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Nonreciprocal components like circulators are often used to separate transmitting and re-
ceiving signals sharing a common antenna such as those in the front-end of a monostatic
continuous-wave radar or a full-duplex radio that performs simultaneous transmit and re-
ceive (STAR) over the same frequency band. In those systems, the isolation of the circulator
is critical in preventing the receiver from being interfered or jammed by the transmitted sig-
nal. Classical ferrite circulators are essentially cavities supporting non-reciprocal resonant
modes. They are intrinsically narrowband, bulky, and hard to be integrated on modern in-
tegrated circuits (ICs). In comparison, active circulators have been developed based on the
nonreciprocal transfer characteristics of transistors. They offer small physical dimensions,
versatile functionalities, and compatibility with IC technology. However, active circulators
have generally limited noise and power performances which prevent them from being widely

deployed in systems requiring wide dynamic ranges.

Time-varying transmission lines (TVTL) such as Distributedly Modulated Capacitors
(DMC) are transmission lines loaded with varactors whose capacitances are modulated by a
unidirectionally propagating wave. They translate the direction difference of waves propa-
gating on it into the difference in frequency based on its unidirectional frequency conversion

property. In such way, TVTL can behave as a circulator and exhibit broadband isolation
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due to the non-resonant nature of the traveling wave structure. Positive-dB parametric gain
may be realized during the frequency conversion process which helps to compensate for the

circuit loss.

In this work, a complete theory, based on (1) the distributed parametric effect on a
TVTL and (2) the distributed capacitive mixers, is presented with emphasis on the theo-
retical bounds of the isolation and gain performances of the DMC. The DMCs implemented
on Rogers PCB and on GaN MMIC are both presented with the measured results agreeing
well with the theoretical derivations and the simulation results. Especially, the MMIC DM-
C has demonstrated experimentally verified positive-dB receiving (RX) gain and > 10 dB
transmitting-versus-receiving (TX/RX) isolation over 0.7 — 2.5 GHz. Furthermore, a circula-
tor prototype combining a pair of MMIC DMC units in a balanced architecture is assembled
and tested. The balanced architecture offers a new level of isolation in addition to what is
offered by a single DMC. More than 25 dB TX/RX isolation and less than 2 dB RX loss

have been experimentally observed for almost one octave at 0.95 — 1.8 GHz.
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CHAPTER 1

Introduction

1.1 Challenges in Wireless Systems

Modern wireless communication systems have experienced tremendous success in measurable
quantities such as better data rate, smaller physical size and lower monetary cost in the past
few decades. While looking forward to the future fifth-generation (5G) communications,
people are aggressive in achieving even better performances in wireless systems. However,
challenges are there that many have to be resolved by non-conventional approaches to reach

the seemingly high goals.

The well-known Shannon Theorem [1] states that the channel capacity, or the maximum
data rate in a wireless channel, is proportional to the channel bandwidth and logarithmically
increasing with the signal-to-noise ratio. Therefore, despite that the theorem is about the
theoretical limit, one may argue that the most effective way to increase the data rate is to
broaden the channel bandwidth. However, the frequency bandwidth is a precious resource
and the spectrum usage cost composes the majority of the cost in, for example, our cellular-
service bills. As the spectrum is highly restricted for civilian use, many technologies have
been developed to create dimensions other than frequency to increase the data rate. The
benefits from those technologies, however, are almost exhausted. As the limited spectrum
resource is occupied by more and more crowded users, additional measures must be taken,

especially if no more bands for civilian use are opened.
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Figure 1.1: Two types of wireless communications: (a) half-duplex; (b) full-duplex.

1.1.1 Half-Duplex v.s. Full-Duplex

One seeming flaw in the modern wireless systems is that RF signals are still transmitted and
received either at different frequency bands or at different time frames in a wireless commu-
nication link between two consoles. This is regarded as the half-duplex communication. As
illustrated in Fig. 1.1a, the transmitted signal may take no more than half of the accessible
spectrum or time frame, while the received signal takes the other half, which is typical in
cellular systems or in pulsed-radar systems, respectively. In either type of half duplex, the
communication link utilizes only half (or practically, less than half) of the resource in fre-
quency or in time. It is thus natural to question why we shouldn’t take full advantage of the

resource, which leads to the concept of full duplex.

Fig. 1.1b illustrates the full-duplex communication where signals are transmitted and
received not only at the same time but also at the same frequency. The immediate benefit
from realization of full duplex is the doubling in the channel capacity. (In fact, due to the
practical frequency or time margin between the signal transmission and reception in half
duplex, the theoretical capacity increase could be more than doubled.) However, full duplex
has been long considered impossible especially in the long-distance wireless, because of the
in-band self-interference caused by the large-power transmitted signal to the local receiver [2].

Many recent works, however, disagreed with the opinion, provided guidelines for sufficient



suppression of the self-interference, and demonstrated the advantage of full duplex over half
duplex [3-8]. The suppression may involve interference cancellation in wireless propagation
domain, analog circuit domain, and digital domain [8]. This work addresses the challenge in

the wireless-propagation-domain suppression.

1.1.2 Bistatic (Separate-Antenna) v.s. Monostatic (Shared-Antenna)

A simple approach of providing suppression in wireless propagation domain is to separate
the antenna for signal transmission and reception [3-5]. In addition, more antennas can be
used for signal transmission [4] to realize narrowband, spatial cancellation at the received
antenna. This is classified as bistatic (or separate-antenna) full duplex. The con of bistatic
full duplex is obvious: antennas are still hard to be made small in physical size, and thus
separate antennas are not favored in compact wireless systems. The involvement of multiple
antennas for single-channel full duplex would also sacrifice the diversity that is necessary to
overcome the fading caused by multi-path propagation. As a result, monostatic (or shared-

antenna) full duplex [6,7] is more appreciated.

Most shared-antenna systems require a device called duplexer to route the transmitted
signal from the transmitter to the antenna and to route the received signal from the antenna
to the receiver. The duplexer is also responsible for providing suppression from the trans-
mitted signal to the receiver. Figure 1.2 shows a typical monostatic transceiver front-end
with the duplexer in the center connecting the antenna, the transmitter and the receiver.

In the half-duplex system, such duplexer could be a switch for time duplexing or a diplexer

Receiver

Transmitter

Figure 1.2: The duplexer in a shared-antenna transceiver front-end.



made of filters for frequency duplexing. For full duplex, a special type of duplexer called cir-
culator is most commonly used. The performance of the circulator is crucial to a monostatic

full-duplex system. The challenges in circulators are elaborated in the next section.

1.2 Circulators for Monostatic Full-Duplex

A circulator is known as a nonreciprocal component, as the signal flow in the forward di-
rection is different from that in the reverse. A conceptual, three-port circulator shown in
Figure 1.3a has ideally no mismatch in all ports, lossless insertion in the forward paths
(namely, from port 1 to 2, port 2 to 3 and port 3 to 1) and no insertion in the reverse. The
circulator in Figure 1.3a forms a clockwise circulation of the signal flow in three ports, but it
is trivial to mention that counterclockwise circulators and those with more than three ports

are also available.

When a circulator is connected as a duplexer shown in Figure 1.3b, some practical issues
arise and there is much about what performances a good circulator should have. One of
the concerns is about the inevitable leakage in the reverse path. In particular, the leaked
signal from the transmitter (TX) to the receiver (RX), i.e., from port 3 to 2 in Figure 1.3b,
need be as small as possible to prevent the receiver from being jammed by the transmitter.
It is referred as the TX/RX isolation performance of a circulator, and high isolation, cor-

responding to small leakage from TX to RX, is highly desired. Another evaluation need be

1</(‘?>,2

(a) (b)
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Figure 1.3: (a) A three-port circulator. (b) A circulator in a transceiver front-end.



made on the insertion loss and the noise performance of the receiving path, i.e., from port
1 to 2 in Figure 1.3b. Signals from the antenna to the receiver should gain little loss and/or
additional noise through the circulator so that they could be detected properly. Other con-
cerns may include the physical size of the circulator, or whether it can be integrated with
the rest of the transceiver components, and the power capability for the transmitting path,
as the transmitted signal’s power can be very high. Last but not least, broadband circulator

designs, if possible, are highly preferred.

1.2.1 Ferrite Circulators

Traditional circulators are built with nonreciprocal magnetic material such as ferrite and in
the form of cylindrical cavities [9-12]. A ferrite circulator can have low receiving insertion
loss and moderate TX/RX isolation. As it is a passive component, the receiving insertion
loss of a ferrite circulator is equivalent to its noise figure. Ferrite circulators are also capable
of handling high power. However, they are notorious with their bulky sizes and their narrow
operation bandwidths, particularly when they are operated at the lower end of the microwave
frequency spectrum. Above all, the process of ferrite is not compatible with any semicon-
ductor integrated circuit (IC) technology, which makes the integration of the circulator with

the rest of the RF front-end impossible.

1.2.2 Active Circulators

Early works of solid-state approaches to realize RF circulators rely on transistors that work in
the conduction modes and whose transfer functions are nonreciprocal. They are classified as
active or quasi-circulators [13-17]. Monolithic implementations of various active circulators
have been proposed in [14-16]. In [17], a circulator was built with transistor-based metama-
terial that has property resembling that of magnetic material. However, power saturation
and noise-figure degradation are the common limitations of active, transistor-based circula-

tor approaches [18-20], although the issue of power handling capability may be blurred with



the new, high-band-gap gallium nitride (GaN) semiconductor.

1.2.3 Recent Advances

Recently, there has been emergence of interests in achieving nonreciprocity in reciprocal
structures or materials through time-modulation of transmission line or material proper-
ty [21-33]. The original ideas were envisioned in the field of photonics [21-23], yet various
configurations have been proposed to develop circulators in RF [24-32]. These works include
angular momentum biasing [24-26], staggered commutation [27] and time-varying transmis-
sion lines (TVTL) [28-32]. The time-modulation is imposed through either reactance-based
parametric modulation [24-26,28-32] or high speed switching with passive switches [27].
The angular momentum approaches [24-26] mimic the nonreciprocal property of ferrite cav-
ities with rotational parametric modulations. They exhibit high insertion loss and extremely
narrow bandwidth similar to that of a cavity. The staggered commutation circulator [27]
is constructed on a CMOS IC in the form of switched-capacitor N-path filters. The work
is considered to be the first on-chip demonstration of a circulator, other than active circu-
lators, without the use of magnetic material. However, the circulator requires additional
load tuning at the ports for deep isolation and the achievable fractional bandwidth is also
limited to a few percent due to the intrinsic bandwidth limitation of the N-path filter. In
contrast, circulators based on TVTL [28-32] exhibit broadband isolation and low loss due
to the non-resonant nature of the traveling wave structure, which is the main subject of this

dissertation.

