from

a polar to a Cartesian grid in reciprocal space. The idea of acquiring tomographic tilt-series

at equal slope increments and then combining the PPFFT with iterative algorithms for 3D

image reconstructions was first suggested in 2005 23.

Compared to other data acquisition approaches such as the Saxton scheme32, the

EST data acquisition approach is different in that it acquires projections with equal slope

increments in order to use the PPFFT. Although the PPFFT and its inverse provide an

algebraically faithful way to do fast Fourier transform between the Cartesian and

pseudopolar grids, three difficulties limit its direct application to electron tomography. First,

the tilt range has to be from -90  to +90 . Second, the number of projections in a tilt series

needs to be 2N for an N  N object. Third, the grid points past the resolution circle (dashed

circle in Supplementary Fig. 1) cannot be experimentally determined. We overcame these

limitations by combining the PPFFT with an iterative process23,16,18-20. Supplementary Fig. 2
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shows the schematic layout of the iterative EST method. We first convert the electron

micrograph projections to Fourier slices in the pseudopolar grid. As illustrated in

Supplementary Fig. 1, the distance between the sampling points on the individual 2N lines

of the pseudopolar grid varies from line to line. In order to calculate the Fourier slices from

the projections, the fractional Fourier transform (FrFT) is used to vary the output sampling

distance of the Fourier slices33. By applying the inverse PPFFT, we obtain a 3D image in

real space. A 3D support is defined to separate the object from a zero region where the size

of the zero region is proportional to the oversampling of the projections34. The negative-

valued voxels inside the support and the voxel values outside the support are set to zero, and

a new 3D image is obtained. The forward PPFFT is applied to the new image and a set of

calculated Fourier slices is obtained. We then replace the corresponding calculated Fourier

slices with the measured ones, and the remaining slices are kept unchanged. The iterative

process is then repeated with each iteration monitored by an Rrecip (Supplementary Methods).

The algorithm is terminated after reaching a maximum number of iterations. A more

detailed description of the EST method is presented in Supplementary Methods. Compared

to phase retrieval in coherent X-ray/electron diffraction imaging20,35-37, the EST method

aims for solving the missing data by combining an iteration process with the PPFFT

algorithm.

Identification of major 3D grains at atomic scale resolution. The following procedures

were used to determine the major 3D grains inside the gold nanoparticle. (i) Apply the 3D

Fourier transform to the reconstructed nanoparticle and identify the Bragg peaks

corresponding to a major grain. (ii) Use small spheres with soft edges to select these Bragg

peaks and set other values to zero. (iii) Apply the 3D inverse Fourier transform to the
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selected Bragg peaks and obtain a 3D image. (iv) Convolve the 3D image with a Gaussian

filter and choose a cut-off value to determine the 3D shape of the grain. (v) Use the 3D

shape to identify the corresponding 3D grain in the reconstructed nanoparticle. (vi) Repeat

steps (i-v) to determine other major grains.

31. Averbuch, A., Coifman, R. R., Donoho, D. L., Israeli, M. & Shkolnisky, Y. A

framework for discrete integral transformations I—the pseudopolar Fourier

Transform. SIAM J. Sci. Comput. 30, 785–803 (2008).

32. Saxton, W. O., Baumeister, W. & Hahn, M. Three-dimensional reconstruction of

imperfect two-dimensional crystals. Ultramicroscopy 13, 57-70 (1984).

33. Bailey, D. H. & Swarztrauber, P. N. The fractional Fourier transform and

applications. SIAM Rev. 33, 389–404 (1991).

34. Miao, J., Sayre, D. & Chapman, H. N. Phase retrieval from the magnitude of the

Fourier transform of non-periodic objects. J. Opt. Soc. Am. A. 15, 1662-1669 (1998).

35. Miao, J., Charalambous, P,  Kirz, J. & Sayre, D. Extending the methodology of X-

ray crystallography to allow imaging of micrometre-sized non-crystalline

specimens. Nature 400, 342-344 (1999).

36. Miao, J., Ohsuna, T., Terasaki, O., Hodgson, K. O. & O’Keefe, M. A. Atomic

resolution three-dimensional electron diffraction microscopy. Phys. Rev. Lett. 89,

155502 (2002).

37. Zuo, J. M., Vartanyants, I., Gao, M., Zhang, R. & Nagahara, L. A. Atomic

resolution imaging of a carbon nanotube from diffraction intensities. Science 300,

1419-1421 (2003).



32

Figure 1. Representative measured (a) and calculated (c) projections and their Fourier

transforms (b,d) at 7.1°, where insets show the projected atomic positions inside the blue

square. The overall shape of the nanoparticle and the location of the Bragg peaks agree

well, indicating a good quality 3D reconstruction.
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Figure 2. 3D resolution estimation of the reconstruction. a and b, A 3.36 Å thick central

slice in the XY plane and its Fourier transform, indicating 2.4 Å resolution was achieved

along the X- and Y-axes. c and d, A 3.36 Å thick slice in the ZY plane and its Fourier

transform where the horizontal axis is along the Z-axis (beam direction). The resolution in

the Z-axis was estimated to be 2.4 Å. Individual atoms are visible in some regions of the

slices, but not all atoms can be identified in the slices.
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Figure 3. 3D structure of the reconstructed gold nanoparticle. a and b, 3D volume

renderings of the nanoparticle and their Fourier transforms (insets) at the 2- and 3-fold

symmetry orientations. c and d, Iso-surface renderings of the nanoparticle at the 2- and 3-

fold symmetry orientations, compared to a model icosahedron at the same orientation

(insets).
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Figure 4. Identification of four major 3D grains inside the gold nanoparticle at atomic scale

resolution. Grains 1, 2 and grains 3, 4 are related by mirror-reflection across the horizontal

interfaces marked by dotted lines. The angle enclosed by close-packed planes across these

interfaces was measured to be 69.9° 0.8° between grains 1 and 2, and 71.3° 0.8° between

grains 3 and 4, both of which are consistent with the angle for an fcc twin boundary

(70.53°).
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Supplementary Information

Supplementary Methods

Mathematical implementation of the EST method. Before the iterative algorithm begins,

EST requires that the projectional data be mapped onto the pseudopolar grid in reciprocal

space. The EST method therefore begins with padding each projection with zeros (i.e.,

embedding the experimental projection into a larger array of zeros) and calculating its

oversampled Fourier slice on a pseudopolar grid (blue planes in Supplementary Fig.2 )

using the fractional Fourier transform (FrFT)34. The FrFT varies the output sampling

distance of the Fourier transform and is defined in the 1D case by

1

)exp()()(
N

Nx N

kxi
xfkF

πα
α                                                 (1)

Eq. (1) is equivalent to the standard 1D FFT but with an extra factor of α in the exponent.

By choosing an appropriate value for α , the projection data can be mapped on to the grid

points of any line on the pseudopolar grid. The oversampling concept (i.e. sampling the

Fourier slice at a frequency finer than the Nyquist interval)34 has been widely used to

solve the phase problem  in coherent diffraction  imaging20,35-37. In the EST

method, oversampling does not provide extra information about the object, but allows the

use of iterative algorithms to extract the correlated information within the projections.

In the first iteration, the grid points outside the resolution circle (dashed line in

Supplementary Fig. 1 left) and on the missing projections are set to zero. We also note that

the reconstruction can sometimes be improved by supplying each missing projection with

the average of its two neighboring projections as an initial input. Once this

preprocessing step has occurred, the algorithm iterates back and forth between real and
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Fourier space, shown in Supplementary Fig. 2. The jth iteration consists of the following 5

steps:

i)  Apply the inverse PPFFT to the Fourier-space slices )(kF j , and obtain a real-space

image, )(rf j . Our recent work has shown that the inverse PPFFT can be replaced by

the adjoint PPFFT, allowing for faster convergence without compromising the

accuracy19.

ii)  A support (S) is determined based on the oversampling of the projections35. Outside the

support, )(rf j  is set to zero and inside the support, the negative values of )(rf j  are set

to zero. A new image, )(' rf j , is obtained,

0)()(

0)(0
)('

rfandSrifrf

rforSrif
rf

jj

j

j                        (2)

iii)  Apply the PPFFT to )(' rf j  and obtain new Fourier slices, )(' kF j .

iv)  Calculate the Fourier slices for the (j+1)th iteration,

)(anglesprojectionmeasuredfor the)(

)(anglesprojectionmissingfor the)('
)(1

θ

φ
θ

φ

kF

kF
kF

m

j
j         (3)

where )(' kF j

φ  and )(' kF m

θ  represent the missing and measured Fourier slices, and

θφ  forms a complete set of angles for the pseudopolar grid.

v)  An recipR  is calculated,

)(

)(')(

kF

kFkF
R

m

jm

recip θ

θθ

                                                (4)

where )(kFm

θ  and )(' kF j

θ  represent the measured and jth calculated Fourier slices.

