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Abstract

Supersymmetry provides the most promising solution to the gauge hierar-
chy problem. For supersymmetry to stablize the hierarchy, it must be broken
at the weak scale. The combination of weak scale supersymmetry and grand
unification leads to a successful prediction of the weak mixing angle sin? 6y
to within 1% accuracy. If supersymmetry is a symmetry of nature, future ex-
periments will discover many new particles, in particular the superpartners of

all the quarks and leptons. The mass spectrum and the flavor mixing pattern

*This work was supported by the Director, Office of Energy Research, Office of High Energy
and Nuclear Physics, Diviston of High Energy Physics of the U.S. Department of Energy under
Contract DE-AC03-765F00098.



of these scalar quarks and leptons will provide important information about
a more fundamental theory at higher energies.

We studied the scalar mass relations which follow from the assumption
that at high energies there is a grand unified theory which leads to a significant
prediction of the weak mixing angle. Two intragenerational mass relations for
each of the light generations are derived. In addition, a third mass relation is
found which relates the Higgs masses and the masses of all three generation
scalars. These rélations will serve as important tests of grand unified theories.

The gauge interactions of any supersymmetric extension of the standard
model involve new flavor mixing matrices. In a realistic supersymmetric grand
unified theory, nontrivial flavor mixingé are expected to exist at all gaugino
vertices. This could lead to important contributions to the neutron electric
dipole moment, the decay mode p — K%u*, weak scale radiative correc-
tions to the up-type quark masses, and lepton flavor violating signals such
as 4 — ey. These also provide important probeé of physics at high energy
scales.

Supersymmetric theories involving a spontaneously broken flavor symme-
try can provide both a solution to the supersymmetric flavor-changing prob-
lem and an understanding of the fermion masses and mixings. We studied the
possibilities and the general conditions under which some fermion masses and
mixings can be obtained radiatively. We also constructed theories of flavor
in which the first generation fermion masses arise from radiative corrections

while flavor-changing constraints are satisfied.
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Chapter 1

Preamble



Two fuhdamental questions of the standard model of particle physics are the
origin of the electroweak symmetry breaking and the pattern of fermion masses
and mixings. In standard model, the electroweak symmetry breaking occurs be-
cause the scalar Higgs doublet acquires a nonzero vacuum expectation value (VEV).
However, in quantum field theory, the loop corrections to scalar particle masses are
quadratically divergent, so the scale of the electroweak symmetry breaking is ﬁn-
stable against radiative corrections, and therefore the huge hierarchy between the
electroweak symmetry breaking scale and the Planck scale is a mystery. Weak
scale supersymmetry [1] offers the most promising solution to this problem. In su-
persymmetric theories, the quadratic divergences cancel between fermion loops and
boson loops. Therefore, the extension of standard model with supersymmetry éoftly
broken at the weak scale does not suffer from the problem of unstable hierarchy.
In addition,‘ the electroweak symmetry breaking is triggered by the dynamics of a
heavy top quark [2] instead of being I;ut in by hand. Also, the grand unification
prediction for the weak mixing angle is highly successful if there are superpartners
at the wéak scale. The experimental discovery of superpartners would represent
enormous progress in understanding the electroweak symmetry breaking. It could
also offer us a great handle of physics at very high energies through studyihg these

superparticles.

In any supersymmetric extension of the standard model, the superpartners
of the quarks and leptons must be given masses. There will be many new flavor

parameters in the scalar quark and lepton masses and mixings in addition to thosein

Lo



the quarks and leptons. If these parameters are arbitrary, in general, they will cause
flavor-changing processes which are severely constrained by experiments. Hence,
these parameters must be constrained by physics at higher energies. That is, physics
at high energies will leave some imprints on these low energy parameters. Studying
these scalar quark and lepton masses and mixings will provide us an important

AN

probe of physics at more fundamental levels.

Unification of fundamental physics has always been a goal for physicists. In
grand unified theories (GUT’s), the standard model gauge group SU(3) x SU(2) x
U(1) is beautifully unified into a simple group SU(5) or SO(10). The fermions
of a single family fit exactly into a 5 and a 10 representations of SU(5), or with
an additional right-handed neutrino, into a single 16 spinorial representation of
SO(10). Supersymmetry, which solves the hierarchy problem, allows us to ex-
trapolate physics up to very high energies, and ‘hence makes the dicussions about
unification at extremely high energies sensible. In fact, the combination of weak
scale supersymmetry and grand unification give a successful prediction of the weak
mixing angle. This is a strong hint that supersymmetric uniﬁcation might be real-
ized in nature. However, it is only one prediction and it could be an accident. In
chapters 2 and 3 we study other signals of supersymmetric unification, which will

serve as evidence for or against grand unification.
Fermion masses and mixings have been studied to provide tests of grand uni-
fied theories 3, 4, 5]. However, chiral and guage symmetry breaking effects can

mask the grand unified symmetry relations for the fermions. On the other hand,



scalar particles can have symmetry-preserving masses and therefére provide a more
reliable test of supersymmetric unification. In chapter 2, we study the scalar quark
and lepton spectrum in supersymmetric theories with the assumption fhat there is
a GUT at high energies with the successful prediction of weak mixing angle pre-
served. Because the scalar particles belongiﬁé to the same multiplet have the same
mass at the GUT scale and the scaling from the GUT scale to the weak scale is
known, these scalar masses at low energy are related to each other. We derive two
intragenerational relations for each of the light generations. In addition, a third
mass relation is found which relates the Higgs masses and the masses of all three
generation scalars. After the scalar quarks and leptons are discovered, verification

of these mass relations will provide an important test for grand unification.