1.3 Circulators Based on TVTL and DMC

To gain an additional degree of freedom in designing nonreciprocal components like cir-
culators, the time-varying property of transmission-line structures can be exploited. The
directional dependency in the frequency mixing behavior of a nonlinear or time-varying

transmission line (TVTL) can be utilized to separate signals overlapping in time, frequen-



cy, and space, but travelling in different directions. This is because when a unidirectional
carrier or pump signal is injected in such a transmission line, the signal propagating in the
same direction as the carrier will mix with the carrier in frequency, while the one against the
carrier’s direction will not. Consequently, the difference in the propagating directions of the
signals is translated into the difference in modulation frequencies. Such difference allows the
separation of the signals into different ports if a frequency diplexer is employed. A similar
concept was proposed in the form of photonic links [23], where the transmit isolating receive
photonic (TIPRx) links demonstrated bandwidth and isolation advantages over conventional

circulators.

The frequency mixing behavior in TVTL is also related to the distributed parametric
conversion effects that were intensively studied between the 1950s and 1960s [34-38]. The
primary application then was to develop parametric amplifiers out of solid-state devices. The
interest, however, diminished later when semiconductor transistors were invented and proven
to be an overall better technology when gains and physical dimensions of amplifiers were em-
phasized. Recently, there has been a resurgence of interest [39-47] in utilizing parametric
effects for both hybrid circuits and ICs by taking advantage of the intrinsically lower noise
characteristics of the reactance-based components over the conductance-based components.
Among those works, discrete parametric mixers [39-42] are investigated for applications such
as frequency converters and multipliers. Distributed circuit architectures [43-45] are devel-
oped utilizing the degenerating parametric effects for resonators and narrowband amplifiers.
In [46,47], Josephson junctions are employed as nonlinear inductors for nonlinear wave prop-
agation or parametric amplification. In this work, the TVTL is treated as a distributed
parametric amplifier, where the nondegenerating parametric conversion effects are utilized.
Such effects are either enhanced or suppressed with the distributed circuit architecture to

create nonreciprocity over a broad frequency band.

To develop practical TVTL, the distributedly modulated capacitors (DMC), which con-
sists of a transmission line loaded with varactors diodes, is proposed. A microstrip-line DMC

has been implemented and its results have been reported in [29,31], where the broadband



isolation performance is consistent with the theoretical prediction has been demonstrated.
However, the TVTL-based circulator has a lower cutoff frequency for isolation defined by
the longest delay of the loaded transmission line. Miniaturization of the structure must
be done in order to derive an on-chip implementation of such circulators at the lower RF
spectrum. Moreover, the isolation performance of a uniformly modulated DMC follows a
SINC function over a broad bandwidth with high sidelobes, indicating that high leakage level
may appear over certain frequencies. The high-leakage problem may be overcome with either
non-uniform modulations [31] that suppress the sidelobes of the SINC function or a balanced
architecture [30,32] that utilizes the phase diversity of the transmitter leakage in TVTL to
further suppress it for a deeper isolation. In [32], a compact on-chip implementation of
TVTL circulator is presented for the first time on a GaN IC through meandering the loaded
microstrip lines. A balanced module with a pair of the DMC chips were also assembled and
fabricated to achieve isolation greater than 30 dB over almost one octave of bandwidth. In
this work, more details and updates regarding the work presented in [32] are provided by
including a more complete description of the underlying theory and experimental results. In
addition, a new MMIC design and implementation is presented here with superior measured

performance than what was shown in [32].

1.4 Dissertation Outline

This dissertation is organized as follows. Chapter 2 provides the operating principles of the
time-varying transmission line (TVTL) and its practical form as distributedly modulated ca-
pacitors (DMC). In Chapter 3, the DMC designs fabricated on a printed circuit board (PCB)
and on a monolithic microwave integrated circuit (MMIC) are introduced with validation in
simulation and measurement. After that, Chapter 4 introduces the concept of the balanced
DMC that offers additional isolation for circulator application. A prototype has been tested
by assembling a pair of DMC MMICs with commercially off-the-shelf (COTS) quadrature

hybrids and diplexers. The measured performance of the balanced DMC validates the isola-



tion improvement offered by the balanced architecture. Finally, Chapter 5 summarizes the

findings and concludes this work.



CHAPTER 2

Basics: TVTL and DMC

2.1 Transmission Line with Time-Varying Capacitance

The theory of an infinitely long transmission line whose reactance is time varying has been
well studied in [35, 36, 48], under the scope of traveling-wave parametric amplifiers. The
basic formulations are recaptured here to illustrate the underlying operating principle of the

proposed nonreciprocal components based on the similar parametric effects.

Fig. 2.1 shows a lumped-element circuit model for a lossless transmission line with time-
varying capacitance. The Telegrapher’s equations, including the time variation of the ca-

pacitance per unit length in the time-varying transmission line (TVTL), can be written

ov(z,t)  ,0i(2,1)
di(z,t)  0[C'(2,t)v(z,1)]
0z ot ’ (2.1b)

where L' and C' are inductance and capacitance per unit length of the TVTL, respectively.

Figure 2.1: Time-varying transmission line where the capacitance per unit length is a function

of time and space.
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Rearranging the equations, one can obtain

O*v(z,t) L,82[C”(z,t)v(z,t)]
022 ot?

(2.2)

When the capacitance is modulated by a single-tone carrier wave traveling in the +z
direction at the angular frequency wy, (the subscript “m” means modulation), the capacitance
per unit length, under the linear modulation assumption, can be written in a general form
as

C'(z,t) = Cy+ C!, cos(wmt — Bz + dm), (2.3)
where Cf is the mean capacitance per unit length, C/ is the amplitude of the capacitance
variation per unit length, and [, is the phase constant of the carrier with a phase velocity
of vy, = wWi/Bm = 1/3/L'Ch. The carrier wave does not carry information. It is assumed
that the carrier behaves as a pump signal with uniform amplitude along the transmission
line, which drives the time variation of the transmission line capacitance in a traveling-wave

fashion.

Now assume a signal wave is launched into the same transmission line propagating to-
ward the 4z direction at the angular frequency w,. The signal is mixed up and down with
the capacitance modulation signal at w,,, generating various harmonic and intermodulation
terms. As the modulation frequency is normally chosen to be greater than the signal fre-
quency (w,, > ws), one can limit the discussions to three major tones: the input tone wy and
both sidebands of the carrier w,, s = w,, — ws and wy,1s = Wy + ws. Furthermore, assume
the variation of the capacitance is small and the transmission line is nondispersive over the

bandwidth interested, i.e.,

Ws Wm—s Wm-s Wm 1 (2 4)
_— = e = — =71, = . .
ﬁs Bm—s Bm—&-s /Bm b \/ L/O()

Given the boundary condition v(0,t) = Vj cos(wst + ¢5) at the input source, a solution

of (2.2) can be

v(2,t) = Vi(2) cos(wst — Bsz + ¢s) + Vin_s(2) sin(wp_st — Bin—sz + & — &)

+ Vm-i—s(z) Sin(wm-i-st - /Bm—i-sz + ¢m + ¢s)a (25&)
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where the amplitudes at the three tones are functions of the propagation distance expressed

as follows:
Vi(z) = VOCOS< \/_ ) (2.5b)
Vin-s(2) = \‘;0_5 g i ( ) (2.5¢)
Vines(2) = V"ﬁ m“ i ( ) (2.5d)
where

§=Cn/Cy (2.5¢)

is defined as the capacitance modulation index. More detail on the derivation of the solution
is provided in Appendix A. The solution represents a gradual conversion process of the
signal and the carrier energy into that of the frequency-converted signals. The magnitude
of the input signal reduces gradually, while the magnitudes of the frequency-converted tones
increase along the transmission line, until they reach to a distance of z = A\,/¢v/2. The
magnitudes of the up-converted output signals, expressed by (2.5¢) and (2.5d), could reach
the same or greater level than the input magnitude V}, especially when a high carrier-to-
signal frequency ratio w,,/ws(= Bm/Bs) is used, along with a sufficient modulation index &
and the TVTL’s electric length Ssz. This demonstrates that the TVTL works as an active,
capacitive mixer for signals propagating in the same direction of the carrier, where the

additional power for the active frequency-conversion gain must come from the carrier.

It is also worth noting that the solution in (2.5) represents the nondegenerating paramet-
ric case with the assumption that w,, # 2w,. It does not involve exponential amplification
along the transmission line like those described in [35,36,44,45], where the high-gain char-
acteristics of the degenerating parametric effect is exploited for development of parametric

amplifiers or oscillators.

On the other hand, if the signal wave travels in the opposite direction to that of the
carrier wave, no frequency-conversion terms can be obtained from (2.2), implying no energy

is coupled between the input signal wave and the waves at the sidebands. The directional
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dependency of the parametric conversion can be thus used to develop nonreciprocal compo-
nents. Such directional dependency is capable of separating the signals traveling in opposite
directions into different frequency bands at the two ends of the transmission lines. The
resulting nonreciprocity is intrinsically broadband as it is not as resonance-based as a con-
ventional ferrite circulator. It promises low-loss and low-noise characteristics as the TVTL

only consists of reactance-based components.

Last but not least, the phase responses of the up-converted output signals trough the
TVTL, as shown in (2.5a), contain the phase of the carrier with either the signal phase
added to it at the upper sideband (¢, + ¢5) or subtracted from it at the lower sideband
(dm—0s). It means that by controlling the phase of the carrier ¢,,, the TVTL can function as
a phase shifter. It is shown in a practical TVTL model in Chapter 4 that such phase-shifting
feature can be also utilized to create an additional dimension of phase diversity between the

transmitted and received signals for the purpose of further isolation enhancement.

2.2 Distributedly Modulated Capacitors as a Circulator

The theoretical TVTL model can be approached in practice by periodically loading a conven-
tional transmission line with variable capacitors in shunt, whose capacitances are modulated
by a carrier wave that travels on the same or a different transmission line but at the same
phase velocity as the signal wave, as illustrated in Fig. 2.2. The circuit is called Distributedly
Modulated Capacitors (DMC) to manifest the modulation of those distributed capacitors by
the traveling carrier wave. The DMC is a periodic structure, which is generally dispersive
with its low-pass cutoff frequency determined by the loaded capacitance and the density of
the capacitor placement [9]. The operating frequency can be selected to be much below its
cutoff frequency so that the dispersion can be insignificant. The DMC bears all the features
of a TVTL, including the property of up-converting the input signal to both sidebands of
the carrier and the nonreciprocity in this up-conversion dictated by the traveling directions

of the signal and the carrier waves. The dispersion of the DMC, on the other hand, can be
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utilized to suppress the second harmonic of the carrier frequency, by designing the cutoff
frequency below twice of the carrier frequency. This helps to prevent the formation of a

shock wave in the carrier line, as reported in [37,38].