In our reconstructions, the algorithm is terminated after reaching a maximum number
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of iterations. To quantify the method, we project back the final 3D reconstruction to

calculate a series of projections, which are quantified by an realR ,

),(

),(),(

yxf

yxfyxf
R

i

m

i

m

i

c

real                                              (5)

where ),( yxf
i

c  and ),( yxf
i

m  represent the calculated and measured projections in real

space at tilt angle i .
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Supplementary figures

Supplementary Fig. 1 Graphical relationship between the pseudopolar and Cartesian

grids. For an N × N Cartesian grid, the corresponding pseudopolar grid is defined by a set

of 2N lines, each line consisting of 2N grid points mapped out on N concentric squares

(left) where N = 8 in this case. The 2N lines are subdivided into a horizontal group (in

blue) defined by y = sx, where |s| ≤ 1, and a vertical group (in red) defined by x = sy,

where |s| ≤ 1; the horizontal and vertical groups are symmetric under the interchange of x

and y, and ∆ s=2/N
31.The dashed circle on the pseudopolar grid represents the resolution

circle. The grid points outside of the resolution circle cannot be obtained by applying the

Fourier transform of the experimental projections23.
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Supplementary Fig. 2 Schematic layout of the iterative EST method. The measured

projections are first converted to Fourier slices by the fractional Fourier transform

(FrFT)33. The algorithm iterates back and forth between real and reciprocal space

using the PPFFT and its inversion (Supplementary Fig. 1). In real space, the negative-

valued voxels inside the support and the voxel values outside the support are set to zero

(i.e. constraints are applied). In reciprocal space, the corresponding calculated slices are

updated with the measured ones (in blue) and the remaining slices (in green) are

unchanged. The algorithm is terminated after reaching a maximum number of

iterations23,16,18-20.
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Supplementary Fig. 3 Multislice calculations for a ~5 nm simulated Au nanoparticle

with ideal icosahedral symmetry and a total of 3871 atoms. a, A 0° projection of the

Coulomb potential. b, The 0° projection calculated by multislice STEM simulations

(energy: 300 keV, spherical aberration: 1.2 mm, illumination semi-angle: 7.98 mrad,

defocus: 48.6 nm, detector inner and outer angles: 13 and 78 mrad, pixel size: 0.37 Å).

The particle was rotated by 1° each around the horizontal (X) and tilt (Y) axes to avoid

the zone axis orientations and reduce the non-linear effects. The resolution in (b) was

limited by the probe size (~1.5 Å), and the  increase of atom size in the multislice

projection was caused by diffraction and dynamical scattering effects in the nanoparticle.



42

Supplementary Figure 4. EST reconstructions of the simulated Au nanoparticle (~5 nm)

from a tilt series calculated by multislice STEM simulations (energy: 300 keV, spherical

aberration: 1.2 mm, illumination semi-angle: 7.98 mrad, defocus: 48.6 nm, detector inner

and outer angles: 13 and 78 mrad, pixel size: 0.5 Å). To avoid the zone axis orientations

and reduce the non-linear effects, the nanoparticle was rotated by 1° each around the

horizontal (X) and tilt (Y) axes. The tilt series consists of 55 projections with a tilt range

of ±72.6° and equal slope increments. To simulate experimental conditions, the tilt angles
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were continuously shifting from 0° to 0.5° over the process of the tilt series and the

magnification of the images was continuously changing from 0 to 0.2%. The total dose of

the tilt series is 6.1×106 e/Å2 and Poisson noise was added to each projection. a, c and e,

Three 2.5 Å thick central slice of the potential of the simulated nanoparticle in the XY,

XZ and YZ planes, where the Z-axis is the electron beam direction. b, d and f, The

corresponding 2.5 Å thick slices in the XY, XZ and YZ planes reconstructed from 55

multislice STEM projections. Although the missing wedge problem was not completele

solved (the top and bottom parts in (f)) and the size of the reconstructed atoms was

increased due to the non-linear and diffraction effects, the overall atomic positions and

grain boundaries in the 3D reconstruction are consistent with the model.
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Supplementary Figure 5. Experimental tilt series of 69 projections and their Fourier

transforms, acquired from a ~10 nm gold nanoparticle with the tilt axis along the vertical

axis. Crystal lattices of the nanoparticle are visible in at least 58 projections. The

projections were acquired on an FEI Titan 80-300. The 300 keV electron beam, at spot 8

with a 50 µm C2 aperture, was focused to a probe with a probe current of ~70 pA, and

rastered over the nanoparticle with a dwell time of 45 µs per pixel. The scattered

electrons were captured by a Fischione Model 3000 ADF detector with angles between

10 and 50 mrad from the optical axis. The electron dose of this tilt series was estimated to

be ~7.6×106 e/Å2. Among all the 69 projections, the one at 7.1° is closest to a zone-axis

orientation (about 17 mrad away from the 2-fold zone axis).
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Supplementary Figure 6. Three 0° projections (a,c,e) and their Fourier transforms

(b,d,f) measured during the acquisition of the tilt series (Supplementary Fig. 5) to

monitor the effects of radiation damage. Although minor shape changes occurred, the

overall crystal lattice structure of the gold nanoparticle remained reasonably consistent

throughout the experiment. The minor shape change may contribute to a small degree of

uncertainty in the overall shape of the reconstructed nanoparticle.
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Supplementary Fig. 7. Multislice calculations for a ~10 nm simulated gold nanoparticle

with ideal icosahedral symmetry and a total of 21127 atoms. a, A 11.5 Å thick portion of

the projected Coulomb potential at 0°. b, The 11.5 Å thick portion of the 0° projection

calculated by multislice STEM simulations (energy: 300 keV, spherical aberration: 1.2

mm, illumination semi-angle: 7.98 mrad, defocus: 48.6 nm, detector inner and outer

angles: 13 and 78 mrad, pixel size: 0.37 Å). The particle was rotated by 1° each around

the horizontal (X) and tilt (Y) axes to avoid the zone axis orientations and reduce the non-

linear effects. The resolution in (b) was limited by the probe size (~1.5 Å), and the

increase of the atom size was caused by diffraction and dynamical scattering effects in

the nanoparticle. As a proof of principle, we simulated only a 11.5 Å thick portion of the

0° projection because calculating a full multislice STEM projection for a 10 nm gold

particle would take enormous computational power.
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Supplementary Fig. 8. EST reconstruction of the ~10 nm simulated gold nanoparticle

from a tilt series calculated by multislice STEM simulations (energy: 300 keV, spherical

aberration: 1.2 mm, illumination semi-angle: 7.98 mrad, defocus: 48.6 nm, detector inner

and outer angles: 13 and 78 mrad, pixel size: 0.5 Å). The tilt series consists of 69

projections with a tilt range of ±72.6° and equal slope increments. To avoid the zone axis

orientations and reduce the non-linear effects, the nanoparticle was rotated by 1° each

around the horizontal (X) and tilt (Y) axes. To simulate experimental conditions, the tilt

angles were continuously shifting from 0° to 0.5° over the process of the tilt series and

the magnification of the images was continuously changing from 0 to 0.2%. The total

dose of the tilt series is 7.6×106 e/Å2 and Poisson noise was added to each projection. a,

A 2.5 Å thick central slice of the Coulomb potential in the XZ plane, where the Z-axis is

the beam direction. b, The 2.5 Å thick slice in the XZ plane reconstructed from 69

multislice STEM projections. The atomic positions and the internal grain boundaries are

reasonably well resolved except in very few places (including the origin) which are

mainly caused the non-linear effects in the projections. As a proof of principle, we only
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used a 2.5 Å thick slice to illustrate the EST reconstruction. Calculating a full tilt series

for the ~10 nm gold nanoparticle by multislice STEM simulations would take enormous

computational power.



51

Supplementary Figure 9. Measured (a) and calculated (b) projections at -26.6° for the

~10 nm gold nanoparticle. The calculated projection was obtained from the 3D

reconstruction of 69 projections. The zoomed images indicate that, while there are some

minor differences between the two projections, the overall shape and lattice structure

agree well.
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Supplementary Figure 10. Measured (a) and calculated (c) projections and their Fourier

transforms (b,d) at 7.1°, where the calculated projection (b) was obtained from a 3D

reconstruction without using the measured projection (a). While the contrast of the lattice

fringes and the Bragg peak intensity are different between (a), (b) and (c), (d), the overall

shape and the lattice structure are in reasonably good agreement. In the reconstruction,

the average of two neighboring projections at 3.6° and 8.9° was input as an initial guess

for the projection at 7.1°, but was not used as a constraint in each iteration.
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Supplementary Figure 11. a and b, A 3.36 Å slice in the X′Y plane and its Fourier

transform, obtained from the experimentally reconstructed Au nanoparticle. c and d, A

3.36 Å slice in the Z′Y plane and its Fourier transform. The inset shows the direction of

the X, Y, Z and X′, and Z′ axes, and the angle between planes ZY and Z′Y is 60°. The

slices shown in Fig. 2a and c are in the XY and ZY planes, respectively. The crystal

lattice structure is visible in the top and bottom areas in (a) and the top-right area in (c),

but is not present in Figs. 2a and c.
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Supplementary Figure 12. 3D grains were identified at the atomic scale resolution in the

top and bottom parts of the particle that is oriented at the 3-fold symmetry direction,

whereas the particle in Fig. 4 is in the 2-fold symmetry orientation.
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Supplementary Figure 13. A representative sinogram for the experimental tilt series of

69 projections acquired from the ~10 nm gold nanoparticle. The X-axis represents the

pixel location with pixel size of 0.84 Å, and the Y-axis corresponds to the tilt angles of

the projections. Unlike conventional tomography, the angular increments in EST are not

constant. Thus the angles along the Y-axis are not equally distributed. The sudden

horizontal intensity jumps are due to the lattice structure in the projections, and the rough

edge is likely due to the background and noise in the projections.
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Supplementary Tables