Flavor and CP violations can also provide important probes of supersymmetric
grand unified theories [6, 7, 8, 9]. Because the leptons and the quarks lie in the
same multiplets in unified theories, there will be new flavor and CP violating effects
in the lepton sector as well as in the quark sector. In chapter 3, we study these
new flavor and CP violating effects in a realistic supersymmetric unified theories.
In constrast with the minimal models, there are non-trivial flavor mixings in the up
quark sector. This can lead to important contribuﬁons to the neutron electric dipole
moment and to the proton decay mode p — K°u* and suggests that there may be
important weak scale radiative corrections to the up-type quark mass matrices. The
lepton flavor violating signal 4 — ey is studied in the large tan § (defined in later

chapters) scenario and puts a strong constraint on the slepton masses.



As mentioned above, if the scalar masses and mixings are arbitrary, they will
induce unacceptable flavor-changing effects, this is known as the supersymmetric
flavor problem. A complete supersymmetric theory of flavor should address both
fhis problem and the fermion mass problem. The smallness of supersymmetric con-
tributions to the flavor-changing effects could be related to the smallness of the light
generation Yukawa couplings. Flavor symmetries should forbid Yukawq couplings
of the light genefation fermions. After the flavor symmetries are brokén, the light
generation fermions can acquire sm;ll Yukawa couplings from the symmetry break-
ing effects. One usual way to get small Yukawa couplings is the Froggatt-Nielsen
mechanism [10], which generates small nﬁmbers from the ratio of two different en-
ergy scales. Another attractive way is to generate the light fermion masses through
radiative corrections, which automatically incorporates the small number '1—6172 from
the loop factor. In chaptef 4, we show that supersymmetry has the right ingredi-
ents for radiative fermion masses. We study the possibility that some of the light
fermion masses arise from the loop corrections due to the flavor-violations in scalar
masses, while the flavor-changing constraints are still satisfied. We also construct a

supersymmetric theory of flavor in which the fermion mass and mixing pattern arise

naturally and the first generation fermion masses come from radiative corrections.



" Chapter 2

Scalar mass relations in grand

| unified theories



2.1 Introduction

If supersymmetry (S‘USY) is a symmetry of nature, broken only at the weak
scale, then future experiments will discover many extra particles, in particular the
superpartners of all the quarks and leptons. The masses of these scalar quarks and
léptons will provide extra clues about a more fundamental theory at higher energies.
However, whereas the quark and lepton masses provide information on how chiral
and flavor symmetries are broken, the squafk and slepton masses will provide a
window to the structure of supersymmetry breaking.

It may be that the squark and slepton spectrum will show no ;lear pattern
or regularities, and the origin of the spectrum will become a major puzzie, rather
like the present situation with quark and lepton masses. However, much attention
has been focussed on a single theory, the minimal supersymmetric standard model
(MSSM), in which a very clear pattern emerges in the scalar spectrum. By the
MSSM we will mean the supersymmetric extension of the standard model with
minimal field content, which has a boundary condition near the Planck scale that
the soft supersymmetry breaking mass parameters for the scalars are all equal.
In this model, the physical masses of the 14 squarks and sleptons of the lighter
two generations are given in terms of just 5 unknown parameters: the universal
scalar masses at the Planck écale, m2, the three gaugino masses, M,, and the
ratio of electroweak breaking VEV’s, tan 8 = v,/v;. Due to effects of large Yukawa

couplings, the physical squark and slepton masses of the heaviest generation depend



on one further parameter, the triscalar coupling A. Although these effects are well
understood and can easily be added, for simplicity, we consider only the lightest
two generations. Thus the MSSM has many relations amongst the scalar masses.
H?wever, the question as to why all scalars are assumed degenerate at the Planck
scale becomes extremely important. If experiments are done to check the validity
of the scalar mass relations of the MSSM [11], what is the fundamental principle
which is being tested?

Flavor-changing processes provide considerable experimental constraints on the
form of the squark and slepton mass matrices [12, 13, 14]. However, these constraints
are intimately connected with flavor violation and provide constraints between the
masses of scalars of different generations. For a given generation there are five
independent gauge invariant squark and slepton masses: rﬁQ,mUc,ch,mL and
MmEe, wher-e Q and L represenf SU(2) doublet squarks and sleptons, while U, D and
E are SU(2) singlet squarks and sleptons. Certainly the flavor-changing constraints
do not constrain the ratios mg : my : mp : mg : mg, and it is largely these ratios
which will be addressed in this chapter. |

The assumption of a uhiversal scalar mass at high energies originated from
studies of N = 1 supergravity theories in which supersymmetry is broken in a
hidden sector. The scalar mass was found to be universal in particular models
{15, 16] and also in a wide class of models [17]. Howéver, the universal mass is not
a general property of supergravity models, and involves an assumption about the

form of the Kahler potential. If there are N fields in the observable sector of the



theory, an SU(N) invariance of the Kéhler potential guarantees the universality
of the scalar masses at the Planck scale [17]. However, this symmetry is clearly
broken elsewhere in the theory, and so the universality of the scalar masses can
only be understood as a special property of certain supergravity theories. If the
scalar mass relations of the MSSM were violated, it might simply mean that the
Kahler potential does not possess this SU(/N) invariance.