In Fig. 2.2, a DMC is connected to an antenna on its right-hand side and a transceiver
on its left-hand side. A carrier is injected from the right-hand side of the DMC. The antenna
transmits and receives signals at the same frequency. The signal received by the antenna
travels toward the transceiver, and this signal is up-converted by the carrier upon its arrival
at the transceiver, because it travels in the same direction as the carrier. The transmitted
signal, however, does not mix with the carrier. It remains at its original frequency all
the way to the antenna. Therefore, the transmitted signal and the received signal are at
different frequencies at the transceiver end of the DMC, and with a frequency diplexer, they
can be separated into a transmitter and a receiver port. The device illustrated in Fig. 2.2
plays the role of a circulator, if the receiver operating frequency is modified accordingly.
As aforementioned, the nonreciprocity of the device is obtained by taking advantage of the

additional dimension of the time variance of the transmission-line property.

I Transmit "\ \o—— I
"\ Receive
t t 1 t
TXL _|[~C]| Transmit—> <—Receive
~z

T pEfpf

Az <—Carr|er

\”—.
>I
N

Z
[ <—\NW Carrier

Figure 2.2: Concept of the proposed DMC for circulator application.
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2.2.1 Isolation of Finite-Length DMC

For a finite-length DMC, the isolation between the transmitted signal and the received signal
is limited. The theoretical performances of the conversion gain and isolation offered by the
DMC can be derived. Each variable capacitor is considered as a capacitive mixer, which
multiplies the carrier and the signal wave arriving at that capacitor [48-50]. In Fig. 2.2,
N capacitors are distributed along the upper transmission line with equal separation length
of Az. Their capacitances are modulated by a single-tone carrier wave traveling in the
+z direction in the lower transmission line. For simplicity, only the first-order term of the
capacitance modulation is considered, which implies the following relationship between the

capacitance and the carrier voltage:
C(vm) = Cqg+ Cy - vy, (2.6)

where Cy is the mean capacitance of the varactor, C'; is the capacitance modulation sensitiv-
ity, which is defined as the amount of capacitance variation per unit voltage, and v,, is the
voltage of the single-tone carrier wave, which follows a uniform amplitude distribution in the
+2z direction, when the transmission line loss and the loss from the varactors are ignored.

The voltage can be written in a complex form as follows:

1 , - 1 : .
Um(Z; t) = Vo cos(wmt — Bmz+ Qbm) — 5‘/:m()ejfl5rnejwm(t—z/vp) 4 5Vmoe—%’me—me(t—z/vp)7 (27)

where w,, is the angular frequency of the carrier, v, is the phase velocity of the carrier wave
on the transmission line, and /3, is the phase constant that satisfies ,,, = wy,/v,. The mean
capacitance Cy can be assumed zero or, in practice, considered to be embedded into the
periodic transmission-line structure. The capacitance modulated by the carrier voltage at

the 7th variable capacitor thus takes the form of

C(iAz,t) = Cy - vy (iAz, 1)

1 . . . 1 . . .
= 501Vm06]¢m€ij(t_ZAz/vp) + 5OlVmoe_]d)me_]wm(t_lAz/vp), 1=1,2,..., N, (28)
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where Az is the length of the transmission-line section between each adjacent pair of variable

capacitors. Let

Ci (t) = Cl Vm0€j¢m ejwm(tfiAz/vp) (29)

be the complex-valued expression of the real-valued time-varying capacitance C(iAz,t) so
that
1

Clinz, 1) = S Cilt) + %c;(t), (2.10)

where the superscript * denotes the complex conjugate.

Assuming the same phase velocity for all the signal waves, as expressed in (2.4), one can
express the voltages of the received (RX) and the transmitted (TX) signals in a similar way

to the time-varying capacitance expression:

V™% (2,t) =V cos (wst — Bsz + gb?X)

1 . , 1 . . 1 1
= Ve eI ) o ST (R = SV (2 4) 4 SV (20, (210

v1X(z,t) = Vj cos (wst + Bsz + gb;rx)

— %%em?‘ejws(wz/vp) i l%e—mzxe—jws(m/w) - %VTX( 2t) + %VTX*(Z,t), (2.12)

2
where
VEX(2,t) = %ejd’gxej%(t_z/””), (2.13)
VTX(2,1) = Voel?s " edws(t+2/v) (2.14)

It is assumed in (2.11) and (2.12) that both received and transmitted signals are at the same

frequency w, with identical amplitude Vj, but traveling in opposite directions.

When the received signal from the antenna is injected into the DMC, the voltage across
each variable capacitor at the frequency of w, generates currents at both frequencies of

Wy + ws, because [50]

d 1
i (t) = = [CAz ™ (A2, )] = 5 [ (8) + Lnto () + Lo (6) + Tt (1)
(2.15)
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where

1
Iiys(t) = 5 (wm + w) GV (iAz, 1), (2.16a)
I(1) = g (wn — ) GOV (1A, 1) (2160)

represent the complex-valued expressions of the currents generated at w + w, and w — ws,
respectively. The currents each split evenly and propagate towards the two ends of the

transmission line, exciting voltages at both frequencies w,, & ws; which are written as

1
V;?Z(:I:s(t) =—Zp- §Izlj{r>rz(:ts(t)
=—Zp 'J%(wm £ W, ) O Vygoed O edeomt=ibe/vn) 1y o0 ojuos (t=ifz/vp)

i o w0,) 25y Vi VT On ) | gilmatin) itz
4 m S m
= _j * e mis‘/()ej(¢mi¢gx) : ej(W7yL:th)(t_iAZ/Up)’ (217)
where Zp is the Bloch impedance of the periodically loaded transmission line and

1
Jemts = Z(Wm + ws)ZBclva (218)

are the conversion gains of each capacitive mixer for both sidebands of w,, + w,. The up-
converted signals from all the capacitive mixers arrive at both the transceiver and the antenna

ends. They are, respectively, summed up after certain phase delays, which become

N
Kiﬁsceiver,m:ts(t) = Z ‘/i%(:ts [t - (N - Z)AZ/UP]
=1
N
= =79 misvoej(dmiqﬁSRX) Z ej(wmiws)(t—NAz/vp)
=1
= — N Go s Vo&d OmEOT) L giwmzwn)(t=NAz/v) (9 19)
N N
‘G%iinna,m:l:s(t> = Z ‘/2}73;:5 (t - ZAZ/UP) = —] . gc’mis%ej(@nid’?x) Z ej(wmiws)(t—QzAz/vp)
=1 =1
N
= —j- g misvoej(gbmmljx) . e (wmEws)t Z o I2(wWmtws)idz /vy (2.20>
=1
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It is obvious that the up-converted signals add in phase when they arrive at the transceiver
end while they cancel with each other as they arrive out of phase at the antenna end. It
is thus possible to retrieve the received information at the transceiver from the gross up-

converted signal, which is expressed in the real-valued time domain as

tra (1) = Vt

Utransmever m=Es

ransciever, mis( ) Vvtlr%a}ri:mever m=Es (t)

= NGgemasVosin [(wm £ ws)(t — NAz/vy) + ém £ 0] . (2.21)

It is shown in Section 2.2.2 that (2.21) is consistent with up-converted terms in the TVTL

solution in (2.5).

Similarly, when the transmitter injects a signal into the transmission line from the
transceiver end in Fig. 2.2, the corresponding up-converted signal voltages generated at

the ith capacitor in the complex-valued form are
Vlmis( ) =—j G mis%emmm;“) . pil(WmEws)t—(wmFws)idz/vy] (2.22)

The up-converted TX signals arriving at the two ends of the transmission line are thus

N
‘/transcelver m=s (t) Z V; ;m=s [t - (N - Z)AZ/UP]
=1

N
=—j-q misvoej(qsmm;fx) Z i l(wzws) (t=NAz/vp)£2051 A7 /v

i=1
N
Vel @mEd:™) | gilwmtws)(t=NAz/vp) Z eHI2wsilz/vp (9 93)

i=1

= _j *Jemts

N
X . . i(prmEpT™ j[(WimFws ) t—2wmiA
‘/e-),ntenna m:l:s Z V;m:l:s ZAZ/UP) = =7 gc,mis%ej((b s )Zeﬂ[(w ws)t—2wm Az /vp]
=1

N
= _j ' gc,mis‘/()ej (@m* ¢TX) (wmin) Zeiﬂwmz'AZ/vp' (224)
=1

It is evident that the up-converted TX signals arrive out of phase at both ends of the

transmission line and thus cancel each other when summed. This implies that the transmitted
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signal should pass through the DMC with virtually no attenuation, as there is little conversion

of the transmitted signal to other tones.

As the diplexer placed at the transceiver end in Fig. 2.2 separates the up-converted signal
and the original signal injected by the transmitter, the isolation between the transmitter and

the receiver can thus be defined with respect to either of the sidebands w,, + wy:

N ; .
ISO _ t?ai(lsceiver,mis _ l Z eijQwsiAZ/vp _ i 1— @i]2wsNAZ/UP _ SlH(CUSNAZ/’Up)
s V;;Egr(lsceiver,mis N i=1 N | 1 — efisdz/vy NSin(wsAZ/Up) .
(2.25)

Such isolation is called transmitting-versus-receiving (TX/RX) isolation [23], as the up-
converted TX leakage is normalized by the up-converted RX signal, which both are pro-
portional to the capacitance modulation. The isolation also turns out equal in amount,
whichever sideband is picked for signal reception. When the DMC is dispersive as in prac-
tice, however, the isolation may not follow strictly the SINC function in (2.25) and become
different at different sidebands. A more general isolation equation without assumption of
equal phase velocity or nondispersion is provided in Appendix B. When converted to decibel

(dB), the isolation should be

(2.26)

in(w, NA
1SO,.4, in dB = 20log,, {Sm(""s 2/ vp) } .

N sin(ws;Az/vy,)
The isolation is usually of negative value in dB as plotted in the figures shown in the later
chapters, which is opposite to the conventional definition that describes the isolation in
positive-dB value. However, in the text we comply with the convention so that the negative
sign is often blurred as a common practice in many literatures, and the more negative in dB

defined by this equation, the higher isolation is truly meant.