Angles (°) 72.6 71.0 69.4 66.4 63.4 62.0 60.6
Rreal (%) 7.1 6.2 6.4 10.8 10.2 5.9 6.2

Angles (°) 58.0 55.5 54.3 53.1 50.9 48.8 46.8
Rreal (%) 5.8 6.0 6.5 6.1 6.5 6.8 11.6

Angles (°) 45.0 43.2 41.2 39.1 36.9 35.7 34.5
Rreal (%) 14.0 11.4 8.0 5.8 6.1 6.9 6.4

Angles (°) 32.0 29.4 28.0 26.6 23.6 20.6 19.0
Rreal (%) 7.3 6.5 6.8 6.6 5.7 7.6 5.9

Angles (°) 17.4 14.0 10.6 8.9 7.1 3.6 0
Rreal (%) 5.6 5.0 7.4 7.7 10.5 5.7 5.3

Angles (°) -3.6 -7.1 -8.9 -10.6 -14.0 -17.4 -19.0
Rreal (%) 5.8 5.7 6.9 5.1 5.5 5.3 6.9

Angles (°) -20.6 -23.6 -26.6 -28.0 -29.4 -32.0 -34.5
Rreal (%) 5.4 6.1 6.9 8.6 5.6 5.0 4.8

Angles (°) -36.9 -39.1 -41.2 -43.2 -45.0 -46.8 -47.8
Rreal (%) 4.7 4.9 5.9 6.1 5.6 6.5 6.0

Angles (°) -48.8 -50.9 -53.1 -54.3 -55.5 -58.0 -60.6
Rreal (%) 7.4 6.7 5.9 6.5 6.0 6.6 7.2

Angles (°) -62.0 -63.4 -66.4 -69.4 -71.0 -72.6 Average
Rreal (%) 6.9 7.8 5.6 6.6 5.5 6.6 6.7

Supplementary Table 1. To examine the reconstruction quality, we projected back the

reconstructed 3D structure at the same experimental tilt angles to calculate 69 projections.

An realR  (Supplementary Methods) was calculated for each tilt angle. The average realR  for

all tilt angles is 6.7%.
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Dislocations and their interactions strongly influence many of the properties of

materials, ranging from the strength of metals and alloys to the efficiency of light-

emitting diodes and laser diodes1-4. Presently there are several experimental methods

to visualize dislocations. Transmission electron microscopy (TEM) has long been used

to image dislocations in materials5-9, and high resolution electron microscopy can

reveal dislocation core structures with increasing detail10, particularly in annular dark

field (ADF)11. A TEM image, however, represents a 2D projection of a 3D object,

although stereo TEM provides limited information about 3D dislocations4. X-ray

topography can observe dislocations in three dimensions but with a reduced

resolution12. Using weak-beam dark-field13 and scanning transmission electron

microscopy (STEM)14, electron tomography has been used to image 3D dislocations at

a resolution of ~5 nm15,16. Atom probe tomography can offer higher resolution 3D

characterization of dislocations, but requires needle-shaped specimens and can detect

only ~60% of the atoms in the sample17. A 3D technique for locating all the atoms in a

dislocation has not previously been demonstrated. Here we report 3D imaging of

dislocations in materials at atomic resolution with electron tomography. By identifying

3D Bragg peaks in a tomographic reconstruction, we observe nearly all the atoms in a

polycrystalline Pt nanoparticle. We find the existence of atomic steps at 3D twin

boundaries of the Pt nanoparticle. We have also imaged the 3D core structure of edge

and screw dislocations in the nanoparticle at atomic resolution. These dislocations and

the atomic steps at the twin boundaries are hidden in conventional 2D projections, and

appear to be a significant stress-relief mechanism. The ability to image 3D disordered

structures such as dislocations at atomic resolution is expected to find application in

materials sciences, nanoscience, solid state physics and chemistry.
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Crystallography is currently the primary methodology to determine the 3D atomic

structure of crystals where atomic positions are located by averaging a large number of unit

cells. As a complementary to crystallography, electron tomography is an ideal technique to

image the 3D local structure of materials at high resolution15,16,18-20. In a combination of

ADF-STEM with the center of mass (CM) and equally sloped tomography (EST) methods,

electron tomography has recently achieved a highest resolution of 2.4 Å20. However, due to

dynamical scattering effects21, the missing wedge problem16,18,20 and Poisson noise in the

tilt series, noise exists among the Bragg peaks in the 3D Fourier transform of the EST

reconstruction. As a result, while lattice structure and some individual atoms are visible in

the reconstruction20, electron tomography has not been able to reveal 3D dislocations in

materials at atomic resolution. Here we overcome this obstacle by combining 3D Bragg

peak filtering with high angle annular dark field (HAADF)-STEM tomography, and achieve

3D imaging of dislocations in a nanoparticle at atomic resolution.

Pt nanoparticles were synthesized with selectively exposed crystal surfaces and

particular shapes (Methods)22. To make the nanoparticles more stable under an electron

beam, a thin layer of carbon (~1-2 nm) was deposited on the nanoparticles (Methods).

Using HAADF-STEM14, we acquired a tilt series of projections from a Pt nanoparticle

(Methods). Supplementary Figs. 1 and 2 shows the tilt series of 104 projections with equal

sloped increments and a tilt range of 72.6°. To monitor beam induced changes to the Pt

nanoparticle, three 0° projections were measured during the acquisition of the tilt series

(Supplementary Fig. 3). The consistency of these projections indicates that the lattice

structure of the nanoparticle was stable throughout the experiment.

After background subtraction and CM alignment (Methods), the tilt series was

reconstructed by the EST method20,23-26 (Methods). Figs. 1a and c show the 3D Fourier

transform of the reconstruction and a 2.6 Å thick central slice in the XY plane, where the
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electron beam is along the Z-axis. However, due to the low signal to noise ratio (SNR) in

the EST reconstruction (Fig. 1c) and noise among the Bragg peaks (Fig. 1a), 3D

dislocations within the nanoparticle cannot be identified at atomic resolution. To enhance

the SNR of the reconstruction, we developed a 3D Bragg peak filtering method to identify

all the measurable 3D Bragg peaks and their distributions (Methods). Fig. 1b shows the 3D

Fourier transform of the reconstruction after 3D Bragg peak filtering, in which the red and

black dots represent the {111} and {200} peaks of the Pt nanoparticle, respectively. By

applying an inverse Fourier transform to the identified 3D Bragg peaks and multiplying it

by the 3D boundary of the Pt nanoparticle determined from the EST reconstruction, we

obtained the 3D structure of the nanoparticle with a size of ~11.2 10.7 7.1nm nm3.

Supplementary Movie 1 and Fig. 1d show 3D volume renderings and a 2.6 Å thick central

slice in the XY plane of the Pt nanoparticle, in which nearly all the atoms are visible.

To verify the 3D Bragg peak filtering method, we performed a comparison with a

3D Wiener filter using the same experimental data. The Wiener filter is well established for

reducing the amount of noise present in a signal and is applied to TEM images27.

Supplementary Figs. 5b-d show the 2.6 Å thick central slice in the XY plane of the

reconstruction after applying a 3D Wiener filter S2/(S2+ n2) where S is an estimate of the

signal, n the noise with  = 1, 2 and 3. Supplementary Figs. 5f-j show zoomed views of four

regions for the raw reconstruction, and the reconstructions with the 3D Wiener filter (  = 1,

2 and 3) and the 3D Bragg peak filter. While the result with the  = 1 Wiener filter is nosier,

the atomic positions in the reconstructions using the  = 2 and 3 Wiener filter and the 3D

Bragg peak filter are consistent.

To further examine the 3D Bragg peak filtering method, we performed numerical

simulations on a 7.3×7.0×4.5 nm3 decahedral Pt nanoparticle with multislice calculations.
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The Pt particle consists of a total of 4015 atoms with edge and screw dislocations

(Supplementary Figs. 6a-c, 7a and b). A tilt series of 63 projections with a tilt range of

72.6° and equal slope increments was calculated by multislice STEM simulations

(Supplementary Fig. 8). Two levels of Poisson noise were added to the projections of the

tilt series with a total electron dose of 2.52×105 e/Å2 and 5.67×104 e/Å2, corresponding to

Rnoise (Methods) of 10% and 20%, respectively. The two tilt series were aligned and

reconstructed by the CM and EST methods20,23-26 (Methods, Supplementary Figs. 6d-f and

j-l). Due to the low SNR in the reconstructions, not all the atoms or dislocations are visible

in the raw 3D reconstructions, especially with Rnoise = 20% (Supplementary Figs. 6j-l).

After applying a 3D Bragg peak filter to the raw reconstructions (Methods), we obtained the

3D structure of the simulated Pt nanoparticle with all the atoms resolved (Supplementary

Figs. 6g-i and m-o). Furthermore, 3D grain boundaries, as well as edge and screw

dislocation core structures were determined at atomic resolution and are consistent with

those in the model (Supplementary Figs. 6g-i, 6m-o and 7c-f).

After verifying 3D Bragg peak filtering with a 3D Wiener filter and multislice

simulation data, we analyzed 3D dislocations of the Pt nanoparticle obtained from the

experimental tilt series. Fig. 2 shows grain boundary comparisons between a 2D

experimental projection and 2.6 Å thick internal slices of the reconstructed particle. The

experimental projection in the XY plane suggests that this is a decahedral multiply-twinned

nanoparticle28 and twin boundaries are flat (Fig. 2a and Supplementary Fig. 9). However, a

2.6 Å thick internal slice in the XY plane and a zoomed view indicate the existence of

atomic steps at the twin boundaries (Figs. 2b and 2c) that are hidden in the projection (Fig.