In this chapter we study squark and slepton mass relations which follow from
two assumptions, which have nothing to do with supergravity.

(1) The standard model is unified into a grand unified theory.

It is well known that a grand unified symmetry, together with supersymme-
try, has yielded a successful relation amongst the gauge couplings of the standard
model [18]. Much attention has also been given to quark and lepton mass relations
which can follow from a grand unified symmetry. It therefore seems well worthwhile
studying what squark and slepton mass relations might follow purely from grand
unification.

(2) The generation changing entries in the squark and slepton masses (in a
basis where the quark and lepton masses are diagonal) are sufficiently small not to
affect the scalar mass eigenvalues at a level of accuracy to which the mass relations
will be experimentally tested.

In fact, the latter is hardly an assumption, such large flavor-changing effects!

1The flavor-changing effects are studied in later chapters.



are almost certainly experimentally excluded. Since the grand uniﬁed symmetry
acts within a generation, we expect relations amongst squark and slepton masses of
the same generation, we do not expect any relations between masses of particles in
different generations.

We begin section 2.2 by writing down the mass relations between squarks and
sleptons of a given generation which occur in the MSSM. We then list the as-
sumptions which a supersymmetric grand unified theory (SGUT) must satisfy for a
successful weak mixing angle prediction to occur at the 1% level. Finally, we show
that, with these assumptions, we are able to derive two intragenerational scalar
mass relations. The mass relation of the MSSM which relates the masses of the
two charged sleptons within a generation may be violated. This is a particularly
important mass relation since it is likely that the squarks will be much heavier than
.the sleptons, and this will be the first mass relation of the MSSM to be tested.
I‘n section 2.3 we study the extent to which this mass relation is expected to fol-
low if the GUT gauge groups includes SO(10). While this slepton mass relation
is generically expected as a consequence of the SO(10) gauge symmetry, we find
that radiative corrections and additional D term contributions to the scalar masses,
beyond those of the MSSM, may lead to its violation. In section 2.4 we show that
even if the additional D term contributions do not arise at tree level, they could
be generated by radiative corrections. In section 2.5 we show that these extra D?
interactions found in SO(10) could lead to an eésing of the fine tunning problem

which has been found when the MSSM has large tan § and the universal scalar mass

10



boundary condition.

2.2 Scalar mass relations in a class of grand unified

theories

Before studying grand unified theories, we give the well known predictions for
the scalar masses in the MSSM, taken to have universal scalar masses m2 at the
Planck scale. Mass splittings arise from renormalization group scaling from Planck

to weak scales [2, 20], and the renormalization group equations (RGE’s) are given

by
- . [—8C3(R2)g? ()M (k) + SYig? () S (k)
dlnp 1672 e 5
+ ij ijel? (m? + m? + mi + AZ,)), (2.2.1)
B
TS = peS) (2.22)
S(u) = 3 Yimi(n), (2.2.3)

where a = 1,2, 3 represents U(1)y, SU(2)L .and SU(3).,? i represents the species of
the scalar and Y; is the corresponding hypercharge, A;;x’s are the soft SUSY bréaking
trilinear scélar couplings, and A;;;’s are the superpotential couplings. C2(R.) is the
second Casimir invariant of the gauge group a for the species z, C; = -1% for

the fundamental representation of SU(N), 2Y? for U(1l)y. The S term is zero

under the assumption of universal scalar masses and hence does not contribute.

2The SU(5) GUT normalization, g2 = -gg’z, is used for the U(1) coupling.

11



For the lightest two generations, whose superpotential coupling contributions are
negligible, the mass splittings involve only contributions from the gauginos, which
have masses My, at the Planck scale. Mass splittings also arise from the D? terms
of the potential due to SU(2); x U(1)y interactions. These are proportional to

M2 cos2p3. The result is
mZ(p) =md+ Y faiM, + (T5, — Qisin® 6w) M3 cos 2, (2.2.4)

where ¢ runs over the seven types of squark and slepton: U, D,U¢, D¢, E, N and E°,
and it is understood that the two light generations have identical scalar spectra.

The renormalization constants f,; are

| fai(p) = %Cz(Ri) (—C%(% - 1) . (2.2.5)

where b, is the one-loop beta function coefficient, and u should be taken equal to

the scalar mass, m;.

Suppose that £ is known, for example from a Higgs mass measurement, then the
seven values of m? depend only on four unknown parameters, mg and My, yielding
three intragenerational mass relations for the MSSM [19]. Two further relations
follow if My, is independent of a. In the following the scalar masses are scaled to
the same renormalization point so that these mass relations can be displayed in

simpler forms,

Two of these relations have only to do with SU(2) breaking and are

mé; — m% = my — m% = M% cos 28 cos® Oy (2.2.6)



These splittings arise because of the differing T5 quantum numbers of the upper and
lower components of the doublets Q = (U, D) and L = (N, E). It is convenient to
define m} and m} as the average squared mass of the doublet representation, thus
m} = 3(m} + mp) and m} = L(m} + m}). In‘ the rest of this chapter it is the
masses m%, I = 1...5 of the five types of Iﬁultiplet Q,U¢,D°L, and E° which will

interest us. In the MSSM, these are:
m} =m}+ > fuMZ, — Yisin® 0w M5 cos 2, (2.2.7)

where Y7 is the hypercharge of multiplet I (Q = T3+ Y).

