
Lawrence Berkeley National Laboratory
LBL Publications

Title
PROBING THE SPACE-TIME GEOMETRYOF ULTRA-RELATIVISTIC HEAVY-ION COLLISIONS

Permalink
https://escholarship.org/uc/item/4bx5n52p

Author
Collaboration, NA35.

Publication Date
1987-12-01

eScholarship.org Powered by the California Digital Library
University of California

https://escholarship.org/uc/item/4bx5n52p
https://escholarship.org
http://www.cdlib.org/


/ 

LBL-24646 
Preprint 

IL21Wlf®IID~® 1B5®lffi{®ll®y IL21fol@lf21~@lfJ 
UNIVERSITY OF CALIFORNIA 

Submitted to Physics Letters B 

Probing the Space-Time Geometry of 
Ultra-Relativistic Heavy-Ion Collisions 

NA35 Collaboration 

December 1987 

dECEIVED 
LAWRENCE 

BERKELEY LAROAAT(l!=l'f 

DEC 2 1 19RR 

LIBRARr ANO 
DOCUMENTS SECTIO'· 

~==~==================--3D~~-~-~================~ 

Prepared for the U.S. Department of Energy under Contract DE-AC03-76SF00098 



DISCLAIMER 

This document was prepared as an account of work sponsored by the United States 
Government. While this document is believed to contain correct information, neither the 
United States Government nor any agency thereof, nor the Regents of the University of 
California, nor any of their employees, makes any warranty, express or implied, or 
assumes any legal responsibility for the accuracy, completeness, or usefulness of any 
information, apparatus, product, or process disclosed, or represents that its use would not 
infringe privately owned rights. Reference herein to any specific commercial product, 
process, or service by its trade name, trademark, manufacturer, or otherwise, does not 
necessarily constitute or imply its endorsement, recommendation, or favoring by the 
United States Government or any agency thereof, or the Regents of the University of 
California. The views and opinions of authors expressed herein do not necessarily state or 
reflect those of the United States Government or any agency thereof or the Regents of the 
University of California. 



'II 

LBL-24646 

PROBING THE SPACE-TIME GEOMETRY OF 
ULTRA- RELATIVISTIC 

HEAVY- ION COLLISIONS 

NA35 COLLABORATION 

A.Bamberger8), D.Bangert4), J.BartkeS), H.Bialkowska 13), R.Bock6), R.Brockmann6), 
S.I.Chase3), C.DeMarzo2), M.DePatma2\ I.Deradoll), V.Eckardtll), C.Favuzzi2), J.Fentll), 

D.Ferencl4)S H.Fesslerll), P.Freundl ), M.Gazdzicki9), H.J.Gebauerll), K.Geissler4), 
E.Gladysz ), C.Guerra6), J.W.Harris3,15) W.Heck7), T.J.Humanic6), K.Kadija14) 

A.Karabarbounisl), R.KeidellO), J.Kosiec12~ M.KowalskiS), S.Margetis9), E.Nl!Ppi2), 
G.Odyniec3), G.Paicl4)j A.Panagiotoul, ), A.Petridisl), J.Pfenni~7), F.Posal)j 

K.P.Pretzlll), H.G.Pugh ,16), F.PiihlhoferlO), G.Rai3), A.Ranieri ), W.Rauch ), 
R.Renfordt7), D.RohrichlO), K.Run~8), A.Sandova16), D.Schall6), N.Schrnitzll), 

L.S.Schroeder3), G.Selvaggi2), P.Se~bothll), J.Seyerleinll), E.S~czakl2), P.Spineffi2), 
R.Stock4,7), H.Strobele4,6), A.Thomas ), M.Tincknen3), L.Teitelbaum ), G.Vesztergombill,l7), 

D.Vranic6) and S.Wenig7) 