2a). Figs. 2d and 2e show zoomed views of a twin boundary in a 2.6 Å thick slice above

and below the slice of Fig. 2b, revealing that the atomic steps vary in consecutive atomic

layers. These atomic steps are also independently verified by applying 3D Wiener filtering
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to the same experimental data (Supplementary Fig. 10). In addition, subgrain boundaries in

the 2.6 Å thick internal slice (Fig. 2b) are widened by two lattice spacings relative to those

in the projection (Fig. 2a). Fig. 2f shows a zoomed view of a stacking fault in the 2.6 Å

thick internal slice ending at a twin boundary, which is in good agreement with the classical

model for an extrinsic stacking fault1 (inset in Fig. 2f).

Besides twin boundaries, subgrain boundaries and stacking faults, we also observed

the 3D core structure of edge and screw dislocations at atomic resolution in the Pt

nanoparticle. Figs. 3a and b show a 7.9 Å thick internal slice of the nanoparticle and a

zoomed view of an edge dislocation, where red dots label the position of atoms. By

computationally ‘sectioning’ through the 7.9 Å thick slice, we obtained three consecutive

atomic layers each with 2.6 Å thick (Figs. 3c-e). The three consecutive atomic layers

indicate the dislocation line is in the 110  direction, and the Burgers vector of the edge

dislocation was determined to be 101
2
1

 (Fig. 3c). To visualize a screw dislocation, a 5.3 Å

thick slice (two atomic layers) in the 111  plane was selected (Supplementary Fig. 11b)

and then tilted to the 011  direction (Fig. 4a). Fig. 4b shows a zoomed view of the slice

where the zigzag pattern, a characteristic feature of a screw dislocation, is visible. To better

visualize the screw dislocation, we display surface renderings of the zoomed region (Fig.

4c) where the atoms in green are on the top layer and those in red in the bottom layer. The

zigzag pattern is more clearly visualized in the surface renderings, in which the green line

connects the atoms on the top layer and the red line for the atoms in the bottom layer. The

Burgers vector of the screw dislocation was determined to be 101
2
1

, and the width of the

screw dislocation was estimated to be ~8.9 Å which is consistent with the high resolution

TEM results for Au and Ir29. Careful analysis of the position of the screw dislocation inside
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the Pt nanoparticle suggests that the screw dislocation is associated with atomic steps at a

twin boundary (Supplementary Fig. 11)

While it is often thought that nanoparticles cannot support dislocations, this is not

the case for multiply-twinned particles such as the decahedral one imaged here. These

contain a ~2% angular strain, a disclination and at larger sizes this can in principle be

relieved by dislocations28. A recent analysis implied that about 1/3 of this strain is

accommodated at the twin boundaries30, but as a 2D projection method was not able to

explain this further. Our results strongly suggest that the twin boundaries are not flat, and

dislocations associated with atomic steps at the boundaries account for the strain relaxation

(Supplementary Fig. 11).

In conclusion, by combining a 3D Bragg peak filtering method with an EST

reconstruction, we determined the 3D structure of a polycrystalline Pt nanoparticle at

atomic resolution. We observed the existence of atomic steps along twin boundaries in three

dimensions that are hidden in the projections of the Pt nanoparticle. We also imaged the 3D

core structure of edge and screw dislocations in the nanoparticle at atomic resolution. The

significance of this work is twofold. First, 3D atomic resolution imaging of dislocations

allows us to observe new structural information that is not visible in conventional 2D

projections, which is expected to advances our fundamental understanding of dislocations

in materials. Second, while discrete tomography, through the use of a priori information,

has been applied to reconstruct 3D surface morphology of a small crystalline nanoparticle at

atomic resolution31, EST based electron tomography in combination with 3D Bragg peak

filtering represents a general method for 3D atomic resolution imaging of the local structure

in nanomaterials. Furthermore, although nanoparticles are used in this study, this method

can, in principle, be applied to 3D imaging of thin materials at high resolution whereas the

thickness of the materials is only limited by dynamical electron scattering.
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Methods Summary

Pt nanoparticles were synthesized by using facet-specific peptide sequences22 and supported

on 5 nm thick silicon nitride membranes. To stabilize the nanoparticles under a STEM

beam, a thin layer of carbon was deposited on the Pt nanoparticles and the electron energy

was kept below the knock-on radiation damage threshold of Pt. Using HAADF-STEM

(energy: 200 keV; spherical aberration: 1.2 mm; illumination semi-angle: 10.7 mrad;

detector inner and outer angles: 35.2 and 212.3 mrad), a tilt series of 104 projections was

acquired from a Pt nanoparticle with equal sloped increments20 and a tilt range of 72.6°.

To monitor beam induced changes to the nanoparticle, three 0° projections were measured

during the acquisition of the tilt series, indicating the Pt nanoparticle was stable throughout

the experiment. After performing background subtraction and CM alignment for the tilt

series, a 3D reconstruction of the nanoparticle was obtained by using the EST method20,23-

26. However, 3D dislocations of the nanoparticle cannot be identified in the raw 3D

reconstruction at atomic resolution. To enhance the SNR in the reconstruction, we

developed a 3D Bragg peak filtering method to identify all the measurable 3D Bragg peaks.

The 3D Fourier transform of the EST reconstruction consists of {111} and {200} Bragg

peaks. We first determined a 2-shell volume with all the measurable Bragg peaks and set

other voxels to zero. We then chose the highest intensity {111} Bragg peak as a reference

peak. After optimizing the threshold based on the reference peak (Supplementary Fig. 4),

we obtained a 3D mask to retain the 3D intensity and shape distribution of Bragg peaks and

reduce noise among the peaks (Fig. 1b). After applying the inverse Fourier transform to the

identified 3D Bragg peaks, the 3D structure of the Pt nanoparticle was obtained in which

nearly all the atoms are visible.
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Methods

Definition of Rnoise. An R-factor was used to defined the level of Poisson noise in each

multislice simulation tilt series,

yx

simulated

yx

simulatednoise

noise
yxP

yxPyxP
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),(),(
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θθ

θ (1)

where ),( yxPsimulated

θ  is the projection calculated from multislice STEM simulations at angle

θ, and ),( yxPnoise

θ  is the same projection with Poisson noise added. After computing θ
noiseR

for each projection, we calculated noiseR  by averaging θ
noiseR  for all the projections.

Synthesis of Pt nanoparticles. The Pt nanoparticles were synthesized by peptides in

aqueous solution at room temperature as reported previously22. All regents were dissolved

in water before using. A pre-prepared vial containing precursor (chloroplatinic acid hydrate

(H2Pt(IV)Cl6.xH2O, 1 mM) and S7 peptide (Ser-Ser-Phe-Pro- Gln-Pro-Asn) solution (30 mg/

ml) were mixed with ascorbic acid (2 mM) immediately before injection of fresh NaBH4

(0.8 mM) where NaBH4 and ascorbic acid were used as reducing agents. The final volume

of the reaction solution was 5 ml, and the reaction normally required more than 30 minutes.

Sample preparation. Pt nanoparticles were deposited on a 5-nm-thick silicon nitride

membrane. The membrane, with a size of 100 μ m × 1500 μ m, is supported on a 100 μ m

thick silicon frame (TEMwindows.com). To dissipate charge efficiently and make the

nanoparticles more stable under an electron beam, a premium high-temperature ultrathin

carbon coating (TEMwindows.com) was applied to the nanoparticles based on the
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following procedure. The silicon nitride membrane grid was first placed into a vacuum

chamber with the temperature ramping up from 300°C to 700°C at a rate of 10°C/s. The

carbon was coated during a 5 minute soak at 700°C. The chamber then naturally cooled to

450°C over the next 5 minutes before the grid being removed. The silicon nitride membrane

grid was finally loaded on a tomographic sample holder (Fischione Model 2020) for data

acquisition.

Acquisition of tomographic tilt series using HAADF-STEM. STEM images of the Pt

nanoparticles were acquired on a FEI Titan 80-300 microscope (energy: 200 keV; spherical

aberration: 1.2 mm; illumination semi-angle, 10.7 mrad). The 100pA electron beam was

focused to a probe with a 50 μ m probe-forming aperture (C2) and rastered over the sample.

The scattered electrons were captured by a Fischione Model 3000 HAADF detector with

angles between 35.2 and 212.3 mrad from the optical axis. The use of HAADF angles was

to reduce the nonlinear intensities and diffraction contrast in the images. The maximum tilt

angles were limited by the holder to ±75°. To reduce vibration and drift during data

acquisition, the sample holder was allowed to settle for one hour after insertion into the

microscope and also for several minutes after moving to each new angle. Tilt series were

manually acquired by changing the angle with equal slope increments20,23-26. When focusing

an image, a nearby nanoparticle was first viewed (not the particle of interest), thus reducing

the unnecessary radiation dose to the particle under study19. Using this low exposure

acquisition scheme, a tomographic tilt series of 104 projections with equal sloped

increments and a tilt range of 72.6° was acquired from a Pt nanoparticle. The probe

current was ~100 pA with a dwell time of 48 μ s per pixel, and the magnification of each

projection was 3.6×106. The total electron dose of the tilt series was estimated to be

~2.5×107 e/Å2. Since the pixel size in STEM mode may vary, a calibration image of an
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oriented single crystal Au foil (Ted Pella) was taken in STEM mode under the same

conditions, and the STEM pixel size was characterized to be 0.35 Å. To enhance the SNR

in the projections of the tilt series, 1.5×1.5 pixel binning was performed for each projection.