The mass predictions of (2.2.7) are based on several strong assumptions. The
universal scalar mass is a speculative assumption about the form of the interactions
in supergravity, and has been questioned, particularly by those working on string-
inspired models [21]. Thve mass formula of equation (2.2.4) assumes the minimal
particle content beneath the Planck ‘scale. If there are extra gauge interactions then
the index a = 1,2,3,4..., yielding extra terms. If there are extra chiral fields with
gauge quantum number then the b, of equation (2.2.5) will chanée. Furthermore,
if these extra chiral fields allow further superpotential interactions of strength A
involving quark and lepton fields, xthen additional terms proportional to A% will
contribute to m?(u).

In this chapter we study the scalar mass relations which follow from certain
assumptions about grand unification. The assumptions appear to us to be better

motivated than those listed above for the MSSM, since they are based on the suc-

3



cessful supersymmetric GUT prediction for sin® fy [1»8], the weak mixing angle. The
precision measurement results for sin®6y from LEP, SLD and CDF+DO0 are in good
agreement, and the combined global fit gives sin® fy (Mz) = 0.231440.0002+0.0002,
with m; = 171 £ 12GeV [22]. The experimental numbers should be compared with
the supersymmetric GUT central prediction of sin? OW(S GUT) = 0.2342 - 0.0014,
where the only uncertainty shown is that due to a;(Mz) = 0.120 F 0.005. In ad-
dition, simple models could have uncertainties of 0.0030 from threshold corrections
at the GUT and weak scales. The weak mixing angle therefore provides the only
successful theoretical prediction at the 1% level of any parameter of the standard
model. This suggests that we take the assumptions which are sufficient to get this
prediction and use them to make predictions for the squark and slepton masses.
These assumptions are

1. At some scale Mg the gauge group is SU(5) x G, where SU(5) contains the
entire standard model gauge group.

2. At mass scales below Mg the gauge group is SU(3). x SU(2), x U(1)y x G'.

3. At mass scales below Mg the only particles coupling to the standard model

gauge interactions are those of the MSSM.?

These assumptions are not a necessary requirement for an acceptable value

of sin® fw. Acceptable values can be obtained in very many ways, for example in

3In fact the prediction of sin? fw is not altered if extra complete, degenerate SU (5) multiplets
occur beneath Mg. We assume these to be absent; it could be worth studying the extent to which

such representations affect the scalar mass relations.
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non-supersymmetric SU(5) theo;‘ies with extra multiplets which are not SU(5) de-
generate [23]. However, it is these assumptions which uniquely produce a significant
prediction. All the other schemes have a free parameter which can be chosen to fit
sin? Oy .4

What scalar ’ma.ss relations follow from these assumptions? The first assump-
tion imposes the boundary condition (which is taken to be at Mg now) on scalar

masses within the same generation®:
mg, = mEé: = mU(;: = Mjo, (228)

mpr, = mpg = mgz, (229)

because @), F° and U¢ all lie in a 10 dimensional representation, and L and D° lie
in the 5. There is no boundary condition relating masses of particles in different

generations, and hence no such mass relations will result.

Let us study a particular generation, and suppose that in the SU(5) x G theory
it lies in representation (10, R;) + (5,R;). If Ry and R, are non-trivial and if
G breaks to G’ which is non-trivial, then the G’ gauginos can renormalize the
squark and slepton masses. However, since all members of the 10 have the same

G’ quantum numbers, this renormalization is common, and can simply be absorbed

“In the MSSM the scale of supersymmetry breaking is not a free parameter - it is determined

to be of order the weak scale by radiative electroweak symmetry breaking.

SMixings between the three low energy generations and some heavy vector-like particles at the
GUT scale may spoil these relations[24]. However, large mixings are not expected since the KM

matrix is very close to unity.
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into the unknown parameter m;o. An identical situation applies to the 5. Hence
the common mass g in the formula (2.2.7) should be replaced by m§ — m} which
take on the two possible values shown in (2.2.8) and (2.2.9) according to whether /

lies in a 10 or 5 representation. In addition, the S term, which vanishes under the

universal boundary condition assumption, is now given by
S(Mg) =Y Yim}(Mg) = m},(Mg) — my;, (M) (2.2.10)

Since H, and H lie in different representations of SU(5), mi;,(Mg) and m%; (M)

are not necessarily equal. From (2.2) it follows that S scales as o,

S(p) _ aalp)
S(po) — a1(po) (221

" The contributions of the S term can be written as
ssmi(p) =Y T, (2.2.12)
where
T =~ (S(Mo) = S(k)) = ~ S (Mo)(1 - =)

= — g5 (p)(2e) — 1), (2.2.13)

a1{x)
Among the five masses (2.2.7) of each light generation, there are three combinations

independent of m3 :