It should also be noted that (2.25) represents a Fourier transform relationship between
the amplitude distribution of capacitance modulation and the frequency-dependent TX/RX
isolation characteristics of the DMC. Such a relationship is similar to that between the
antenna element excitations and the far-field radiation pattern of a linear phased array.

A uniform capacitance modulation along the transmission line results in a discrete SINC

19



function in its frequency-dependent isolation characteristics as evidenced by (2.25), whose

first null appears when the following condition is satisfied:
wsNAzJv, =1 = NAz=)\/2. (2.27)

Therefore, broadband isolation is achievable once the electric length of the DMC is longer
than A/2. However, high sidelobes may exist even in the isolation region and they decrease

slowly as frequency increases, as it is designated by the SINC function in (2.25).

To obtain lower sidelobes, one may follow the strategy used in the field of phased-array
pattern synthesis where a window is applied to the element excitations to reduce the radiation
leakage after Fourier transform. It is equivalent to tapering the capacitance modulation
amplitude in the DMC case. The complex-valued capacitance modulation at the ith variable

capacitor, originally expressed as (2.9), is now multiplied with some weighting coefficient w;:
Ci(t) = w;iCy VipgelPmedomt=idz/ve) -y — 1 9 N, (2.28)

The weighting coefficient w; may be realized by using variable capacitors with different
modulation slopes or by tapering the carrier wave voltage imposed on each capacitor. The

isolation for the weighted DMC is thus

V T N +j2wsiAz /v
transceiver,mz+s § i—1 Wi J2wsiAz/vp
RX = N (2.29)
V .
transceiver,m=+s E i=1 Wi

A window generally results in lower sidelobes at the price of the increased main lobe. For
example, one could follow a Dolph-Chebyshev window [51] in the selection of w; in order to

obtain a specified equal-sidelobe level in the isolation region, as later shown in Fig. 3.3.

2.2.2 Conversion Gain of Finite-Length DMC

As the up-converted signals are combined coherently at the transceiver end of the DMC,
as illustrated in (2.21), the gains of the RX signal after up-conversion to both sidebands at
wy, T w, are thus given by

Vs (t)

transceiver,m=+s

VEX(0, 1)

N
ij:s = = Ngc,mis - Z(wm + ws)ZBclvmm (23())
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or in decibel,

N
Gms in dB = 201og, {Z(wm + ws)ZBC’IVmO} ) (2.31)

On the other hand, the conversion gains of the RX signal can be derived from the TVTL

theory as in (2.5):
Vmis<z) o 1 ﬁmis . ( )
R A U A (2:32)

For short distance, i.e., z < Ag /f\/i, and small capacitance modulation index &, a small-

variable approximation can be applied to the sinusoidal function in (2.32), which leads to

Vmis(z) s Lﬁmis .
Vo V2 Bs 2\/_

The length of the transmission-line between two adjacent variable capacitors Az in the

iz = 1Ehmsa (2.33)

DMC is assumed to be much shorter than the signal and the carrier wavelength to assure
that both the signal and the carrier operate below the dispersive region. The following

approximations are thus valid:

Cl Clvm(]/AZ Clva
=" = 2.34
S0 (Cat Cine) /B2~ Tyt Cine (2.342)
+
Brts = M (Wi £ W) VI (Ca 1 Cime) /A, (2.34D)

L/
Zp = == 2.34
b C, \/ Cd + Chne /AZ ( ; C)

where Cyy,e is the capacitance of the transmission-line section between each neighboring pair

of varactors. Substituting (2.34) into (2.33) yields

1 L NAz N
~ — + . ~ — tw,)Z 2.
401Vm0(wm ws)\/(cd + Cljne>/AZ AZ 4 (wm ws) BCIVm(M ( 35)

Vmis(NAZ)
Vo

which is in the identical form as (2.30). It is evident from both (2.30) and (2.35) that
the up-conversion gain is proportional to the number of varactors as well as the amount
of the capacitance variation, until the small-variable approximation can no longer hold.
The aforementioned capacitive mixer analysis of the DMC can thus be considered as an
approximation of the time-varying transmission-line theory for cases of short propagation

distance, small capacitance modulation indices, and dense capacitor loading.
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2.2.3 Noise Performance of Finite-Length DMC

Ideally, the DMC introduces no noise if both transmission lines and varactors are lossless.
In reality, these two loss mechanisms do exist, by which thermal noise is introduced into
the structure. To simplify the discussion, one can assume the DMC consists of ideal lossless
transmission lines with lossy varactor diodes, in which case the loss of the transmission lines
is incorporated into the varactor diode loss. The noise of the DMC arriving at the receiver
port is a combination of two types of noise. The first type is the thermal noise emitted from
the varactors’ resistive loss at the original received frequency and then up-converted to the
receiver band by the DMC. The second type of noise is the thermal noise directly emitted to
the up-converted receiver band by the series resistance in the varactors. Both of them can be
derived by assuming an equilibrium condition, i.e., that the amount of noise power generated
by the structure equals the amount of noise the structure dissipates when a thermal resistor
at the room temperature is assumed at the input. The equilibrium condition indicates that

the amount of noise added by the structure at the original received signal frequency wy is
Ppos = Pyo(1 —e72%7%), (2.36)

where P,,o = kTy B is the noise power emitted by the thermal resistor at the room temperature
Ty, and a4 is the attenuation constant of the transmission line loaded with the lossy varactors.
The noise power can also be considered as a summation of the thermal noise power generated

by the resistance of each varactor, which is
1 N
Poo=— § 02 = 2 (2.37)

where v,,; is the noise voltage generated across the ¢th varactor and they are assumed to have
the same root mean square (rms) value v,. When the noise is up-converted to the receiver
band after being mixed with the carrier signal, the noise of the first varactor is up-converted

with the maximum gain as it will flow to the rest of N — 1 mixers being up-converted. This,
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substituted with (2.36) and (2.37), results in the total up-converted noise power to be

2 N
Pramse = 525 SV — i g, = TN
i=1

N3g2 w2 N2g? N2g:
o D Jemttn M demtsp o X demds g deenyp (9 38

375 - 3 e 3

The power of the second type of noise is obtained by the same equilibrium equation, however,

at the up-converted frequencies:
PnZ,m:I:s = nO(]- - 6_2amisz)' (239)

The noise figure is thus obtained as the ratio between the actual noise power versus the
noise power from an ideal noiseless amplifier that has the same gain if a room temperature

thermal resistor is placed at the input of either circuit, which is

Pn,total NQQ? mispno + Pnl,mis + Pn2,mis
NFm:I:s = = 7
NQQE,m:I:sPTLO NQQE,m:I:sP’nO
1 1 — g~ 2omEs?
=1+ (1 —e ) + ————. (240
* 3( ‘ ) - N2.gg,mis ( )
When loss is small, the following approximations can be applied:
1 — e 2% ~ 20,2 = @, (2.41a)
Qs
1 — e 20mEs? g Oy, 4z = ﬁmisz. (2.41Db)
Qmis
In addition, the conversion gain from (2.33) indicates that
1 2
N*G s = (Zéﬁmisz> : (2.42)
The noise-figure formula can thus be rewritten (in decibel) as
18z 16 1
NF,,+s in dB = 101log (1—|————|———>, 2.43
* 10 3 Qs 62 Qmisﬁmisz ( )

where ), and (),,+5 are quality factors of the loaded transmission line, respectively, at the

original received frequency and the up-converted frequencies, which are estimated as

C’ine

Q, ~ (1+ : )Qd,s, (2.44a)
Cq
Cine

Qm:l:s ~ <1 + Cl, ) Qd,m:l:& (244b)
d
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where Qs and Qq.m+s are, respectively, the quality factors of the varactor diodes at the
original received frequency and the up-converted frequencies. From (2.43), one can see
that the second type of noise dominates, until the structure is significantly longer than the
wavelength so that the power of the first type of noise will rise to be comparable. It is also
evident from (2.43) that varactors with high quality factors and high capacitance modulation

indices will result in a low-noise DMC.

2.2.4 Power/Linearity Performance of Finite-Length DMC

It is evident from (2.30) that the receiving conversion gain of the DMC is proportional to the
carrier voltage V0. In addition, (2.43) indicates that the capacitance tuning range of the
varactors needs to be fully utilized to achieve a high capacitance modulation index & for the
benefit of the noise figure. However, the selection of £ is limited by the linear capacitance
tuning range of the varactor device. If the tuning voltage required for a certain capacitance
modulation index is between Vo , the required carrier power on the transmission line is
thus )
carrier = %. (2.45)
For typical GaAs varactors, a tuning voltage of approximately +3 V is often used for ca-
pacitance tuning with good linearity, which corresponds to a typical capacitance modulation
index ranging from 15% to 25% and a carrier power requirement of 20 dBm on a 50-) trans-
mission line. It should be noted that the carrier power serves only as a dynamic biasing
voltage driving a capacitive load. It does not incur intrinsic power dissipation, except those
dissipated on the transmission line and varactor resistance. The carrier power requirement
can thus be relieved by either recycling the leftover carrier power at the end of the carrier line
or using a buffer amplifier to drive each set of varactors to provide the needed carrier voltage.
The carrier power dissipation on the transmission line can thus be minimized. The linearity

of the DMC is generally more favorable to the transistor-based technology, as the receiving

third-order intercept point (IP3) can be as high as the carrier power and the transmitting
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IP3 can be much higher than the carrier power, as demonstrated by the simulation results

in Section 3.1.1.

The carrier power requirement can be significantly lower without sacrificing the receiving
conversion gain if more sensitive varactors such as CMOS varactors are used. The same
capacitance modulation index can be achieved with a much smaller tuning voltage for these
devices. However, the IP3 in those cases would scale down proportionally to the carrier

power.
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CHAPTER 3

Practical DMC Designs

3.1 DMC Design on PCB

One challenge in designing the DMC is that the three-port variable capacitors shown in
Fig. 2.2 are either not available in practice or not sensitive enough to achieve high capacitance
modulation index &. One simple realization of the DMC is to place both the carrier and the
signal on the same capacitor-loaded transmission line, which would require diplexers with
sharp cutoffs at the ends of the DMC to separate the signal and the carrier. This is what
is implemented in our MMIC design introduced in Section 3.2, as complex design is highly

constrained in the integrated circuit.