The pixel size of the binned projections is 0.53 Å.

Background subtraction and CM alignment. In order to use the EST iterative algorithm,

background subtraction has to be performed for each projection. We implemented

background subtraction and CM alignment based on the following procedure. First, we

selected the 0° projection and chose a suitable cut-off value to subtract its background.

After projecting the 0° projection onto the Y axis (i.e. the tilt axis) to obtain a 1D curve, we

calculated the center of mass of the 1D curve (Ycm), and set Ycm as the origin of the Y-axis.

This 1D curve was used as a reference curve. Second, we optimized the background

subtraction for other projections based on the reference curve. We scanned the cut-off

values from 0.5 to 1.5 times of the mean value of each projection with an increment of 0.01.

For each cut-off value, we projected the projection onto the Y axis to obtain a 1D curve. By

shifting the 1D curve pixel by pixel along the Y axis, we calculated the difference between

the 1D curve and the reference curve. We recorded the smallest difference and the

corresponding shift for each 1D curve. After scanning through all the cut-off values, we

plotted the smallest differences verse the cut-off values which should form a U-shape curve.

We picked up the minimum corresponding to the optimized cut-off value and shift of a

given projection. After performing background subtraction with the optimized cut-off

values, we calculated the center of mass (YCM) for all the 1D curves. If not all of them ( i.e.

rounded YCM ) are at the origin, we adjusted the cut-off value for the 0° projection (i.e. the

reference curve) and repeated the above steps until achieving the best agreement. Finally,

after performing background subtraction and aligning the projections along the Y axis, we
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projected all the projections onto the X axis. We calculated the center of mass (XCM) for all

1D curves, and set XCM as the origin of the X axis20. After repeating this process, all the

projections were aligned to the tilt axis.

EST reconstruction. The EST iterative algorithm started with an estimated 3D rectangular

loose support that is larger than the true boundary of the structure to be reconstructed. The

algorithm then iterated back and forth between real and reciprocal space. In real space the

voxel values outside the support and the negative voxel values inside the support were set to

zero, while in reciprocal space the Fourier slices calculated from measured projections were

retained in each iteration (the details of the EST algorithm can be found in refs. 20,23-26).

Each iteration was monitored by an error metric, defined as the difference between the

measured and calculated Fourier slices, and the algorithm was terminated after reaching a

maximum number of iterations. Using the iterative EST algorithm, a preliminary 3D

reconstruction was obtained after 500 iterations. An updated 3D support was determined by

convolving the reconstruction with a Gaussian window and selecting a suitable cut-off. The

3D shape of the support was also double-checked by examining the reconstruction slice-by-

slice to ensure the support does not crop the structure. Using the updated support, we

performed another 500 iterations to obtain a new reconstruction. Besides the above

mentioned procedure to improve the support, we also projected the reconstruction back to

calculate projections at given angles. By computing the cross-correlation between the

calculated and measured projections, we further adjusted the alignment of the projections to

achieve maximum consistency in 3D reconstruction. Usually the shift should be 1 pixel or

smaller in each dimension. Otherwise, the data analysis and CM alignment procedure has to

be re-done. We then repeated the procedure of improving the support and backprojection
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alignment. The final reconstruction was obtained when no further improvements can be

made.

3D Bragg peak filtering. Due to dynamical scattering effects21, the missing wedge

problem16,18,20 and Poisson noise in the tilt series, not all the atoms or dislocations are

visible in the raw 3D EST reconstruction. To enhance the SNR in the reconstruction, we

developed a 3D Bragg peak filtering method to identify all the measurable 3D Bragg peaks

and reduce noise among the Bragg peaks. Compared to 2D Fourier filtering approaches32-34,

the atomic scale resolution EST reconstruction allowed us to develop a more accurate 3D

Bragg peak filtering method with the following procedure. First, the 3D Fourier transform

of the raw reconstruction of the Pt nanoparticle consist of two sets of lattice planes {111}

and {200}. The intensities of the {111} peaks were estimated to be several times higher

than those of the {200} peaks. We calculated the average radial distance (d) between the

{111} and {200} peaks. Two radii were then determined by Rin = R111 - d and Rout = R200 +

d, where R111 and R200 are the average radial distance for the {111} and {200} peaks,

respectively. By keeping those voxels in the 3D Fourier transform with their radii between

Rin and Rout, and setting other voxels to zero, we obtained a 2-shell volume including all the

measurable 3D Bragg peaks. Next, we implemented a method to further reduce noise

among the Bragg peaks within the 2-shell volume. We chose the highest intensity {111}

Bragg peak as a reference peak and calculated thresholds based on the reference peak. We

scanned through the thresholds from 1% to 20% of the reference peak with 1% per step. For

each threshold, we set those voxels with values larger than the threshold to one and the

other voxels to zero, and obtained a 3D mask. The 3D mask was convolved with a 3 voxel

diameter sphere to compute a new 3D mask where the convolution process was to retain the

3D shape of each Bragg peak. By multiplying the new 3D mask with the Fourier transform
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of the raw reconstruction, we obtained a new 3D Fourier transform.  By monitoring the

change of noise among the Bragg peaks, we found that a threshold with 10% of the

reference peak is large enough to remove noise among the 3D Bragg peaks, while retaining

all the measurable {111} and {200} peaks (Fig. 1b and Supplementary Fig. 4). Care should

be taken that the optimized threshold of 10% of the reference peak obtained here may vary

for different samples. Finally, by applying the inverse Fourier transform to the identified

Bragg peaks and multiplying it by a 3D shape (i.e. a tight support) obtained from the EST

reconstruction, we obtained the 3D structure of the Pt nanoparticle (Movie 1 and Fig. 1d).

We have further confirmed the 3D Bragg peak filtering method by performing a

comparison with a 3D Wiener filter on the same experimental data35 (Supplementary Figs.

5 and 10) as well as using multislice numerical simulations36 (Supplementary Figs. 6-8).

32. Saxton, W. O. Computer Techniques for Image Processing in Electron Microscopy

(Academic Press, New York, 1978).

33. Hawkes P. W. Computer Processing of Electron Microscope Images (Springer,

Berlin, 1980).

34. Möbus, G., Necker, G. & Rühle, M. Adaptive Fourier-filtering technique for

quantitative evaluation of high-resolution electron micrographs of interfaces.

Ultramicroscopy 49, 46-65 (1993).

35. Brown, R. G. & Hwang, P. Y. C. Introduction to Random Signals and Applied

Kalman Filtering 3rd ed. (New York: John Wiley & Sons, 1996).

36. Kirkland, E. J. Advanced Computing in Electron Microscopy 2nd ed. (Springer,

2010).
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Figure 1. 3D reconstruction of a polycrystalline Pt nanoparticle before and after applying a

3D Bragg peak filter. a, 3D Fourier transform of the raw reconstruction of the nanoparticle.

b, 3D Fourier transform of the reconstruction after 3D Bragg peak filtering where the {111}

and {200}  Bragg peaks are labelled with red and black dots, respectively. c, A 2.6 Å thick

central slice in the XY plane of the raw reconstruction, where the Z-axis is along the beam

direction d, The same slice of the 3D structure after applying a 3D Bragg peak filter, in

which nearly all the atoms (in white) are visible. The clear boundary of the nanoparticle is

due to the multiplication of the 3D structure with a 3D shape obtained from the EST

reconstruction (Methods). The insets show a zoomed region of the atomic positions before

and after applying a 3D Bragg peak filter.
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Figure 2. Grain boundary comparisons between a 2D experimental projection and several

2.6 Å thick internal slices of the reconstructed Pt nanoparticle. a, Experimental projection

in the XY plane suggesting this is a decahedral multiply-twinned nanoparticle and twin

boundaries (red lines) are flat. Blue lines show two subgrain boundaries. To enhance the

image contrast, a 2D Fourier filter was applied to the projection. b, A 2.6 Å thick internal

slice indicating the existence of atomic steps at the twin boundaries (red lines). The

subgrain boundaries (blue lines) are widened by two lattices spacings relative to those in

(a). c, Zoomed view of a twin boundary in (b). d, and e, a 2.6 Å thick slice above and

below the slice of (c), revealing that the atomic steps vary in consecutive atomic layers. f,

Zoomed view of a stacking fault in the 2.6 Å thick internal slice, which is in good

agreement with the classical model for an extrinsic stacking fault (inset). The images as

well as those in Figs. 3 and 4 are displayed with Amira.