1
my—mpe = (Cp— %CI)M(? - %sin2 Ow M2 cos 23 + %T, (2.2.14a)

my —mpe = (C3+Cs— z—zc’l)Mg + 12—sin2 Ow M3 cos 2 — gT,(2.2.14b)

)
mpe —mi = (C3—Cy— %CI)M(? - gsin2 Ow M3 cos 28 + gT,(2.2.14c)
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where we have written f3; = Cs for a color triplet, fo; = C, for a weak doublet
and fy; = Y;2Cy, My is the gaugino mass at the GUT scale, and the a,(M,) in fi
should be replaced by a,(Mg). By rearranging the above equations, we arrive at

the following two mass relations independent of T

25 . |
2m2Q - m?,c — m%c = (C3 + 202 - 1—8‘01)M5, (2215&)

1
my +mb. —mb —ml = (2Cs— ?OCI)MOZ, (2.2.15b)

and also an expression for T':

3

10 ,
= E(mé —~2mbe + mhe + mi. —mi + Y sin® @y M% cos 26).  (2.2.16)

Since S(Mg) is only proportional to the difference m}; (Mg)—m¥, (M) and by = £,

we have |T| < $;|m}, (Mg) — mj; (Mg)|. If the splitting between m%;,(Mg) and

m% (Mg) is not too large, then T is small and these mass relations of (2.2.14),
H , ‘

with T = 0, are approximately true. Alternatively, one can use (2.2.3), (2.2.13) and

(2.2.16) to get

2 2 2 2 2 | 10 :.2
(mQ — szc + mpe. + mg. —my + 3 Sin 0WM% COs 2,3)3rd generation

+H(m}, —m¥,) = S(p) — BT = —(Grsd ) T - 27

__ (20a1(Mg)+13a (k)
=~ 3ai(M§)_3a12,f)‘ )T. (2.2.17)

'This combination does not suffer from the renormalization effects of the large third

generation Yukawa couplings. Using T from (2.2.16) in (2.2.17) gives a third (in-
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tergenerational) mass relation:
10 ;2
(sz - Qm?p + m%)c + mZEc - m% + 3 S GWM% Cos 2,6)151 or 2nd gen.

10 .:..2
= —{(md — 2m}c + mp. + mE. —m} + 3 sin® Ow M3 cos 26) srd gen.

a1(Mg)—-10a71 (1)
+(m§12 B m%{l)} X ;gangg)Higai((Z;’ _ (2'2'18)

The MSSM provides 4 mass relations within each generation: those of (2.2.14)

with T = 0 together with

mj — mbe = (C; — z—Cl)Mg + gsin2 bw M3 cos 283, | (2.2.19)

and also predicts identical spectra for each of the light generations.

In this section we have shown that two of these mass relations follow from a
completely different boundary condition assumption than the one of universal scalar
masses used for the MSSM. We have found that, in any GUT where the successful
prediction of the weak mixing angle at the 1% accuracyllevel is preserved, two of
the four mass relations of the MSSM for each light generation is preserved and a
third one can be recovered provided that the third generation scalar masses and

Higgs masses are also measured.

2.3 An extra mass relation in SO(10)?

The mass relation (2.2.19) can be reformulated as a relation between the two

charged slepton masses of a given generation:
2 2 3 2 1 .2 2
mg — mge = (Cy — ZCI)MD + (—5 + 2sin” w) M3 cos 23. (2.3.1)
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In the following we will not include the contributions from the S term. It is assumed
to be small or can be obtained from (2.2.16) or (2.2.17), then be substracted from
the scalar masses. It is also assumed that M, is known (e.g. from the chargino mass
measurement). This relation is particularly important because:

(a) The super-QCD interactions tend to increase the masses of the squarks
above the sleptons, hence we expect this to be the first scalar mass relation of the
MSSM to be tested.

(b) We have shown that this relation is precisely the one which cannot be
deduced from SU(5) unification. This is clearly b.eca.use E and E° are in different
representations of SU(5). |

If the gauge group is extended to include SO(10), such that a single generation
lies entirely in a 16 dimensional spinor representation, then it is tempting to think
that this slepton mass relation will be recovered, perhaps one can view this partic-
ular mass relation as a low energy signature of SO(10). In this section, we explore
in more detail the extent to which this is true.

"We will make the three assumptions, given in the last section, necessary for
the GUT to yield a significant sin2@y prediction. In addition we add the 4th
assumption:

4. At energy scales greater than Mo, which is greater than or equal to Mg,

the gauge group contains a factor which includes the usual SO(10) gauge group.

This assumption provides the extra boundary condition which sets mp(¢) and
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mp<(p) equal at g > Myo. The crucial question now is: are there any additional ef-
fects which could split these masses other than those of the SU(2)r x U(1)y gaugino
contributions and the SU(2), xU(1)y D? interactions, shown in (2.2.19) and (2.3.1)?

There are four such effects , which could break the slepton mass relation in an
important way [25, 26, 27]:

(a) Radiative contributions from the gauge couplings and gaugino masses be-
tween Mo and Mg,

(b) Radiative contributions from the superpotential couplings between My and
Mg, |

(c) Tree level D term contributions,

(d) Radiatively generated D term contributions.