For the PCB design introduced in this section, we utilize two pairs of differential transmis-
sion lines loaded with reversely-biased varactor diodes in a double-balanced fashion. They
are used to carry the carrier wave and the signal wave separately, as shown in Fig. 3.1a. C+

C+ , . . ,
Bondingwires  Bonding wires

S+ C+ii S+ IIC- C+II S- IIC
\Varactor diodes,/

C-
(a)

(b)

Figure 3.1: DMC implemented in double-balanced fashion. (a) Transmission-line realization

with two units shown. (b) Microstrip-line implementation with one unit shown.
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and C- represent the carrier transmission lines, and S+ and S- represent the signal trans-
mission lines. A simple analysis can show that these two transmission-line pairs are isolated
from each other due to the symmetry, which leads to the fact that each transmission-line
pair appears to be right on the virtual ground of the other one. The voltage of the carrier is
considered as the dominant source modulating the capacitance of the varactor diodes loaded
to the signal lines for two reasons. First, the carrier power is often selected to be much
stronger than the signal power. Second, the double-balanced connection of the varactors
achieves a certain degree of cancellation to the capacitance modulation caused by the signal
voltage and its odd harmonic terms. The same concept can be realized on microstrip lines
by splitting each carrier line and placing them symmetrically on both sides of each signal

line, as demonstrated in Fig. 3.1b.

A 16-unit DMC with 64 variable capacitors evenly loaded between two pairs of transmis-
sion lines following the schematic of Fig. 3.1a is studied using Agilent ADS harmonic-balance
simulations. The varactor model assumes a linear voltage-dependent capacitance. The trans-
mission lines are ideal and each of them is four wavelengths long at the frequency of 6 GHz.
The carrier frequency is selected to be 4.23 GHz. The characteristic impedance of the trans-
mission line is 62.5 {2 and each capacitor has a DC capacitance of 0.36 pF with a maximum
capacitance variation of £0.14 pF driven by 19-dBm carrier power per transmission line
(22 dBm in total). The transmission line after the capacitor loading is calculated to have a
Bloch impedance of 43 Q [9]. The frequency-dependent Bloch impedance and phase delay
per unit of the designed periodical structure are plotted in Fig. 3.2, which shows the cutoff
frequency is slightly higher than 6 GHz, and the second harmonic of the carrier at 8.46 GHz

is well rejected.

3.1.1 Simulated Performances

The TX/RX isolation, noise, conversion gain, and power /linearity performances of the pro-

posed DMC are evaluated in simulation and compared with the theoretical prediction.
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Figure 3.2: Dispersion behavior of the designed periodically loaded transmission line.
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nonuniform capacitance modulations in the DMC.
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The TX/RX isolation of the proposed DMC design is simulated for both uniform and
nonuniform capacitance modulation cases and the results are plotted in Fig. 3.3. The an-
alytical results obtained from (2.25) and (2.29) are also plotted along with the simulation
results. In the two nonuniform capacitance modulation cases, two Dolph-Chebyshev win-
dows with 30-dB equal sidelobes and with 45-dB equal sidelobes are, respectively, applied.
The analytical results agree well with those obtained from the circuit simulations except at
particularly high isolation levels (> 45 dB) where the imperfect linearity of the capacitance
modulation starts to affect the isolation performance. It is also observed in Fig. 3.3 that the
uniform modulation leads to the lowest isolation cutoff frequency with the highest sidelobe
at a level of —13 dB, while in nonuniform modulation cases, the sidelobes drop significantly

at the price of the increased isolation cutoff frequency in the lower end.

The noise performance of the same DMC setup is simulated with a low-pass filter placed
at the input to prevent the thermal noise at the higher frequency from entering the up-
converted receiving band. The quality factor of the varactor diode is assumed to be 3000 at
0.5 pF and 50 MHz (the M/A-COM varactor model), and this quality factor is scaled down
to higher frequencies for different capacitance value according to the inverse relationship
Q4 = 1/wR,Cy. The simulated noise figure as a function of the original received frequency
along with its receiving conversion gain is plotted in Fig. 3.4 and compared with the theo-
retical prediction based on (2.43) and (2.30). Both the conversion gain and the noise figure
simulation results agree well with theory, except that a small deviation is observed when the
signal frequency is drawn very close to the cutoff frequency of the input filter (2 GHz). The
conversion gain is positive in dB when the frequency is lower than 700 MHz and it drops
to —4 dB at the higher end of the frequency band. The predicted noise figure is mostly in
the range of 0.9 — 1 dB, which is considered to be excellent performance over such a broad

bandwidth.

The power/linearity performance of the DMC under a large-drive signal is also simulated.
Both the linear response and the cubic response as functions of the input power are plotted

in Fig. 3.5. The signal’s input frequency is 1 GHz for the linear-response test. For the two-
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tone cubic-response test, two equal-power signals with 30 MHz separation around 1 GHz
are injected. It is observed that the received power starts to compress when the RX input
approaches 10 dBm. The output IP3 of the receiving path is 20 dBm, comparable to the
carrier power, while the simulated TX output IP3 is 33 dBm, much higher than the carrier
power. Therefore, a safe margin for linear operation is to have the received signal power
10 dB lower than the carrier power, while the transmitted signal power is selected to be

comparable to the carrier power.

3.1.2 Experimental Results

A DMC prototype is fabricated on a Rogers circuit board and shown in Fig. 3.6. The DMC
is composed of 16 units of double-balanced varactor diodes. Each unit is realized according
to the structure depicted in Fig. 3.1b, where four varactor diodes connected in a loop and fed
by the transmission lines at the junctions. The dielectric constant of the substrate is 3.55.
The total area occupied by the core DMC part is 128 mm x 10 mm. The design objective
is to have the first null of the isolation curve at 500 MHz. From (2.27), the linear length
of the structure is designated by half of the substrate wavelength at this first null. If the
frequency is scaled up to 10 GHz and high-dielectric-constant substrate is used, the linear

length of the structure will be 1/20th to 1/40th of the current one, which can fit in a chip
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Figure 3.6: Photo of the DMC prototype on Rogers PCB with 16 units of double-balanced

varactor diodes loaded on the microstrip lines.
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area of 2 mm x 2 mm. The unloaded microstrip-line impedance is designed to be 125 ()
for each carrier line and 62.5 €2 for each signal line. The varactors are GaAs hyperabrupt
junction diodes made by M/A-COM. Fig. 3.7 shows the capacitance-voltage relation of the
varactor diodes. They are reversely biased with a voltage of 7.15 V to generate a mean
capacitance of approximately 0.36 pF. Including the mean capacitance loading yields a 43-£)
Bloch impedance for each signal line and 80 €2 for each carrier line. The carrier voltage
swing is £3.45 V, which results in a capacitance variation of £0.14 pF and an estimated

capacitance modulation index of 0.18.

It should be noted that the phase-velocity match condition between the carrier and the
signal wave, as indicated in (2.4), is crucial for good conversion gain and isolation perfor-
mances. As the DMC is a periodic structure, one must be aware that the signal and the
carrier do not operate in a dispersive region or anywhere close to the cutoff frequency of
the structure. As the density of the capacitor loading determines the cutoff frequency of
the periodical structure, a high operating frequency implies a dense placement of varactor
diodes in the structure, which may enable IC-based implementations. Therefore, although
the signal information can be retrieved from either or both of the sidebands at w,, + ws,

the received signal from only the lower sideband w,, — w; is considered in the following ex-
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Label | Name Model Number | Nominal Frequency Range
I Synthesized Sweeper | HP 8340A 10 MHz — 26.5 GHz
O Spectrum Analyzer | Agilent 8565EC 9 kHz — 26.5 GHz
D DC Power Supply Agilent E3620A | N/A
T Bias Network HP 11612A 45 MHz — 26.5 GHz
S Power Splitter HP 11667B DC - 26.5 GHz
H 180° Hybrid Coupler | Narda 4346 2 GHz — 18 GHz
B Broadband Balun Marki BAL-0006 | 200 kHz — 6 GHz

Table 3.1: List of the instruments and the components involved in the measurement for the

DMC. Refer the labels to Fig. 3.8b.

periments. This is to accommodate a lower cutoff frequency of the periodic structure and

sparser diode placements.

The measurement setup for the fabricated DMC is shown in Fig. 3.8. Baluns are used to
convert the single-ended signals to differential input/outputs. Splitters are used to provide
an extra path to the spectrum analyzers to monitor the signals. A carrier at the frequency
of 4.23 GHz is injected into the carrier line from the left-hand side, with a power level
of 26 dBm. As the balun has a loss of approximately 3 dB, plus the bonding wire and
interconnect loss, the actual carrier power entering into the circuit is estimated to be lower
than 23 dBm (20 dBm per line). A signal source at the level of —10 dBm is employed as
the received signal injected into the line, if it is connected to the same side as the carrier, or
the transmitted signal if it is connected to the other side. Spectrum analyzer 2 records the
up-converted tones of the received signal and the transmitted signal as the outputs of the
DMC to the transceiver. The instruments and the components used for the measurement
are listed in Table 3.1. The performances of the DMC, such as the TX /RX isolation, the TX
insertion gain, and the RX conversion gain, are evaluated based on the difference between

these recorded signal levels and the original level of the input signal.
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Figure 3.8: Measurement setup for the isolation and conversion gain performances of the

DMC. (a) Photograph. (b) Diagram.
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The measured TX/RX isolation with regard to the lower sideband w,, — w; is plotted in
Fig. 3.9 in comparison with the results obtained from ADS circuit simulations theoretical
derivation in (2.25). Due to the high carrier frequency and the narrow width of the trans-
mission line, it is found that the transmission-line attenuation to the carrier wave cannot
be ignored in analyzing the experimental results. A nonuniform weighting defined by the

following equation is then applied when (2.29) is used to derive the analytical result:
w; = e~ IAE (3.1)

where a, is the attenuation constant of the carrier line, which can be estimated through the
measured insertion loss of the carrier, which is approximately 2 dB in this case. The isolation
is measured to be greater than 13 dB over the frequency range of 0.45 — 1.8 GHz, which also
agrees well with both the analytical result and the simulation result. The largest isolation
of the DMC is achieved around the frequency of 500 MHz with an isolation of greater than
30 dB.
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Shown in Fig. 3.10, the measured insertion gain for the transmitted signal is in an average
level of 0.5 dB and no more than 1.25 dB over the frequency range of 0.45 — 1.8 GHz, while
the theoretical prediction and the simulation result are 0 dB. Fig. 3.11 shows the measured
conversion gain for the receiving path, defined as the ratio between the voltage of the up-
converted received signal at the lower sideband w,,, —w, and the original received signal input
at w,. The measured result agrees well with the simulation result and the analytical result.
It is noted that the conversion loss increases along with the increase of the signal frequency
as predicted by (2.30). This trend could be reversed in a design with higher transmission-
line cutoff frequency, as the up-converted signal at the upper sideband can be used. The
measured maximum RX loss is around 3 dB at the highest signal frequency of 1.8 GHz. The
ripples observed in Fig. 3.10 and Fig. 3.11 are both believed to be caused by the imperfect
match of transmission line impedance to 50-§2 ports and the imperfect calibration of the
impedance mismatch introduced by the broadband baluns. It is also noted that a small
amount of positive-dB gain is observed in the experiment for frequencies below 700 MHz,

which is also predicted by the theory.