1) Physics Department, Athens University, 157-71 Athens, Greece 

2) Dipartimento di Fisica, Universita di Bari, and INFN, Bari, Italy 
3) La\vrence Berkeley Lab., University of California, Berkeley CA 94720, USA 
4) CERN, CH-1211 Geneva 23, Switzerland 
5) Institute of Nuclear Physics, PL- 30055 Cracow, Poland 
6) Gesellschaft filr Schwerionenforschung, D- 6100 Darmstadt ll,Germany 
7) Fachbereich Physik, Universitit Frankfurt, D-6000 Frankfurt, Germany 
8) Fakultit filr Physik, Universitit Freiburg, D -7800 Freiburg, Germany 
9) lnstitut filr Hochenergiephysik, Universitii.t Heidelberg,D-6900 Heidelberg 1, Germany 
10) Fachbereich Physik, Universitit Marburg, D- 3550 Marburg, Germany 
11) Max- Planck -Institut filr Physik und Astrophysik, D- 8000 Mllnchen, Germany 
12) Institute of Experimental Physics, Warsaw University, Warsaw, Poland 
13) Insitute of Nuclear Studies, PL-00681 Warsaw, Poland 
14) Rudjer Boskovic Institute, 41001 Zagreb, Yugoslavia 
IS) A. v. Humboldt Foundation Fellow.with Universitit Frankfurt 
16) A. v. Humboldt Foundation U.S. Senior Scientist Award recipient with Universitit Frankfurt 
17) on leave from Central Research Institute for Physics, H -1525, Budapest, Hungary 



.. 

- 1 

ABSTRACf 

We report results from a pion interferometry analysis of 200 GeV/nucleon 160 +Au 

collisions. Both a Gaussian source model and a model based on the inside-outside cascade are 

used to fit the experimental correlation function, giving transverse and longitudinal shape 

parameters, a freezeout-time parameter, and a chaoticity parameter for the pion emitting source. 

We find a transverse source size consistent with the projectile radius except at the c.m. rapidity, 

where significantly larger transverse and longitudinal sizes and a longer freezeout time are 

measured suggesting a thermalized source. Calculation of correlation lengths, and comparisons 

with a simple freezeout model and other pion interferometry experiments are presented. 
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A study of the evolution in space-time of ultra-relativistic nucleus-nucleus collisions is of 

interest from several points of view. First of all, it presents an extension of existing studies of 

e+e- annihilations and hadron-hadron collisions to a more macroscopic scale, which might 

provide an extra opportunity to understand the more point-like systems [1]. Secondly, there have 

been many predictions that in sufficiently high energy nucleus-nucleus collisions a quark-gluon 

plasma will be created, with dimensions comparable to the nuclear size and with a , 

correspondingly long life-time [2]. Finally, the extreme relativistic nature of the collisions is of 

interest in itself. Given a hadronization time of the order of lfm/c in the rest frame of the 

produced hadron, the Lorentz transformation leads to a length for the hadron source [3] of about 

20 fm in the present instance (...JsNN = 19.4 GeV). It also leads to a strong correlation between 

space, time and rapidity coordinates within the source, which has an important effect on what 

information can be extracted [4]. 

The most direct way to investigate the shape and size of a hadron source is to employ 

pion interferometry [5,6]. The basis of this method is that for production of two identical bosons, 

there is a correlation in four-momentum space (Bose-Einstein effect) between the two particles, 

which has a width inversely related to the dimensions of the source in space-time. The method 

has been applied in numerous studies with a variety of energies, beams and targets [7-11]. We 

have studied the effective source in I6o +Au central collisions at 200 GeV/nucleon and find that 

there seems to be a central source at rest in the c.m. system having large radius, freezeout time 

and chaoticity. Elsewhere the lateral dimensions of the source are consistent with the size of the 

160 nucleus, it is more coherent, and it freezes out earlier. Finally, in the longitudinal direction 

we find that size information is limited to a measurement .of the correlation len~th which is a 

small fraction of the expected longitudinal source size. 