Suppose that Mo is higher than Mg, and that beneath M;q SO(10) breaks
down to SU(5) (or SU(5) xU(1)x). The two charged sleptons ofa given generation
belong to 5 and 10 representations of SU(5) respectively and therefore their masses
receive different radiative corrections. The radiative correction contributions from
the SU(5) gaugino mass is

() = C( R)(1 - %)Mg(MG% (23.2)

where C5(5) = 22 and C;(10) = 2. Therefore we have %%(1%1 = 3. IfU(1)x survives
beneath Mo, the U(1)x gaugino mass also contributes to the radiative corrections

and reduces this ratio (X0 = —1, Xz = 3), but in general its contributions are

smaller.



If this is the only source which violates the slepton mass relation, then we have

m
10 <
mg

(2.3.3)

N

1<

k]

and the violation should be small if gaugino mass is found to be srnall' unless the
gauge coupling increases very rapidly above Mg.

In addition to the radiative corrections from the gauge couplings, if the sleptons
have some superpotential coupling of strength A with fields which acquire masses
O(MG), then there are radiative corrections to the slepton masses between Mg
and Mg at order 2. In order to generate significant violations of the slepton 1;1ass
relati01l1, A has to be large, probably - 2 %, but such a large superpotential coupling
could also destroy the degeneracy of scalar masses of different generations and induce
unaccei)table flavor changing effects unless there is a horizontal symmetry above Mg
which keeps the scalar masses of the two lighter generations degenerate.

D term contributions to scalar masses can arise when the rank of the gauge
group is reduced. To see this, consider the following situation. Suppose the
U(1)x subgroup of 50(10) (50(10) > SU(5) x U(1)x) is broken by the VEV’s of
N and N fields which lie in 16 and 16 representations of SO(10). The U(1)x gauge

in‘;eraction contains a piece
1 —
S9x (XN INI* = Xn|NP + 32 X [g:")?, (2.3.4)

~ where X is the X charge of the ¢; field. When the VEV’s of N and N fields are not
equal, it gives extra contributions to the squared masses of scalar fields of nonzero
X charges. This happens if the soft SUSY breaking masses of N and N are different
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[26, 28, 29]. The relevant part of the scalar potential for these fields we take to be
—_— 1 —
VIN,N) = 565X N[ = Xu[N)?
+m3 [N|? + m&|N*| + WNN - u2?, (2.3.5)

where m}; and m3; are the soft SUSY breaking masses of the N and N fields, and
they are of the order of the SUSY breaking scale mg. The last term 1s to give large
VEV’s (~ p) to N and IV fields.® Defining £ = [N + [N°|, A = N> — [N,

m} = 1(m} + m%) and mi = 3(m} — m%;), we can rewrite V as

V = Sgk(XnAY +mi% + mia + NIV = AT g7 (2356)

Minimizing the potential with respect to A we obtain
m3 i

This shifts the mass of the scalar particle with charge X; by the amount

§m? = ¢4 X; XnA ~ -—)%mg. (2.3.8)

Therefore any scalar particle which carries U(1)x charge will receive a tree level D
term contribution which is proportional to its U(1)x charge and the difference of the
soft—Breaking masses m} and m%. Since N and N lie in different representations of
50(10), SO(10) allows m} to be very different from mZ, énd also X0 and Xz are

different (X;0 = —1, X5 = 3), this provides a large breaking of the slepton relation |

(2.2.19), (2.3.1).

éDifferent ways of stablizing the VEV’s of N and N do not change the basic result, they only

give corrections to the higher order terms in equation (2.3.7).
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From the above discussion it follows that a significant violation of the slepton
mass relation by the D term requires a lar‘ge difference between m%; and mZ; (of
the same order of the slepton masses). If some symmetry of the Kahler potential
guarantees that m%, and mfv are equal at the tree level, a large difference between
them can still be generated by radiative corrections, especially if U (1)x is broken
by the same radiative corrections at some much lower energy. We consider such a

model in the next section.

2.4 Large D term corrections from radiative breaking of
U(1)x

If the scalar masses are universal at'the Planck scale because of some symmetry
of the Kahler potential, the difference between m%; and mZ; can still be generated
by radiative corrections below the Planck scale if N and N couple to other fields
differently. An interesting case is that the U(1)x is also broken by the same radiative
corrections which modify m}; and mZ, i.e., N and N fields get VEV’s when m% =
3(m% + m%;) is renormalized to négative. In this case, m} = 3(m} —m%) > m§
which i1s presurnabiy comparable to the masses of the squarks and sleptons, then

the D term correction to the sparticle spectrum can be quite large. In what follows

we consider a simple model which will demonstrate this case.

We assume, for simplicity, Mo = Mg, and beneath Mg, the particle con-

tents are the usual ones in the MSSM with three right-handed neutfinos, the ad-
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ditional U(1)x gauge field, an N énd an N fields discussed above which break >the
U(1)x when they get nonzero VEV’s, and three gauge singlets S, £k = 1,2,3. The N
and N belong to the 16 and 16 representations of SO(10) at the GUT scale with all
other components getting superheavy masses and decoupled below the GUT scale.
This can be acilieved by a 45 Higgs with VEV’s in the hypercharge direction[30].
The two low energy Higgs doublets H; and H, are assumed to belong to the 10
representations of SO(10) and their X charges are -2 and 2 respectively. The X

charges of all chiral fields are shown in Table 2.1. Note that we only add the stan-

4

ﬁeld: qrL uRC dRc lL €R VRC Hl Hg N N S

X |-1{-1{3 |3|-1]|-5]|-2]2|-5|5]0

Table 2.1: The U(1)x charges of different fields

dard model gauge group singlets to the MSSM so that the successful prediction of

sin? 0y in the SGUTs is retained.