3.2 DMC Design on MMIC

The complexity of developing the DMC or the TVTL on a PCB is enormous as it requires
attaching many diodes to transmission lines through wire bonds or other packaging tech-
niques. On-chip integration of the DMC is beneficial in reducing the undesired parasitics
and package uncertainty. Integration is also necessary in order for the proposed circulator
to be deployed extensively in RF front ends of mobile communication systems such as those
in full-duplex radios. In general, on-chip integration requires simple transmission line con-
figurations for ease of miniaturization and reduction of parasitics and loss. It will be shown
that simply meandering the transmission line can result in a fairly small IC area of a few
squared millimeters for DMC circulators to operate throughout almost the complete cellular

spectrum. Varactor diodes with large range of capacitance variation are desired which may
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(b)

Figure 3.12: (a) Photo and (b) illustration of the DMC MMIC realized on 0.25 um GaN

process. 24 GaN Schottky diodes are in shunt of the meandered microstrip line.

be derived from either a standard varactor process offered by some IC technologies or just a

Schottky diode as part of the standard Field Effect Transistor (FET) process.

Shown in Fig. 3.12 is an example of the DMC MMIC fabricated with Northrop Grumman
Aerospace System 0.25 um GaN HEMT technology. The intended operating frequency is
from 0.5 GHz to 2.5 GHz. The physical size of the MMIC is 4.8 mm x 3 mm, which is about
1/100th of the area of the PCB version in Fig. 3.6. The MMIC is composed of 24 units of
varactors periodically loaded on a meandered microstrip line, where both the carrier and the
TX/RX signals propagate. The unloaded transmission line is 41 mm or two wavelengths long
in total at 6 GHz on GaN/SiC substrate. 6 GHz is also the chosen frequency of the carrier
that modulates the DMC. The characteristic impedance of the transmission line is 75 2.
Each diode has a periphery of 8 x 75 = 600 um and it is estimated to have a capacitance of
0.4 pF biased at 4.5 V and 0.33 pF biased at 5.5 V. With the capacitors loaded in shunt,

the Bloch impedance of the DMC as a periodic structure is approximately matched to 50 2.

3.2.1 Linear S-Parameter Test

The MMIC is mounted on a probe station for standard S-parameter test first to confirm its

impedance match and passive loss, then followed by a mixer test to examine its parametric
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Figure 3.14: Measurement setup for the circulator performance test of the DMC MMIC.

frequency-conversion performances. Fig. 3.13 show the measured small-signal S parameters
at two biasing voltages, 4.5 V and 5.5 V, including the return loss and insertion loss of the
chip, compared with the simulation results incorporating the meandered microstrip line and
through-substrate via structures simulated in ADS Momentum. The simulation results agree
with the measured results very well, both indicating a fairly good impedance match at the
frequency of 0.5 — 2.5 GHz. The 5.5-V-biased DMC is slightly better matched to 50 €2 than
the one biased at 4.5 V. The measured passive insertion loss ranges from 1.3 dB to 2 dB

over the same frequency range.

3.2.2 Nonlinear Frequency-Conversion Test — Circulator Performance

To measure the parametric circulator performance, an Agilent PNA-X with four ports and
dual sources is used. A single-tone carrier at 6 GHz is generated by the PNA-X connected
to Port 4 as denoted in Fig. 3.14. The carrier is combined through an external diplexer
with another low-frequency RF signal generated from the second source of the PNA-X that
is sweeping from 0.5 GHz to 2.5 GHz. The RF input is connected to Port 1 for RX test
and Port 2 for TX test. The detailed test procedure is described as follows. For RX test,
the combined signal is injected into the left-hand side of the MMIC as shown in Fig. 3.14.
The external diplexer on the right-hand side of the MMIC separates the up-converted RX
output from the low-frequency TX input and sends the output of Port 3 to the PNA-X for
reading of the power at the up-converted frequency. This power versus the RF input power

is defined as the RX conversion gain. For TX test, the low-frequency RF signal is injected
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into Port 2, with the output of Port 1 at the original frequency versus the input read as the
TX insertion loss, and the output of Port 3 at the up-converted frequency versus the input
read as the TX leakage ratio. The TX/RX isolation is thus defined as the TX leakage ratio
versus the RX conversion gain. As the input signal is swept from 0.5 GHz to 2.5 GHz, the
up-converted band is thus at the carriers upper sideband from 6.5 GHz to 8.5 GHz. Note
that the upper sideband is often preferred as a higher RX conversion gain can be potentially

achieved as indicated by (2.5d).

Fig. 3.15 display the measured parametric circulator performance of the DMC MMIC at
the two conditions of varactors’” DC bias at 4.5 V and 5.5 V and carrier power at 21.4 dBm
and 24.8 dBm, respectively. In general, the RX signals, traveling along the carrier, achieve
positive-dB conversion gain over the interested frequency in both biasing cases with the
maximum gain of 2.4 dB. The DMC biased at 4.5 V achieves similar amount of parametric
gain to that biased at 5.5 V but under 3-dB less carrier power drive. This is due to the
increased capacitance variation sensitivity of the Schottky diodes at the lower DC bias,
which could result in the same capacitance modulation index with less voltage swing. The
measured RX conversion gain is compared favorably with the prior DMC MMIC design [32],
due to the fact that the diode capacitance is being more sensitive to the driving voltage and

a better yield process is used that assures the quality of the diodes.

The measured TX/RX isolations follow the theoretical SINC patterns as expected and are
greater than 10 dB over the input frequencies of 0.7 — 2.5 GHz. The measured TX insertion
loss of the MMIC is about 1.3 — 2 dB over the interested frequency, which is consistent with
the passive insertion loss derived from the small-signal S-parameter measurements shown in
Fig. 3.13. The insertion loss is mainly due to the high Ohmic loss of the thin microstrip line
on the MMIC platform and the series resistance of the varactors, which may be improved

with process of thicker metal and diodes with higher quality factors.

As the exact nonlinear capacitance model of the MMIC diode is not available, simulation

results are generated with linear capacitance model with estimated capacitance modulation

index & = 0.47 for 4.5-V biasing and ¢ = 0.43 for 5.5 V, which fit well with the measured
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Figure 3.15: Measured and simulated circulator performance of the DMC MMIC at (a)

4.5 V bias of the varactors and 21.4 dBm carrier power; (b) 5.5 V bias of the varactors and

24.8 dBm carrier power. The upper sideband w,, + ws is used for RX output.
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conversion gain, insertion loss and isolation results in both cases.
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CHAPTER 4

Isolation Improvement — Balanced DMC

When a finite-length DMC following the TVTL model is used as a T/R circulator, a remain-
der portion of the TX signal would be also up-converted to the receiving band and forms
the TX leakage to the receiver. The leakage versus the up-converted RX signal, defined as
the transmitting-versus-receiving (TX/RX) isolation in the DMC, follows a SINC function
of the input signal frequency, as formulated in (2.25), when the uniform carrier modulation
is assumed. In general, a broadband greater-than-13-dB isolation is expected from a single

DMC due to its traveling-wave operation.

It has been shown in simulation (Fig. 3.3) that with certain non-uniform carrier modula-
tion, greater than 40 dB isolation can be achieved. Regardless of the fabrication complexity,
the non-uniform modulation approach, however, raises the lower cutoff frequency of the isola-
tion and reduces the receiving conversion gain. A similar concept has been recently proposed
with electro-optic modulators where broadband isolation is also achieved with both uniform
and non-uniform modulations, yet the issues of insertion loss is unaddressed [23]. An al-
ternative way to improve the isolation without suffering reduced bandwidth and receiving
conversion gain is to utilize a balanced architecture [30,32], which will be elaborated in this

chapter.

4.1 Principles

The balanced DMC architecture can be utilized to add an additional level of isolation upon

what can be achieved with a single DMC with theoretically little cost in its performance.
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Figure 4.1: Block diagram of a balanced combo of two DMCs: the RX port is assigned at a
different port of the 90° hybrid from TX.

Balanced structures have been used with circularly polarized antennas [6,53] to isolate the
transmitting and receiving functions in a full-duplex system by taking advantage of the
phase diversity created at the different polarization components of the circularly polarized
antenna. Here, without resorting to polarization diversity of the antenna, the balanced DMC
architecture introduces phase diversity to the received signal through the carrier modulation.
The balanced DMC consists of a pair of identical DMC units that are quadraturely fed with
both the receiving and transmitting inputs, as shown in Fig. 4.1. The TX signal is split into
two paths through the quadrature couplers on the transceiver side and is combined at the
antenna port through the quadrature coupler on the antenna side. When carrier pumping
is not turned on in the DMC units, the received signal from the antenna, though being split
into two paths, must combine and travel to the TX port as governed by reciprocity. When
the carrier is injected, the received information is now carried over to the up-converted
frequency through the carrier modulation, and the up-converted RX signals through the
two DMC units can combine constructively at the RX port, if the phase difference between
the two carrier waves is properly set. Meanwhile, the TX leakage, being up-converted TX
signals that return from the DMC units, would combine destructively at the RX port, which

indicates an additional level of isolation.

In general, the carriers that modulate the DMC units can be chosen in phase or with

180° out of phase, depending on whether the lower or the upper sideband is used and of
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which port the received signal is taken out. Following the circuit diagram shown in Fig. 4.1,
the RX signal coming from the antenna is split by the first 90° coupler, becoming signals in

the two paths with a relative phase difference of
o = ORT = 90°. (4.1)

Assume that the upper sideband is chosen to be the up-converted, output RX band. The
split RX input signals entering the left-hand side of the DMC units experience the parametric
conversion. According to the phase term in (2.5a) or in (2.21), the difference in the phase

of the up-converted RX output signals at the right-hand side of the DMC units becomes

51)-(&-5,2 - 1T:{nf-s,l = (Cme + 52) (gbml + ) ¢m2 - ¢m1 + 900 (42)

where ¢,,1 and ¢,,2 are the phases of the carriers that modulate the DMC units. Thus, it is
evident that in order to combine the up-converted RX signals constructively at the RX port
by the second 90° coupler, one must set ¢,,2 = @1 — 180°, so that m+s 9 — Eﬁs’l = —90°.
Meanwhile, the TX signal coming from the TX port is split by the second 90° coupler,

resulting in two TX signals with phase difference of

Gaz — Ga1 = —90%. (4.3)

According to the phase term in (2.23), the finitely-small, up-converted TX signal in a finite-
length DMC also has the same phase modulation effect as the RX signal. Therefore, with the
same carrier phase condition as that in the RX case, the relative phase difference between the
up-converted TX signals that are not completely suppressed by the DMC units and reflected

back to the transceiver becomes

SEX = X 1= (Dmr + OIX) — (Dt + O1X) = P — byt — 90° = 90°. (4.4)

Then after the second 90° coupler, these leakage signals combine destructively at the RX port,
leading to an additional level of suppression of the TX leakage. Note that the transmitted
signals at the fundamental frequency travel through the DMC units without being disturbed

and combine constructively at the antenna port. Therefore, such balanced architecture can
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Figure 4.2: Block diagram of an alternative balanced DMC: the RX port is assigned at the
same port of the 90° hybrid as TX until separated by the diplexer.

achieve additional isolation without compromising the bandwidth, RX conversion gain and
TX insertion loss of the DMC except the increased complexity and loss from the external

90° couplers.