77

Figure 3. Observation of the 3D core structure of an edge dislocation at atomic resolution.

a, A 7.9 Å thick internal slice of the nanoparticle. The lattice structure on the left and at the

bottom parts of the slice is not well defined mainly because this decahedral multiply-

twinned nanoparticle consists of five grains with different orientations. b, A zoomed view

of an edge dislocation in (a) where red dots represent the position of the atoms. c, d and e,

2.6 Å atomic layers sectioning through the slice of (b). The three consecutive atomic layers

indicate the dislocation line is in the direction of 110 . The Burgers vector (b) of the edge

dislocation was determined to be 101
2
1

.
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Figure 4. Observation of the 3D core structure of a screw dislocation at atomic resolution.

a, Volume renderings of a 5.3 Å thick slice (two atomic layers) in the 111  plane

(Supplementary Fig. 11b), tilted to the 011  direction in order to visualize the zigzag

pattern, a characteristic feature of a screw dislocation. b, Zoomed view of a screw

dislocation showing the zigzag pattern. c, Surface renderings of the screw dislocation where

the atoms in green are on the top layer and those in red in the bottom layer. The zigzag

pattern is more clearly visualized, the Burgers vector (b) of the screw dislocation was

determined to be 101
2
1

, and the width of the screw dislocation was estimated to be ~8.9

Å.
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Supplementary Figures
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Supplementary Figure 1. Experimental tilt series of 104 projections with a tilt range of

±72.6° and equal slope increments, acquired from a Pt nanoparticle using HAADF-

STEM (energy: 200 keV; spherical aberration: 1.2 mm; illumination semi-angle: 10.7

mrad; detector inner and outer angles: 35.2 and 212.3 mrad; pixel size: 0.35 Å). The total

electron dose of the tilt series was estimated to be ~2.5×107 e/Å2. Careful examination of

the projections indicates that the facets of this nanoparticle are not sharply defined
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Supplementary Figure 2. Fourier transforms of the 104 projections (Supplementary Fig.

1), in which Bragg peaks are visible in most projections.
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Supplementary Figure 3. Three 0° projections (a,c,e) and their Fourier transforms

(b,d,f) measured during the acquisition of the  tilt series (Supplementary Fig. 1) to

monitor beam induced changes to the Pt nanoparticle. While there some small surface

structural changes among the three projections, the lattice structure of the nanoparticle

was consistent throughout the experiment.
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Supplementary Figure 4. 3D Bragg peak filtering of the EST reconstruction of the Pt

nanoparticle. a-f, 3D Fourier transforms of the reconstruction after applying a 3D Bragg

peak filter with varying thresholds: (a) 5%, (b) 6%, (c) 7%, (d) 8%, (e) 9% and (f) 10%

of the highest intensity {111} Bragg peak in which the central peak has been filtered out

(Methods). For each threshold, we set those voxels with values larger than the threshold

to one and the other voxels to zero, and obtained a 3D mask. After convolving the 3D

mask with a 3 voxel diameter sphere, we obtained a new 3D mask to identify the 3D

intensity and shape distribution of the Bragg peaks. When the threshold was set to be

~10% (f), most of noise among the Bragg peaks is removed, while the 3D intensity and

shape distribution of the Bragg peaks are retained. Cross-streak noise in the images is due

to the missing wedge problem. Although the EST method can significantly alleviate the

missing wedge problem, it cannot completely solve it20. Care should be taken that the

optimized threshold of 10% of the reference peak obtained here may vary for different

samples.
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Supplementary Figure 5. Comparison between 3D Wiener and 3D Bragg peak filtering.

a-e, 2.6 Å thick central slices in the XY plane of the raw reconstruction and the

reconstructions with a 3D Wiener filter (λ = 1, 2 and 3) and a 3D Bragg peak filter. f-j,

Zoomed views of four regions in (a-e), respectively. While the result with the λ = 1

Wiener filter is nosier, the atomic positions with the λ = 2 and 3 Wiener filter and the 3D

Bragg peak filter are consistent. Due to the convolution effect in applying the 3D Wiener

and 3D Bragg peak filters, the boundary of the images in (c-e), especially in (e), is not

well defined. By using a 3D shape (i.e. a tight support) determined from the EST

reconstruction, a clear 3D boundary of the Pt nanoparticle can be obtained (see Fig. 1d).
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Supplementary Figure 6. EST reconstruction of a simulated decahedral Pt nanoparticle

using multislice STEM calculations. The 7.3×7.0×4.5 nm3 Pt particle consists of a total of

4015 atoms with edge and screw dislocations. A tilt series of 63 projections with a tilt

range of ±72.6° and equal slope increments was obtained using multislice STEM

calculations36 (Supplementary Fig.  8). To simulate experimental conditions,  the tilt

angles were continuously shifted from 0° to 0.5° over the process of the tilt series. Two

levels of Poisson noise were added to the projections of the tilt series with a total electron

dose of 2.52×105 e/Å2 and 5.67×104, corresponding to Rnoise (Methods) of 10% and

20%, respectively. a and b, Two 2.6 Å thick central slices of the Coulomb potential of the

simulated nanoparticle in the XY and ZX planes, where the Z-axis is the beam direction.

c, Zoomed view of an edge dislocation in a 2.6 Å thick slice, obtained after a -90°

rotation of the nanoparticle around the Y-axis and another -35.3° rotation around the Z

axis. d, e and f, The corresponding 2.6 Å thick slices and the edge dislocation

reconstructed from 63 multislice STEM projections with Rnoise = 10%. g, h and i,

The corresponding 2.6 Å thick slices and the edge dislocation with Rnoise = 10%,

after applying  a  3D  Bragg  peak filter  with  an  optimized  threshold  of 5%  of the

highest intensity {111} Bragg peak. Compared to the threshold (10%) used for the

experimental Pt nanoparticle, a smaller threshold (5%) here is because cross-streak noise

in this reconstruction is lower than that in the experimental data (Supplementary Fig. 4).

The clear boundary of the reconstructed nanoparticle is due to the multiplication of

the filtered structure with a 3D shape obtained from the EST reconstruction. j, k and l,

The corresponding 2.6 Å thick slices and the edge dislocation from the raw

reconstruction with Rnoise = 20%. m, n and o, The corresponding 2.6 Å thick slices

and the edge dislocation with Rnoise = 20% after applying a 3D Bragg peak filter
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with a threshold of

5%. After applying the 3D Bragg peak filter, all the atoms in the 3D reconstructions (g, h,

m and n) are visible. The 3D core structure of the edge dislocation is observed at atomic

resolution (i and o) and consistent with the model (c). In our numerical simulations, we

have also found that 3D Fourier filtering is more accurate than the 2D case.
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Supplementary Figure 7. Multislice simulations on 3D imaging of a screw dislocation

at atomic resolution. a, A 4.8 Å thick slice (about two atomic layers) of the simulated Pt

nanoparticle. b, Zoomed view of a screw dislocation, in which the zigzag pattern, a

characteristic feature of a screw dislocation, is visible. c and d, The corresponding 4.8 Å

thick slice and zoomed view of the screw dislocation after applying a 3D Bragg peak

filter to the EST reconstruction with Rnoise = 10%. e and f, The corresponding 4.8 Å

thick slice and zoomed view of the screw dislocation after applying a 3D Bragg peak

filter to the reconstruction with Rnoise = 20%. In both reconstructions, the 3D core

structure of the screw dislocation is visible (d and f) and consistent with the model (b).
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Supplementary  Figure  8. Multislice calculations of the simulated Pt nanoparticle,

shown in Supplementary Fig. 6 (energy: 200 keV, spherical aberration: 1.2 mm,

illumination semi-angle: 10.7 mrad, defocus: 54.86 nm, detector inner and outer angles:

35.2 and 212.3 mrad, pixel size: 0.35 Å). A tilt series of 63 projections was calculated

with a tilt range of ±72.6° and equal slope increments. To avoid the zone axis orientations

and reduce the non-linear effects, the nanoparticle was rotated by 1° each around the

horizontal (X) and tilt (Y) axes. Poisson noise was added to the tilt series with a total

electron dose of 5.67×104 e/Å2 and Rnoise = 20%.
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Supplementary Figure 9. Grain boundary comparison between experimental (a) and

calculated (b) projections, in which the twin boundaries (red lines) and subgrain

boundaries (blue lines) are consistent. (a) is the same as Fig. 2a, and (b) was obtained by

reprojecting the EST reconstruction in the XY plane. 2D Bragg peak filtering was applied

to the projections to better visualize the twin and subgrain boundaries. Some of the

differences between (a) and (b) are caused by 2D Bragg peak filtering, which, according

to our numerical simulations, is not as accurate as the 3D case.
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Supplementary Figure 10. a-c, Three consecutive 2.6 Å thick slices across a twin

boundary after 3D Bragg peak filtering with a threshold of 10% (i.e. the same as Fig. 2c-

e). The same three consecutive slices after 3D Bragg peak filtering with a threshold of

7% (d-f), and after 3D Wiener filtering with λ = 1 (g-i), λ = 2 (j-l) and λ = 3 (m-o). The

atomic steps at the twin boundary (red lines) are consistent in all five cases.
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Supplementary Figure 11. Association of a screw dislocation with atomic steps at a

twin boundary. a, 3D volume rendering of the reconstructed Pt nanoparticle viewed along

the [110] (Z-axis) direction. b, Zoomed view of the screw dislocation and twin boundary.

The yellow rectangle shows a 5.3 Å thick slice in the )111(  plane (left grain) used for

generating Fig. 4. The green rectangle indicates the location of the screw dislocation in

the [110] direction, and the twin boundary is labeled with a red line. c-f, Four consecutive

internal slices each with 2.6 Å thick. The  positions of the atoms inside the green

rectangles gradually change in (c-f) suggesting that the screw dislocation is associated

with atomic steps at the twin boundary. The association of the dislocations with the

atomic steps at the boundary accounts for the strain relaxation for the multiply-twinned

particle. Note that the twin boundary inside the green rectangles (i.e. the screw

dislocation area) is not well defined.
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Ankylography is a new 3D imaging technique which under certain

circumstances enables to reconstruct a 3D object from a single sample orientation.