In our experiment (CERN/NA35) we have studied central collisions of 160+ Au using 

the 200 GeV/nucleon160 beam from the CERN SPS. Our experimental setup [12,13] consisted 

of a 2 x 1.2 x 0.72 m3 Streamer Chamber in the 1.5 T magnetic field of a superconducting vertex 

magnet for particle momentum analysis, and a system of downstream calorimeters for triggering 

and energy flow measurements. Three cameras, each equipped with two-stage magnetically 

focused image intensifiers of 2000-fold luminous gain, viewed the Streamer Chamber and 

recorded events on 70 mm film. The picture measurements were carried out with the CERN 

ERASME facility. To identify and measure tracks at the high track densities encountered, an 

interactive program was developed to facilitate the matching of streamer patterns in all three 

views. The average momentum resolution was 1%. For the present study, 105 events were 

analyzed, taken with a central collision calorimeter trigger for which the energy flow into the 

projectile fragmentation region was required to be less than 300 GeV (out of 3.2 TeV for the 

.. 



- 3 -

incident 160) corresponding to a cross section of about 50 mb. Only negative tracks were used in 

this study and these were all assumed to be negative pions, giving less than 10% possible particle 

misidentification (e.g. K-, e-) according to the Fritiof (Lund model) event simulation program 

[14]. 

The rapidity distribution of negative tracks used in the pion interferometry analysis is 

shown by the solid line in Figure 1. Tracks with insufficient momentum accuracy have been 

removed. Close pairs of tracks were rescanned to ensure that they did not arise from double 

measurement of a single track. The dashed line shows the rapidity distribution after corrections 

for acceptance and for reconstruction and scanning efficiency. We have restricted our analysis to 

the laboratory rapidity interval 0.6 < y < 4.6 because the overall measurement efficiency drops 

below acceptable limits below and above; The average uncorrected (corrected) n- multiplicity in 

this rapidity range is 86 ± 4 (133 ± 7). Indicated in Fig. 1 is the "16 + 50" c.m. rapidity at 

Ycm = 2.5 which is calculated assuming a clean-cut geometry at near-zero impact parameter 

(i.e., a cylinder of about 50 nucleons in the Au target is struck by the 160). This value, located 

roughly near the peak in the rapidity distribution, was taken to be the rest frame for the pion 

interferometry analysis. 

The experimental two-pion correlation function is the ratio between the numbers of 

correlated and uncorrelated pion pairs: 

(1) 

where PI> P2 are the pion four-momenta, N2 (PI> P2) is the two-pion count rate, N(p) is the 

single-pion count rate, and A is a normalization constant. This quantity was evaluated by taking 

all pion pair combinations per event and summing over events to get the correlated pairs and by 

taking all pair combinations of pions from different events to get the uncorrelated (background) 

pairs. To test the effect of induced correlations in the background [7], another method to form the 

background was tried: to take pair combinations of pions from different events, but to use each 

pion only once. The correlation function did not depend significantly on which background was 

used. In order to correct for final state Coulomb repulsion between the pions which tends to 

"wash out" the Bose-Einstein correlations, the standard Gamow correction [6] was applied to the 

experimental correlation function*. Figures 2 a,b,c) show projections of C(p1, P2) on the relative 

transverse momentum QT axis (where QT; I~T- ~TI) for various rapidity intervals, for pairs 

with relative longitudinal momentum Qr. < 100 MeV/c (where Qr. = IPlL- P2LI). A binning of 

10 MeV /c, which is matched to our momentum resolution, is used for the QT and Qr. variables. 

*The fit to the non-Gamow-corrected correlation function is indicated in Fig. 2(a) by the dashed 

line. 
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The enhancement near Qr = 0 and the corresponding enhancements in the other projections 

provide a measure of the properties of the source .. Figure 2 d) shows a correlation function for 

105 simulated events calculated using the Fritiof program [14] which does not include any 

Bose-Einstein effect. No enhancement is visible here (rather a slight anti-correlation for QT < 

100 MeV/c). Thus, there are no dynamical "background" correlations. 

Two models which parameterize the space-.time geometry of the collision have been used 

to fit the experimental correlation function and thus to extract pion source parameters. The first 

is the simple and widely used static Gaussian distribution model [15] in which the pion source 

points are assumed to be fixed in space-time and described by Gaussians separable in space and 

time. In the present application of this model, the dependence on the source lifetime was omitted 

because the data were found not to be sensitive to it. The correlation function then becomes 