It has been shown that if the upper sideband is chosen for RX output, the carriers that
modulate the two identical DMC units should be set 180° out of phase. It is left for the
reader to prove that the carriers should be in phase if the lower sideband is chosen for RX
output. In addition, the RX port may not be necessarily assigned at the other port of the
second 90° hybrid than the TX port. It could be placed in the same port as that leading to
TX and physically separated from TX by a frequency diplexer, as shown in Fig. 4.2, where
then the combination of the carriers’ phase condition and the RX output band should be
interchanged. That is, the carriers should be in phase for RX output at the upper sideband

or 180° out of phase for RX output at the lower sideband.

4.2 Implementation and Measured Results

A balanced DMC module is developed by assembling a pair of the DMC MMICs introduced
in Section 3.2 on a PCB with commercial off-the-shelf (COTS) hybrid couplers, bias tees
and diplexers from Mini-Circuits listed in Table 4.1. The circuit diagram is illustrated in

Fig. 4.3a, along with the photos of the fabricated balanced DMC module in Fig. 4.3b and 4.3c.
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Figure 4.3: The balanced DMC prototype: (a) circuit diagram; (b) top view of the module;
(c) bottom view of the module. The size of the fabricated prototype is compared with that

of a U.S. penny.
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Description Model Name Nominal Frequency Range
Low-freq 90° hybrid | Mini-Circuits QCC-20+ 1.2 -2.2 GHz

High-freq 90° hybrid | Mini-Circuits QCS-83+ 4 - 8 GHz

Diplexer Mini-Circuits LDPW-162-242+ | DC — 1.65 GHz, 2.4 — 6 GHz
Bias Tee Mini-Circuits TCBT-14+ 10 MHz - 10 GHz

Table 4.1: List of COTS components used in the balanced DMC module in Fig. 4.3a.

Due to the challenge of finding a broadband quadrature hybrid coupler that can cover both
input (low) and output (high) frequency bands, separate hybrid couplers are employed for
each band, instead of just one proposed in theory. The circuit diagram basically follows the
simplified diagram in Fig. 4.2, where if the two hybrid couplers connecting to the RX port
and the TX port, respectively, were combined to be one, the RX port would be at the same
port of the coupler as the TX port. As diplexers have been placed between the DMC and
the hybrid couplers, the RX port is physically separated from the TX port. The quadrature
hybrid for the output band is soldered at the bottom layer of the 3-layer PCB, while the rest
of the components are mounted at the top layer. Through-hole vias are made to connect
the traces at the top layer to those at the bottom layer. The board measures a dimension
of 4.6 cm by 4 cm. Further miniaturization of the module is possible in the future with the
state-of-the-art multi-chip module (MCM) packaging techniques such as Low Temperature
Co-fired Ceramic (LTCC) process.

The 2-port small-signal S parameters measured between the TX and the antenna port
of the module is shown in Fig. 4.4. It is evident that the operating frequency is limited by
the bandwidth of the diplexer used in this module, which has a low-pass cutoff frequency of
1.65 GHz. Compared with the single DMC MMIC results in Fig. 3.13, the passband of the
balanced DMC module is now limited to 0.6 — 1.8 GHz. The in-band insertion loss is also
degraded by about 2 dB from that of the single MMIC due to the additional loss incurred
by the off-chip components. Particularly, each diplexer and each hybrid coupler introduce

about 0.5 dB, leading to a total loss of over 2 dB.
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Figure 4.5: Measured circulator performance of the balanced DMC at (a) 4.5 V bias of the
varactors and 21.4 dBm carrier power; (b) 5.5 V bias of the varactors and 24.8 dBm carrier

power. The upper sideband w,, + w; is used for RX output.
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The port-to-port measured results of the balanced DMC with parametric frequency con-
version are shown in Fig. 4.5, based on the same DC and carrier conditions used for mea-
surement of the single DMC chip in Section 3.2. The RX conversion gain becomes slightly
less than 0 dB due to the loss of the off-chip components. Similarly, the TX insertion loss
is increased to 4 — 5 dB throughout the interested frequency of 0.6 — 1.8 GHz. More than
20 dB TX/RX isolation is achieved throughout the whole band of 0.6 — 1.8 GHz, while more
than 25 dB isolation is observed within the frequency range of 0.95 — 1.8 GHz when the
DMC MMICs are biased at 4.5 V, and more than 30 dB isolation is observed over 0.8 —
1.3 GHz when the MMICs are biased at 5.5 V. Compared with the isolation results of a
single DMC shown in Fig. 3.15, more than 15 dB improvement has been obtained. The
low-frequency hybrid at the antenna-port side has a typical isolation of 25 dB between the
two coupled ports which may limit the achievable TX/RX isolation of the balanced DMC
module. Overall, the insertion loss and the isolation of the module can be further improved

assuming that the off-chip components can be custom made and integrated on package.

The power/linearity performance of the balanced DMC module is also evaluated through
large-signal measurements performed at the input signal frequency of 1 GHz. The measured
results for both biasing cases are plotted in Fig. 4.6 and summarized in Table 4.2. It is
evident that the DMC biased at a higher voltage can handle more power than that biased
lower. At 5.5 V DC bias and 24.8 dBm carrier power, the output 1 dB compression point
(OP1dB) is 26 dBm for TX of the balanced DMC module and 12 dBm for RX. One thing
should be noted is that the RX conversion gain may also be compressed under a high TX
input power as both TX and RX signals propagate in the same TVTL. In the measurement,
it is observed that RX output power starts to compress by 1 dB when TX input power is
beyond 22 dBm. The intermodulation products are also measured with the output third-
order intercept point (OIP3) being 30 dBm for TX and 22 dBm for RX. It has been discovered
in the experiments that the capacitance variation of the diode, though being sensitive during
the biasing voltage range of 4 — 6 V, saturates quickly when the voltage drops below 3 V or

greater than 7 V. This behavior may have caused the limited power handling of the DMC.
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Figure 4.6: Measured circulator performance of the balanced DMC at (a) 4.5 V bias of the
varactors and 21.4 dBm carrier power; (b) 5.5 V bias of the varactors and 24.8 dBm carrier

power. The upper sideband w,, + w; is used for RX output.
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4.5 VDC, 21.4 dBm Pc

5.5 VDC, 24.8 dBm Pc

TX/RX isolation

> 20 dB, 0.55 — 1.8 GHz
> 25 dB, 0.95 — 1.8 GHz

> 20 dB, 0.6 — 2.07 GHz
> 25 dB, 0.66 - 1.6 GHz
> 30dB, 0.72 - 1.3 GHz

RX conversion loss

<2dB, 0.5 1.8 GHz
Minimum -0.5 dB (gain)

< 2dB, 0.5 - 1.75 GHz
Minimum 0.4 dB

TX insertion loss

< 5dB, 0.5 - 1.8 GHz
Minimum 3.3 dB

< 5dB, 0.5 -1.73 GHz
Minimum 3.4 dB

TX OP1dB @ 1 GHz 25 dBm 26 dBm
RX OP1dB @ 1 GHz 7 dBm 12 dBm
TX input at RX P1dB @ 1 GHz | 15 dBm 22 dBm
TX OIP3 @ 1 GHz 27 dBm 30 dBm
RX OIP3 @ 1 GHz 15 dBm 22 dBm

Table 4.2: Summary of the measured performance of the balanced DMC module.
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With better optimized diode epitaxial structures, it is possible to optimize both the range
and the sensitivity of the capacitance variation, which will lead to more robust performance

of the DMC front-end in both efficiency and power handling in the future.
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CHAPTER 5

Conclusion

This work presents the idea of utilizing nonreciprocity of the time-varying transmission line
(TVTL) for broadband circulator application. The TVTL translates the direction difference
of wave propagating in it into the difference in frequency based on its unidirectional frequen-
cy conversion property. A circuit with distributedly modulated capacitors (DMC) has been
proposed to approach the TVTL and develop a broadband nonreciprocal microwave compo-
nent functioning as a circulator. The DMC does not require ferrite and it would be readily
integrated into a complete transceiver front-end even at the lower end of the microwave

frequency spectrum.

Theoretical analyses based on both TVTL theory and the insight from distributed capac-
itive mixers are presented. They both lead to identical conclusions about the performances
of the DMC, including the receiving conversion gain and the isolation. Simulations have
validated the theory and demonstrated that the DMC features broadband synthesizable

isolation, low conversion loss, low noise figure, and high IP3.

Microstrip prototypes of the DMC were fabricated both on Rogers PCB and on GaN
MMIC to validate the performances and the compatibility of the DMC with IC technology.
The PCB DMC has shown in measurement over 0.45 — 1.8 GHz more than 13 dB isolation,
less than 3 dB receiving conversion loss at the lower sideband, and less than 1.25 dB trans-
mitting insertion loss, while the MMIC DMC has demonstrates over 0.7 — 2.5 GHz more
than 10 dB isolation, up to 2.4 dB receiving conversion gain at the upper sideband, and less

than 2 dB transmitting insertion loss.