Here, we provide matrix rank analysis to explain the principle of ankylography. We

then present an ankylography experiment on a microscale phase object using an

optical laser. Coherent diffraction patterns were acquired from the phase object with

a planar CCD detector and were projected onto a spherical shell. The 3D structure of

the object was directly reconstructed from the spherical diffraction pattern. This work

may potentially open a door of a new method for the 3D imaging of phase objects in

the visible light region. Finally, the extension of ankylography to more complicated

and larger objects is suggested.

Introduction

Lens-based microscopy such as light, phase-contrast, fluorescence, confocal, x-ray

and electron microscopy has made important contributions to a broad range of fields in both

physical and life sciences. In 1999, a new form of microscopy was developed, termed

lenless imaging or coherent diffraction microscopy [1], in which the diffraction pattern of a

non-crystalline specimen was first measured and then directly phased to obtain an image.

The well-known phase problem was solved by oversampling the diffraction intensity [2,3]

in combination of iterative algorithms [4-7]. Using synchrotron radiation, high harmonic

generation, soft x-ray laser sources and free electron lasers, coherent diffraction imaging

(CDI) has been applied to conduct structure studies of a wide range of samples in materials

science, nanoscience and biology [8-31]. To perform 3D CDI, a sequence of 2D diffraction

patterns has to be acquired by either tilting a sample at multiple orientations or using many

identical copies of the sample [9,12,15,25,30]. In some application, however, it is very
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desirable to obtain the 3D structure of an object without the requirement of sample tilting or

identical copies of the object. To achieve this challenging goal, ankylography has recently

been developed [32], which under certain circumstances allows for 3D imaging of an object

from a single sample orientation. Subsequently, two imaging methods somewhat related to

ankylography have been demonstrated. The first is super-resolution biomolecular

crystallography [33], which under some conditions can determine the high-resolution 3D

structure of macromolecules from low-resolution data. The other is discrete tomography

[34], which enables the 3D atomic reconstruction of a small crystalline nanoparticle by only

using two projections, combined with prior knowledge of the particle’s lattice structure.

Compared to conventional 3D structure and imaging methodology, these three methods are

mathematically ill-posted problems, but represent a new and important direction in

structural determination  retrieving 3D structural information from a portion of Fourier

magnitudes or coefficients.

In this paper, we first provide a matrix rank analysis to explain why ankylography

under certain circumstances can be used to determine the 3D structure from a single sample

orientation. We then perform the ankylographic reconstruction of a phase object using an

optical laser. There are thee significant implications of this experiment. First, it extends

ankylography to the 3D imaging of phase objects in the visible light region that is currently

dominated by confocal microscopy. Second, compared to the previous result that is

somewhat controversial due to the use of a transparent sample on an opaque substrate

[35,36], this work represents the first ankylographic reconstruction of a phase object on a

transparent substrate. Finally, using X-ray free electron lasers, ankylography may be

applied to determine the 3D structure of certain classes of samples without the need of

identical copies.
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Matrix Rank Analysis of Ankylography

We provide a matrix rank analysis to explain why ankylography under certain

circumstances can be used to determine the 3D structure from a single view. Let us assume

that a coherent wave illuminates a 3D real object, ),,( zyxρ . The far-field diffracted wave,

),,( zyx kkkF , is oversampled on a spherical shell. We separate ),,( zyx kkkF into cosines and

sines,
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where (2M+1)3 is the size of the 3D object (i.e. support size), (2N+1)3 is the size of the

reciprocal-space array in which the two hemi-spherical shells are located,
zyx kkkA ,, and

zyx kkk ,,φ  are the magnitudes and phases of ),,( zyx kkkF , and the diffraction angle is assumed

to be 90°. In Eq. (1), we chose the spherical shell to be one voxel thick, which is a

reasonable assumption as the thickness of the spherical shell is determined by the

experimental parameters such as the energy resolution, divergence and convergence angle

of the incident beam. Note that Eq. (1) is not the discrete Fourier transform relation as the

reciprocal-space vectors on the spherical shell (kx, ky, kz) are not independent, but related via

22222 2/1)(2/1 NNkkkN zyx
. We rewrite Eq. (1) into the matrix form,
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where B, X and A are (2L+1) (2M+1)3, (2M+1)3 1 and (2L+1) 1 matrices, respectively,

(2L+1) is the number of non-centro-symmetrical grid points on the spherical shell, and the

row of (1  1) in matrix B and A0 in matrix A correspond to the centro-voxel. To facilitate

our quantitative analysis, we generate two new matrices B′ and X′ by expanding B and

padding zeros to X,
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where B′ is defined as the sampling matrix, B′ and X′ are (2L+1) (2L+1) and (2L+1) 1

matrices, respectively. Mathematically, Eq. (3) is equivalent to Eq. (2).

To give some specific examples on the matrix rank analysis, we first calculated the

rank of B′ by using a 7 7 7 voxel array (i.e. M = 3). The spherical shell is embedded inside

a 17 17 17 voxel array (i.e. N = 8). The number of non-centro-symmetrical grid points on

the spherical shell of 1 voxel thick is 393 (i.e. L = 392) with the oversampling degree (Od =

1.14), defined as[32]

portsupthewithinvoxelsofNumber

shellsphericaltheofonewithinvoxelsofNumber
Od . (4)

The rank of B′ is determined to be 785 (i.e. matrix B′ has full rank) with tolerance of 10-3.

In this case, the number of unknown variables of the 3D object is 343 (i.e. 73), and the

number of unknown variables for the phases in Eq. (3) is 392. Therefore the total number of

unknown variables is smaller than the rank of B′ , suggesting that the 3D object can in

principle be obtained by solving Eq. (3). We also calculate the rank of B′ for a 14 14 14

voxel object with Od = 2.06. In this case, the rank of B′ is larger than the number of

unknown variables with tolerance of 10-6, but smaller with tolerance of 10-3. When Od is
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increased to be ~4.0, the rank of B′ (with tolerance of 10-3) is larger than the number of

unknown variables. The matrix rank analysis suggests that when the object array is larger,

the tolerance becomes smaller in order to maintain full rank of the sampling matrix and the

ankylographic reconstruction becomes more challenging without additional constraints and

information, which is consistent with the numerical simulation results [32]. To facilitate

interested readers to conduct ankylographic reconstructions, several Matlab source codes

have been posted on a public website and can be freely downloaded to test this method [37].

Ankylography Experiment and Reconstruction

Next, we present an ankylographic experiment on a phase object with an optical

laser. Figure 1 shows the schematic layout of the experimental setup. An optical laser with

 = 543 nm was collimated by a compound lens system, consisting of two converging

lenses and producing a parallel beam with a diameter of ~200 m. An aperture was placed

15 mm upstream of the sample to block the unwanted scattering from the lenses. The object

to be imaged in 3D is a dielectric phase pattern made up of non-absorbing SU-8 epoxy

photoresist that had been cross linked by using an Ultratech XLS stepper. Figure 2(a) shows

a differential-interference-contrast (DIC) microscope image of the phase object, which

consists of a dense arrangement of four alphabet letters (WWWA) in close proximity; as

fabricated, the letters have about 1 µm thickness. As the sample is a weak phase object, the

phase shift within a 3D resolution volume can be approximately represented as

),,(1),,(
zyxie

zyxi ϕϕ ,    (5)

The Fourier transform of the term “1” in Eq. (5) is concentrated at the center voxel in

reciprocal space (i.e. the direct wave) and is blocked by a beamstop, while the Fourier

modulus of ),,( zyxiϕ  is centro-symmetrical. Compared to conventional 2D exit wave
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where the phase shift may not be small after propagating through a whole object, ),,( zyxφ

represents the phase shift within 1 voxel in ankylography and is thus small for a weak phase

object. The sample was supported on a silicon nitride membrane of 100 nm thick. To

increase the depth of the sample along the Z (beam) axis, the silicon nitride membrane was

tilted about 45° relative to the incident beam. Coherent diffraction patterns were recorded

by a liquid-nitrogen-cooled CCD camera with 1340×1300 pixels and a pixel size of 20 μ m

 20 μ m, positioned at a distance of 31.5 mm from the sample. The distance between the

sample and the detector could not be further reduced due to the geometry of the commercial

CCD camera. A beamstop was positioned in front of the CCD camera to block the direct

beam.

To obtain coherent diffraction patterns at highest possible resolution, we moved the

CCD camera both horizontally and vertically, and measured a diffraction pattern at each of

the four quadrants. The four diffraction patterns were tiled together to form a high spatial

resolution (HSR) pattern. To ensure the missing center confined within the centro-speckle

[38], we took an additional low spatial resolution (LSR) diffraction pattern by moving the

CCD camera further downstream at a distance of 108 mm to the sample. To remove the

background scattering and readout noise of the CCD, we measured two sets of diffraction

patterns at each position with the sample in and out of the laser beam. Table 1 shows the

experimental parameters used to measure the diffraction patterns. The HSR and LSR

diffraction patterns after background subtraction are shown in Figs. 2(b) and (c), which

were combined to assemble a diffraction pattern of 2001 2001 pixels with a small missing

center.