2 2 2 2 
= A[1+Aexp(-QTRf/2) exp ( -QL RL/2)] (2) 

where A is the normalization parameter, RT(RL) is the transverse (longitudinal) radius parameter of 

the source with respect to the beam axis, and QT(Qr.) is the momentum difference between the two 

pions in the transverse (longitudinal) direction. The chaoticity parameter A is expected to fall 

~tween A = 1, implying totally chaotic pion emission and A = 0, implying totally coherent emission. 

However, several competing mechanisms might be responsible for any deviation of A from unity 

[16,17]. The curves in Figure 2 correspond to the best fits usingEq. 2. 

The second model applied is that due to Kolehmainen and Gyulassy [ 18] which 

incorporates appropriately the relativistic collision dynamics of a high energy reaction The 

correlation function is 

C(QT, dy, mn. mT2) 

=A [1 +A I G (PI> P2)12 / G CP1> PI) G CP2. P2)] 

where the function G is 

where Ko ( Vu) is a modified Bessel function of the complex argument 

u= 2 mn mT2 (1/4T2 + t 02) cosh ~y 

+ (mn2 + mT22) (1/4T2 - to2) 

+ i ( tofT) (mn2- mT22) 

(3) 

(4) 

(5) 

J 
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Here A, RT, QT have the same meaning as in Eq. 2*), t 0 is the proper time for pion freezeout, Tis 

the temperature of the source, fly is the rapidity difference between the two pions, and mn and mT2 

are their transverse masses. 

Both models were fitted to the experimental correlation function in multi-dimensional 

parameter and phase space using the maximum likelihood method [7]. For the Gaussian source the 

free parameters were A, RT, RL; for the K-G source the free parameters were A, RT and 'to while the 

temperature Twas fixed at 130 MeV to fit our experimental pion PT distribution. The results are 

shown in Table I for various rapidity intervals. The.chi-squared per degree of freedom for all fits is 

close to unity and the errors (statistical only) shown in the table are 1 s.d., measured along the 

longest axis of the error ellipsoid in 3-parameter space, i.e., the most conservative error estimate, 

allowing for correlations between the parameters. Figure 3 compares maximum likelihood contours 

for Gaussian fits to the interval 1 < y < 4 and 2 < y < 3 for projections on to three planes in (Ry, 

RL,A) parameter space (1cr contours: solid curves, 2cr contours: dashed curves). For the K-G 

correlation function, binnings of 20 MeV/c, 0.1, 50 MeV, and 50 MeV were used for QT, fly, mn, 

and mT2, respectively. No K-G fit was carried out in the interval 3 < y < 4.5 due to inadequate 

statistics. Consider first the results for the wide rapidity interval 1 < y < 4. The value of RT and A. 
, extracted from both fits agree, and have values of about 4 fm and 0.3 respectively. The Gaussian fit 

yields RL = 3 fm, while the K-0 fit yields t 0 = 3 fm/c. The value for RT is only slightly greater 

than the radius of the 16Q projectile (the charge distribution of which roughly resembles a Gaussian). 

· This suggests that very little, if any, transverse expansion has occurredbefore pion freeze out. The 

freezeout time t 0 is comparable to the traversal time of the 160 projectile through the Lorentz­

contracted Au nucleus (about 2.6 fm/c in the 16 +50 c.m. frame). It therefore seems as if the pions 

are emitted during or soon after the "projectile traversal" stage of the collision. The small value for 

the A parameter, similar to that observed in e-e+ [8] and hadron-hadron [11] studies, may reflect 

some degree of coherent pion production [6] during the early stage of the collision. Note that other 

possible mechanisms for producing a small A-parameter include the misidentification of K- as n- and 

the decay of long-lived resonances (e.g. T'\', T'\, ro) far outside the interaction region which, unlike 

short-lived resonances (e.g., fl, p), can effectively suppress the Bose enhancement [8,9,17,19]. 