To further improve the isolation, a balanced combination of two DMC units is proposed
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and implemented with the MMICs combined with COTS off-chip components. With the
balanced architecture, the leakage through two DMC units is cancelled at the receiving port,
resulting in an additional level of isolation enhancement. The balanced DMC module has
exhibited deeper than 30 dB isolation for more than 50% of the bandwidth centered around
1 GHz and more than 25 dB isolation for almost a frequency ratio of 2:1 at 0.95 — 1.8 GHz.
The power performance and linearity of the balanced DMC module is also measured and
the results have demonstrated the promise of the DMC being a circulator in a full-duplex

monostatic front-end that operates in the cellular frequencies.
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APPENDIX A

Derivation of the TVTL Solution

Selected details on solving the time-varying transmission-line equations given by (2.2) and
(2.3) are included here. The derivation follows similar steps to those in [35], except that
time-varying capacitance is assumed instead of time-varying inductance in [35]. To solve the
time-varying differential equations in (2.2), it is assumed that including signals at three fre-
quencies, i.e., the original frequency and both sidebands, is sufficient. To make the derivation
simple and concise, it is more convenient to represent the time-varying terms in a complex-
number form similar to the phasor expressions used in solving linear time-harmonic electro-
magnetic systems. The time-dependent capacitance along the transmission line can thus be
rewritten as

C'(z,t) = C{+ C! (2,1), (A1)
where
! ! 1 ! _jbm —7Bmz Jwmt 1 /I _—jo iBmz ,—Jjwmt
Cl.(z,t) = C], cos(wmt — Bz + ¢dm) = éCmeJ meIPmEelWmt 4 §Cme Jm gl Pm= g Jtom
1 , 1 :
= 50;,1(2’)6]“” + 50;;(2)6_]“”, (A.2)
where
C! (2) = C! I¥meIPm= (A.3)
complies with the phasor form of C/ (z,t) at w,,, and the superscript * denotes the complex

conjugate. Furthermore, denote
§=Cr/Co, (A4)

as the capacitance modulation index. Inserting (A.1) into (2.2) yields
0*v(z, 1) 9v(z,t) P?[C! (2, t)v(z,t)]

) — L/ / bl L/
022 G5z T BIE

(A.5)
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Given a sinusoidal input signal at the frequency ws, the signals generated at the sidebands
of the modulation carrier, w,, s = wy, —ws and w1+ s = Wy, +ws, are of the most significance.

One may use

1 , 1 .
vs(z,t) = EVS(z)eJ‘“St + 5‘@*(2)6‘”“, (A.6a)
1 : 1 .
Um—s(2,t) = §Vm,s(z)ejw”1‘st + §Vni_s(z)eﬂ“m‘st, (A.6Db)
1 , 1 ,
Um+s<z7 t) = §Vm+s(z>€]wm+5t + §Vnt+s(z)e_]wm+5t (AGC)

to represent the signals at the three tones under consideration, where Vi, V,,_s and V.
comply with the phasor form of the time-domain signal expressions at wg, Wy, and wy, s,

respectively. Inserting (A.2) and (A.6) into (A.5) leads to

>V, ! ,
C‘l/gz) = W L'C)V,(z) — 5(.0?[/01’”(2)‘/%75(2) — iwﬁL'C’;Z(Z)VmH(z)’ (A.7a)
2
PV, .
—;”Z;(Z) = W L'V (2) = Gun JL'CR(2)Vi(2), (A.7h)
2V, .. |
d;z ) = —wi L CVinys(2) — EwiJrsL'C;n(z)Vs(z). (A.7¢)

Note that there are three additional equations which are the complex conjugate form of

(A.7). Assuming all the signals are traveling in the same direction of the carrier, one has

Vi(z) = Ay(2)e 7P, (A.8a)
Vi o(2) = A, ()€, (A.8D)
Vints(2) = Am+s(z)e_jf8m+sz. (A.8c)

Suppose the transmission line is non-dispersive over all the interested frequencies, that is,

Ws Wm—s Wm+s Wm 1 (A 9)
_—= = = — =, = s .
Bs Bm—s Bm—&-s 5m P \/ L/C(l)

which indicates that
6m:|:s = 6m + 63- (Al())

When the capacitance modulation index ¢ is small, the amplitude terms A(z) in (A.8) are

slowly varying functions of z and the terms involving d?A(z)/dz? may be neglected. Then
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substituting (A.3), (A.4) and (A.8) into (A.7), we have

dA,
— 270 dz(z> o(2) = —WIL/CLAL(2)
1 , 1 .
— Eng Coeed®m A (2) — §w§L Coe ™% Anis(2), (A.1la)
dA* 1 ;
25 TmtE) g s ()= DO () - bt LG A(2),
z
(A.11Db)
, dAp s 1
2 ) g A 2) = e L A 2) — 5 TR AL(2).
(A.11c)
Using the condition in (A.9) that 82 = w?L/C}, the equations are reduced to
dAs(2) _ 1.5 jom g 1.5 ¢o-itm
dz - _Zjﬁsge Am—s(z) - Z.]Bsge Am—l—s(Z)a (Alza)
dA;, (2 1. »
T() = Z]ﬂmfsfe ]d)mAs(Z)? (A12b)
dA+s(2 1. ,
d—z() = —Zj,ﬂersﬁemmAs(z). (A.12¢)
Combining the equations (A.12) with (A.10), we have
d*Ag(z) 1
L) lega =0 (A13)
which has a general solution of
As(2) = 177 4 coe 7%, (A.14a)
where
1
&0, (A.14b)

~ s
and cj, ¢y are complex constants to be determined by the boundary conditions. Back to

(A.12), we then also have

1 Boes _ B .

A (z) = 76—6 Jom (clew — o€ VZ) + cge7I%m, (A.14c)
1 m-+s — y

Apis(z) = Prm LIS eidm (cle“”z — e 72) — 36?9, (A.14d)

\/_ﬂs
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where c3 is another constant to be determined. Put (A.14) into (A.8) and then into (A.6).

The boundary conditions are

1 o 1 . .
vs(0,t) = Vi cos(wst + ¢s) = §Voej¢56Jw5t + 5%6_]¢56_]w3t, (A.15a)
Um—s(0,t) =0, (A.15D)
/Um+5(07 t) = 0 (A15C)

The constants are thus determined as

1 :
Cl = Cp = §%€J¢S, C3 = 0. <A16)

Finally, the solution is obtained as

vs(z,t) = Vp cos <%§552) cos(wst — Bsz + bs), (A.17a)
Um—s(2) = %52_5 in (L\/_§BSZ> SIN(Wpy—st — Brn—sz + O — bs), (A.17D)
Umas(2) = %6g+s sin ( \/_fﬂs ) Sin(wia st — Bmtsz + Om + Ps)- (A.17¢c)

One more comment is about the power relation. The average power associated with each

tone is

Py(z) = 2V§0 2< \/-565), (A.18a)

P_s(2) = 4—20 (%) sin? (mfﬁsz) , (A.18b)
2
Pois(z) = 4‘/—50 (%) sin? (%fﬁﬂ) : (A.18c¢)

where Zy = /L'/C} is the characteristic impedance of the transmission line. Given the

input (A.15), whose power is
V2
P, =-—2. A.19
27 (A.19)

the power change of the signal at the fundamental tone w, is Py — P,,. The Manley-Rowe
relation [49] is thus satisfied by examining the relation that
Ps — -Pzn Pm—s Pm+s

55 B ﬁmfs - Bers =0 <A20)
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APPENDIX B

General Isolation of Dispersive DMC

It is assumed in Section 2.2.1 that DMC should best work in the nondispersion region.
However, to fully utilize the bandwidth of the DMC as a periodic structure which has a
low-pass feature, the upper-sideband output, where better gain can be achieved than the
lower sideband, may be pushed close to the cutoff region of the DMC, where dispersion has
to be considered. In this appendix, a more general isolation equation without assumption of

the equal phase velocity assumed by (2.4) is provided.

The derivation generally follows the same procedure as described in Section 2.2.1, except
some equations are rewritten to keep their original form without modification of their phase

terms, especially. For instance, the carrier voltage in (2.7) should be rewritten as

1 . . 1 . .
Um(Z, t) = V0 COS(wmt—ﬁmZ-l-Qﬁm) — §Vm06]¢mej(wmt—ﬂm2) + §vm06_]¢m€_](wmt—ﬂmz). (B.l)

The phase constant f3,, is kept in the phase terms. Consequently, the complex-valued capac-

itance modulation, defined in (2.10) and denoted by (2.9), now becomes
Ci(t) = CyVpppe?Pmeomt=bmidz) =y — 1 9 N. (B.2)

Similarly, the complex-valued received and transmitted signals, initially as (2.13) and (2.14),

are rewritten as
VRX(2,1) = Voel?s™ ef(wst=0s2), (B.3)

VI (2, 1) = Vped¢s " st +h:2), (B.4)

For received signal, the complex-valued, excited up-converted voltage at ¢th capacitor is
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now changed from (2.17) to be

VX (1) = = - Gomas Voed OmEo™) L gilomtws)to=i(BmEpe)inz (B.5)

1,

where g.m+s are the same conversion gains as defined in (2.18). Then, the summed-up

excited voltage at the transceiver end becomes

ﬁm:l:s(N B Z)AZ
V _ vRX
transceiver,m=+s ) ZZ iymEs |: W T+ Wy

N
— _,] . gc,m:l:s‘/()ej((z)mid)SRX) Z ej(wm:tws)te_jﬂm:l:s(N_i)Aze_j(Bmiﬁs)iAZ
i=1

N
— —] . gC,mis%ej(¢7,Li¢§X) . ej(wmin)te_jﬁmisNAz Z ej[ﬁmis—(ﬁmiﬁs)]iAZ’ (BG)

i=1
where 3,4+, represent the phase constants at w,, + ws, which are not necessarily equal to

Bm £ Bs, unless the phase velocities are equal as assumed in (2.4) and then (B.6) is reduced

0 (2.19). Similarly, for transmitted signal, we have

VX () == Gom L Voed @mE07™) | gilwmEwa)t o —i(BmFha)idz (B.7)
and then
Bm:l:s(N — Z)AZ
V
transceiver, m:l:s Z ) m:l:s |: W + W,
N
=—Jj-q. mis%ej(‘ﬁmﬂ’sTX) Z i (@mEws)t  =5Bmss(N=1) Az ,—j (B FBs)ilrz
i=1

N
= e Vo ) - b I NAZ Y 7 e (¥ lA7 - (B.g)

i=1
Consequently, the isolation is formulated as

Visan
Viran

SN | eBmts = (BBl
1=
Zﬁil ej[ﬂm:l:s—(ﬁm:Fﬁs)}iAz ’

ransceiver,m=+s

Isomis =

(B.9)

ransceiver,m=+ts

In the special case where the DMC works in the nondispersive region and thus S,,+s = B %fs,

(B.9) is reduced to (2.25).

The minor imperfection in the DMC, as discussed in this section, can provide additional
insight of treating the isolation of the DMC as a gross contribution of the individual varactors

in the DMC as capacitive mixers.
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