We consider a superpotential given by
W = QAyU°H; +QApD°H, + LAgE°H, + LA, vy H,

-3
+uH Hy + > MevriSeN. (2.4.1)

k=1
Other possible interactions, such as NS N, mS? and 53, could vanish either because
Sk’s are embedded in some non-trivial representations of SO(10), or because of some
discrete symmetry. (For example, a parity whose lepton fields change sign and Si
and N are multiplied by 7 .) The scalar potential involving N and N fields is given
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1 — 3 Jp—
Vo= S0k NP+ XgIN + 3 X 16id7) + 3 [t V|
z k=1
3 il 2 2 2 (72 3 o v
+ Z I)\kSkNl +my ]NI + mﬁlN I + E AR Sk N
k=1 k=1
1
= Egg}(XNA + 3" X: 14:°)? + mES + miA
3 —_—2 3 2 3 _
+ 3 [MorN| + 3 S V| + 3 AiaSiN, (2.4.2)
k=1 - k=1 k=1

where &, A, m%, and m% are defined as before. When m2 is driven negative
by the Yukawa interactions )\kuquSkN at some intermediate mass scale M, (Ax’s
are assumed to be O(1),) N and N fields will get nonzero VEV’s and break the
U(1)x . The difference of the squares of their VEV’s A is given by A = —Xj’:-r%i; by

minirnizing V with respect to A, and the sum ¥ is fixed by the one-loop correction

1 M? 3]

AV StrM4[ln ;2— - 5 (243)

= 6472

to the scalar potential [31], ¥ ~ M? where M is the scale at which mi(M;) =
m% (M) + m%( M) = 0 [28]. Fig. 2.1 shows the evolutions of the soft brea.king ‘
masses of N, N, Si, and 7r°; fields. For simplicity, we have assumed that the
soft SUSY breaking parameters are universal at Mg and the parameters are chosen
to be Ao = Ao = 1.5, dporo € 1, Ao = 1, k = 1,2,3, and the universal soft
breaking trilinear couplings Ao = 3mo. The m}_. is also driven negative at low

—_2
energies because of the large ),, coupling. However, the terms 3°3_, |/\kz73°kN l

“We use S and N to represent both the superfields and their scalar components. It should be

clear which one they represent.
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Figtire 2.1: The evolutions of the soft breaking masses of N, N, Sy, and g ﬁelds
from GUT scale (2.7 x 10'® GeV) to U(1)x breaking scale (30 TeV).

An universal soft breaking mass mg 1s assumed at GUT scale and the parameters
are chosen to be Mg = A0 = 1.5, Ap0-0 € 1, A0 = 1,k =1,2,3 , and the uhi\}ersal

soft breaking trilinear couplings Ag = 3m,.

26



in the scalar potential V (equatioﬁ(2.4.2)) prevent both N and #z° from getting
non-zero VEV’s. After U(1)x is broken, the mass square of 7r§ gets a large positive
contribution from the N VEV and (#g5) remains zero.

The present bounds on the mass of thq U(1)x gauge boson Z, are Mz, > 320
Ge\/"'(direct) and > 670 GeV (indirect) [32]. The primordial nucleosynthesis may
put a more stringent limit on Mz, , taking N, < 3.5, Mz, has to be greater than
O(TeV) [33] because of the extra massless states present in our model. Cosmolog-
ical constraints also put an upper limit on M;. The flaton (a linear combination
of N and N which corresponds to the quasi-flat direction) decays into light parti-
cles through the heavy intermediate states of O(M;) after the phase transition of
U(1)x breaking. The decay rate must be fast enough in order not to affect the pri-
mordial nucleosynthesis or over-dilute the baryon asymmetry. This gives an upper
bound on M; [34]. With these considerations, we will take M} to be in the range
of 103GeV to 107GeV.

Compared with MSSM, the scalar masses contain two extra contributions: the
U(1)x gaugino contribution and the U(1)x D term. For the first two generations

where the Yukawa couplings are negligible, the scalar masses are given by

3
m? = mi+ > fuiM]+ fxiM{

1
a=1

. X,
+(T3; — Q; sin® Oy ) M% cos 28 — B{——mZA, (2.4.4)
N :

where mg and My are the scalar mass and gaugino mass at Mg respectively, f,;, a =

o
-~



1,2, 3 are the same as before and fx; is given by

2 X2 ax(M)

i =
~ In this simple model, m% can also be expressed in terms of mq and Mo,

mi =my =m) + fxnMg, (2.4.6)
then we have

X. .
2= (1-)m Wi MZ + (fx Xi )M
m ( XN) ot Zf + (fx:i — NfXN)Mo

a=1

+(Ts: — Q; sin’® 0w ) M cos 28. (2.4.7)

The corrections —-—‘—mo +(fx:i— YX;’- fx~n)ME to the masses of squarks and sleptons
compared to the MSSM can be as large as 60% for X; = 3 in the limit mo > M.
Fig. 2.2 shows the comparison of the scalar spectra with and without the U (1)x D
term corrections for a set of mo and Mo. We see that the corrections are more
significant for the sleptons than for the squarks because of the ;maller gaugino
mass contributions to the sleptons than to the squarks. Now the slepton mass

relation (2.3.1) is modified to be

‘ 3 4
mE —m%. = (C;— ZCH)M(? +8Cx M + gmzA

1 .
+(—§ + 2sin® 0w ) M3 cos 2, (2.4.8)

where fx; = X?Cx. In a more general SO(10) theory there is no simple relation
between m% and m2 and m% has to be treated as a parameter.