The interpretation of RL is complicated by two factors. First, RL is not Lorentz invariant 

along the beam direction. To give an idea of the frame dependence of the source parameters, the . 

Gaussian model was fitted to the rapidity interval1 < y < 2 in the frame Ycm = 1.5 instead of the 

usual Ycm = 2.5 used for Table I. The result is RT = 3.8 ± 0.5 fm, RL = 4.0 ± 0.8 fm, and A= 

0.34 + 0.09/-0.06. It can be seen from Table I that RT and A are not affected, whereas RL is 

larger by a factor of 1.54 in the Ycm = 1.5 frame, which is just the value of y for fly =1, as expected. 

(*) Note that the sg,uare of G, Eq. 4, enters in the correlation function. 
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The second complication is that the collision dynamics in the longitudinal direction restricts the 

effective size which can be measured in this direction by pion interferometry [4]. This can be 

demonstrated using the relativistic expression [ 4] for the longitudinal extent, L, of the source in a 

given rapidity interval, /1y, and with pion freeze out time, 't0 , 

L = 2 't0 sinh (11y/2) . (6) 

The K-G analysis for 1 < y < 4 yields 'to= 2.9 fm/c, and this value in Eq. 6 yields L = 12 fm. The 

measured value ofRL = 3 fm is much less than L, as expected from the arguments of reference [4]. 

Thus, RL is a frame-dependent measure of the correlation length of the pion source in the 

longitudinal dimension, its value being sensitive to the source dynamics in this direction. If we set 

L = RL = 3.1 fm (from 1 < y < 4) and solve for 11y in Eq. 6, we get an estimate for the rapidity 

correlation length of /1y = 1, in agreement with the Lund model prediction of ref. [ 4]. Pions with 

11y > 1 thus do not contribute to Bose-Einstein correlations. 

The results of the analysis for three rapidity intervals /1y = 1 compatible with the above 

discussion are shown in Figure 4. These reveal an interesting feature of the source : the values of all 

the parameters show a substantial increase in the interval2 < y < 3located at the rapidity of the "16 + 

50" c.m. These increases are all compatible with the existence of a large-radius, nearly spherical, 

thermalized source in this region of rapidity. The increased value of 'to follows from the time needed 

for the pion source to expand to the large radius observed, while the increased value of the chaoticity 

parameter, A., supports the idea that some degree of thermalization has taken place. 

The radius of such a source can be estimated by a simple model. After formation, 

expansion and hadronization, it is plausible that the pion distribution should freeze out (i.e., 

interactions cease) when the scattering mean free path Ax1t is of the order of the size of the system. 

If a1t1t is the pion-pion scattering cross section and N1t is the number of pions within radius R, then 

(7) 

Freezeout will occur at the radius Rpo = A.~m· Inserting this condition in Eq. (7), assuming 

0"1t7t = 20 mb [20] and N1t = 3 N1t- we find 

(8) 

For the central rapidity interval the corrected rapidity distribution for negative pions (see Fig. 1) 

yields Rpo :::: 7.9 fm, in agreement with the large radius parameter obtained from 

pion interferometry. For the adjacent rapidity intervals this method predicts too large radii. 
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The simultaneous changes in both freezeout time and chaoticity suggests that a completely different ,. 
mechanism occurs there. 

A Lorentz invariant form of the simple Gaussian model of Eq. 2 can be constructed by 

replacing QT and <2L with the invariant momentum difference QI, where QI2 =(PI- P2)2, such that 

Eq. 2 then becomes 

C (QI) =A [1 +A exp (- Q12 R2J2)] . (9) 

This form is sometimes preferred in e+- e- studies [8]. Eq. 6 has been fitted to the present data for 

the 1 < y < 4 interval with the result R = 4.0 ± 0.2 fm and A = 0.29 ± 0.03, in agreement with the 

fit of Eq. 2 to this interval (see Table I). 