Because the CCD is a 2D planar detector, the assembled diffraction pattern has to be

projected onto a spherical surface. As the solid angle subtended by each CCD pixel varies

with the diffraction angle, the diffraction intensity was normalized by
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where R is the distance from the sample to the CCD camera and δ is the CCD pixel size.

The normalized diffraction intensity was then projected on the spherical surface on a

Cartesian grid. To perform more accurate interpolation, we first located the Cartesian grid

points, ( c

z

c

y

c

x kkk ,, ), within a spherical shell of 1 voxel thick and then projected the grid

points onto the planar CCD by
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where )','( d

y

d

x kk  are the X and Y coordinates on the detector plane and are not necessary an

integer number of pixels. We calculated )','( d

y

d

xN kkI  by using the Spline interpolation with

the neighboring pixels, and then assigned )','( d

y

d

xN kkI  to the Cartesian grid point,

),,( c

z

c

y

c

xN kkkI . Figure 2(d) shows the diffraction intensity distributed within two spherical

shells on a 3D Cartesian grid. The centro-symmetry of the diffraction intensity is because

the sample is a weak phase object (Eq. (5)). The array size of the 3D Cartesian grid is

1691 1691 491 voxels with a diffraction angle of 32.3°.
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To perform the ankylographic reconstruction, we first roughly estimated a loose

support for the phase object. The algorithm was then iterated back and forth between real

and reciprocal space with a random phase set as an initial input. In real space, the electron

density outside the support and the negative density inside the support were slowly pushed

close to zero [6]. In reciprocal space, the Fourier magnitudes within the spherical shell were

updated with the measure ones while other Fourier magnitudes remained unchanged in each

iteration. The convergence of the algorithm was monitored by an Rsphere defined as,

|)(|

|)(||)(|

kF

kFkF
R

M

sphere

C

sphere

M

sphere

sphere (9)

where |)(| kF
M

sphere  and |)(| kF
C

sphere  are the measured and calculated Fourier modulus within

a spherical shell. Compared to the phase retrieval in coherent diffraction imaging, the

convergence speed in ankylographic reconstruction is slower and more iteration is required.

To make ankylographic reconstructions more efficient, we performed ~10 independent

reconstructions each with a random phase seed. After 5000 iteration, we chose the best 3D

reconstruction with the smallest Rsphere. By convolving the reconstruction with a Gaussian

filter and choosing a cutoff value, we determined an updated support. After running another

500 iteration, we reconstructed a 3D object from which a final tight support was determined.

Figure 3 shows the supports used from loose to tight during ankylographic reconstructions.

The oversampling degree (Od) for the final support is 2062 [32]. A large oversampling

degree in the reconstruction is because the final support used is very tight. After another

5000 iteration, a final 3D reconstruction was obtained with Rsphere = 0.36. According to our

experience, a correct, tight support is important to the ankylographic reconstruction. In

addition, a larger oversampling degree (Od) is also helpful in the reconstruction of

experimental data.
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Results

The resolution in ankylography is determined by )2sin(/ θλtd  and

)sin2/( 2 θλld , where td and ld represent the transverse and longitudinal resolution (i.e.

perpendicular and parallel to the incident beam),  is the wavelength and 2θ is the

diffraction angle. In this experiment, the transverse and longitudinal resolution was

estimated to be ~1.0 m and ~3.5 m, respectively. Figures 4(a-c) show 3 projections of the

final reconstruction along the X, Y, and Z (beam) axes. Based on the achieved resolution of

~1.0 m along the X and Y axes and ~3.5 m along the Z axis, we determined the

projection length of the object in the X, Y and Z axes to be ~19 m, ~23 m and ~23,

respectively. Figures 4(d-f) show the central slices of the final reconstruction along the X,

Y and Z axes. According to Figs. 4(d) and (e), the thickness of the object is about 1 – 2

voxels which is consistent with the known value. Figure 5(a) shows iso-surface renderings

of the ankylographic reconstruction. The orientation of the phase object relative to the beam

is illustrated in Fig. 5(a). To verify the reconstruction, we tilted the reconstruction to the

same orientation (Fig. 5b) as the DIC image (Fig. 2a). The 3 letters “WWW” are clearly

visible and consistent with the DIC image, while the letter “A” is a bit too small to be

resolved in the reconstruction. To further quantify the ankylographic reconstruction, we did

a line scan across the reconstruction (Fig. 5b). The blue curve in Fig. 5(c) shows the

reconstructed density of the phase object, which is in reasonably good agreement with the

DIC curve (the red curve). The discrepancy is because ankylography produces a

quantitative reconstruction of the phase object, but not the DIC image.
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Conclusion

          In this article, we first present matrix rank analysis to explain why ankylography

under certain circumstances enables to reconstruct a 3D object from a single spherical

diffraction pattern. We then present an ankylography experiment on a phase object with an

optical laser. Coherent diffraction patterns were measured from the phase object, projected

onto a spherical surface and directly phased to obtain the 3D structure of the object.

Transverse and longitudinal resolutions of 1.0 m and 3.5 m, respectively, were achieved

in the experiment. While the resolution is currently limited by the experimental set-up (i.e.

the distance between the sample and the CCD could not be set smaller than 31.5 mm due to

the geometry of the commercial CCD camera), the ultimate resolution is set by the

wavelength of the incident beam. Compared to conventional coherent diffraction imaging

[8-31], the ankylographic reconstruction not only requires a tight support with a large

oversampling degree, but also becomes more challenging for larger objects. In order to

apply ankylography to large objects, three different approaches are envisioned. First, our

numerical simulations suggest that increasing the thickness of the spherical shell can

distinctly improve the ankylographic reconstruction of large objects. Experimentally, this

may be realized by using an incident wave with an energy bandwidth, coupled with an

energy-resolved detector [39]. Second, more real-space constraints can facilitate the

ankylographic reconstruction of large objects. One way to achieve this is to position a 3D

object with a known structure close to an unknown one, which is somewhat related to

molecular replacement and holography [40]. Based on our numerical simulations, the

combination of the known part and a spherical diffraction pattern is more effective to

reconstruct a large 3D object. Finally, by acquiring several spherical diffraction patterns at

different sample orientations with each having a large oversampling degree, our numerical
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simulations indicate that ankylography can be extended to larger objects. Compared to

conventional tomography, the number of projections required in ankylography will likely

be smaller due to the utilization of spherical diffraction patterns.
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Sample
(exposure time

number of frames)

Background
(exposure time

number of frames)

Distance from
sample to CCD

Center 0.17 s  1000 0.17 s  500
Lower-Left 0.18 s  1000 0.18 s  500

Lower-Right 0.45 s  1000 0.45 s  500
Upper-Left 0.2 s  1000 0.2 s  500

HSR

Upper-Right 0.16 s  1000 0.16 s  500

3.15 cm

LSR 0.25 s 1000 0.25 s  500 10.80 cm

Tab. 1 Experimental parameters used to measure the high spatial resolution (HSR) and low

spatial resolution (LSR) diffraction patterns with an optical laser.
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Figure 1 Schematic layout of the experimental set-up. A compound lens system, consisting

of two converging lenses, was used to collimate the incident laser beam with a wavelength

of 543 nm. An aperture was placed 15 mm upstream of the sample to block the unwanted

scattering from the lenses. A phase object made up of SU-8 epoxy photoresist was

supported on a silicon nitride membrane of 100 nm thick. To increase the depth of the

sample along the beam axis, the silicon nitride membrane was tilted about 45° relative to

the incident beam. Coherent diffraction patterns were recorded by a liquid-nitrogen-cooled

CCD camera with 1340×1300 pixels and a pixel size of 20 μ m 20 μ m, placed at a distance

of 31.5 mm from the sample. A beamstop was positioned in front of the CCD camera to

block the direct beam.
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Figure 2 (a) DIC microscope image of the phase object, consisting of four alphabet letters

(WWWA). (b), (c) The high and low spatial resolution diffraction patterns acquired by a

planar CCD detector. The low spatial resolution pattern was used to reduce the missing

center. (d) Two spherical diffraction patterns on a 3D Cartesian grid. The centro-symmetry

of the two spherical patterns is because the sample is a weak phase object. The size of the

3D array is 1691 1691 491 voxels with a diffraction angle of 32.3°.
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Figure 3 Supports from loose (a) to tight (c) used for the ankylographic reconstructions. (a)

Initial loose support. (b) Updated support, (c) Final tight support.
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Figure 4 . (a-c) Three projections of the final reconstruction along the X, Y, and Z (beam)

axes. Based on the achieved resolution of ~1.0 m along the X and Y axes and ~3.5 m

along the Z axis, the projection length of the object in the X, Y and Z axes was estimated to

be ~19 m, ~23 m and ~23, respectively. (d-f) Central slices of the final reconstruction

along the X, Y and Z axes. The thickness of the phase object is about 1 – 2 voxels which is

consistent with the known value.
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Figure 5 (a) Iso-surface rendering of the ankylographic reconstruction of the phase object

where the relative orientation of the incident beam to the object position is illustrated. (b)
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The reconstruction is tilted to the same orientation as the DIC image (Fig. 2a). Although the

resolution of the reconstruction is lower than the DIC image, the two images are in good

agreement. (c) Line scans across the reconstruction and the DIC image. The two curves

agree reasonably well. The discrepancy is ankylography produces a quantitative

reconstruction of the phase object, but not the DIC image.