Finally, althou~h there have been no other pion interferometry measurements with 

ultra-relativistic heavy-ions, it is useful to compare with p + Xe [10] and a+ a [11] measurements 

which have been done at comparable .YsNN (19.4 GeV and 31.5 GeV) as the present experiment, 

.YsNN = 19.4 GeV. Having rapidity acceptances of I y-Ycm I< 1.5 and 1.0 for the p + Xe and a+ a 

measurements respectively, and considering central collisions only, both experiments measure 

values of RT which are consistent with the size of the projectile, as in the present experiment for all 

rapidity intervals except 2 < y < 3. Note that for the a + a experiment, A is also found to be small. 

Clearly, it would be interesting to see I y-Ycm I< 0.5 cuts applied to. the p + Xe and a+ a data. 

In summary we have presented a two-1t- Bose-Einstein correlation analysis of central 16o 

+Au interactions at 200 GeV/nucleon yielding shape and freezeout-time parameters for the pion 

emitting source, as well as the degree of source chaoticity. Studied in a wide acceptance experiment 

(0.6 < y < 4.6) all parameters exhibit a marked dependence on the rapidity interval considered. At 

the rapidity of the effective 16o +Au center of mass, a large source of nearly spherical shape, RT"" 

RL is observed which exhibits a high degree of chaoticity and a relatively long life-time. This 

suggests that a thermalized "frreball" is formed, which expands towards a low particle density at 

,..-: which the pions decouple. Away from Ycm• RT appears to shrink to the radius of the projectile and 

RL diminishes, indicating a rapidity correlation length ll.y"" 1. In agreement with this picture, the 

degree of chaoticity decreases at rapidities away from y em• down to a level A ""' 0.3 characteristic of 

hadron-hadron and e+ - e- collisions. With higher statistics it may be possible to analyse precisely 

the dependence of RL on y, linked to the string tension in phenomenological QCD hadronization 

models [4], and to make a comparison of this fundamental parameter in nucleus-nucleus and 

hadron-hadron collisions. 
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FIGURE CAPTIONS 

.Eig,._l Uncorrected (solid line) and corrected (dashed line) rapidity distributions normalized per 

event for negative tracks, for 200 Ge V /nucleon 160 + Au. The effective CM rapidity is also 

indicated. 

Fig. 2 Correlation function projected on to the QT - axis (for pairs with QL < 100 MeV /c) for 

different rapidity intervals : 

a) 1 < y < 4, b) 1 < y < 2, and c) 2 < y < 3, data; d) 2 < y < 3, Fritiof calculation.The 

projected Gaussian fit is shown (solid curve) for each case, and in (a) the dashed curve 

shows the fit to the non-Gamow-corrected correlation function. 

~ Comparison of maximum likelihood contours for Gaussian fits to the intervals 1 < y < 4 

and 2 < y < 3 for projections on to three planes in (RT, RL, A) parameter space (lcr 

contour: solid curve, 2cr contour: dashed curve). 

Fig. 4 Comparison of a) Gaussian and b) Kolehmainen-Gyulassy source parameters fitted to the 

data for different rapidity intervals. 
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Table I Summary of pion source parameters extracted for different rapidity interval and models 

Gaussian Kolehmainen-Gyulassy 

Accepted Pairs RT(fm) RL (fm) )\ RT(fm) T0 (fm/c) )\ 

203,612 4.1 ± 0.4 3.1 +0.7/-0.4 0.31 +0.07/-0.03 3.6 ± 0.3 2.9 ± 0.7 0.29 ± 0.05 

24,633 4.3 ±0.6 2.6 ± 0.6 0.34 +0.09/-0.06 4.0 ± 0.7 2.5 ± 1.0 0.30 ± 0.12 

39,310 8.1 ± 1.6 5.6 + 1.2/-0.8 0.77 ± 0.19 7.3 ± 1.6 6.4 ± 1.0 0.84 ± 0.15 

20,282 4.3 + 1.2/-0.8 5.8 ± 2.2 0.55 ± 0.20 ----------- ------------ --------------
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