Before going to the next section, we have three comments on this model.
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(1) S term contributions: When U(1)x is broken at intermediate energy M,
S(Mj) is also shifted by ém};, —ém}, = 2m. Then the equations (2.2.13), (2.2.17)
and (2.2.18) are not valid. Therefore, if (2.2.15a), (2.2.15b) hold but (2.2.18) does
not, it may be a hint of an U(1)x breaking at intermediate energy scale and pro-
viding a shift of the S term.

(2) Neutrino masses: In our simplest model, there are Athree heavy Dirac neu-
trinos and three massless neutrinos becé,use of the three singlet states we introduced
[35, 36]. We can see them from the mass terms of the neutrinos (for simplicity, we

only consider one family here and drop the family indices)
mDI/LI/fQ + MDSUICQ, (2.4.9)

where mp = A, (HY) ~ O(my.;), and Mp = MN) ~ O(M;). One linear combi-
nation of VL and S, v sinf + Scosé, where tanf = ;ﬁ%, is married with vp and
gets a large mass \/m% + M} ~ O(Mj), which is consistent with experimental con-
straints [36], and the other combination vy, cos § — S'sin 8 is left massless. However,
it is possible to give the three light neutrinos small majorana masses which are
favored to solve the solar neutrino problem by just adding some extra interactions
to the superpotential of the model. For example, if we add to vthe superpotential
the non-renormalizable interaction 37=S?NN which gives a small majorana mass

term msS? = 3= (N) (N)S? to S, then the mass matrix of the fields vy, v§, and §
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becomes S

0 mp 0
M= my 0 Mp |- (2.4.10)
0 MD mg
The product of the three mass eigenvalues is given by det M = —m%mg, and the

two larger masses are approximately equal to Mp, so the mass of the light neutrino

1s approximate
2 2 Ar2 2
tipe mpms mp My _mp
t —
" M3 MiMs Mg

(2.4.11)

which is similar to that generated by the usual see-saw mechanism.

(3) b-7 Yukawa unification: Because the U(1)x is broken at low energy, there are
extra interactions surviving at low energies compared with the MSSM. Especially
the 7-neutrino Yukawa coupling A,  which should be about the same as ); at the
GUT scale enters the RGE’s of many parameters. The RGE for the -7 mass ratio
R is modified to be

dR R
ding — 1672

1 4,
(—?692 + ggf + A2 — X2 +3X] —3X2). (2.4.12)

In the small tan § case where A, and A, can be neglected, the unification of b and
7 Yukawa couplings in SGUT requires a large top Yukawa coupling to compensate
the contribution from the SU(3) gauge coupling. In our model the contribution of
A¢ 1s largely cancelled out by A,,, making it difficult to achieve the b-7 unification
for the top Yukawa coupling staying in the perturbative regime at the GUT scale.
However, since the b- and 7- Yukawa couplings are small, they do not necessarily
come from a single renormalizable interaction of the form 163 10 163 in SO(10) and
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therefore their unification is not mandatory. In the large tan 3 case where A, and A,
are comparable to A; (which we will discuss in the next section), the terms 327 —3A2
in the RGE for R also contribute and make up the negative contribution from A,,
(A > A, below the GUT scale). In addition, the couplings between b and H,
through the bottom squark-gluino loops and top squark-chargino loops [37, 38, 39]
could also give a significant contribution to R if tan S is large. Therefore, the b-7

unification is possible in this case.

2.5 Fine-tuning problem in the Yukawa unification

scenario

Recently, the large tan 8 scenario in whichj the tau lepton and the bottom
and top quark Yukawa couplings unify at the grand unification scale has drawn
considerable interest [38, 40, 41, 42]. This happens in an SO(10) GUT if the two
light Higgs doublets lie predominantly in a singie 10 representation of the gauge
group SO(10) and the ¢, b, and T masses originate in the renormalizable Yukawa
interactions of the form 16310 163. In this case, the top (¥uark mass can also be
predicted and it was predicted to be heavy [38]. In fact, such a heavy tbp quark has
be found by the CDF and DO collaborations at the Fermilab[43, 44], m, = 180 £ 12
GeV([22]. The problem with this scenario is that radiative electroweak symmetry
breaking is hard to achieve although significant progress has already been made

[39, 42, 45, 46]. The masses of the up- and down-type Higgs are the same at Mg



because they lie in the same representation and run almost in parallel because of
the boundary condition A;(Myo) = As(Mio). Usually one relies on heavy gauginos to
amplify the small hypercharge-induced difference in the running of m} and m},.

However, all these attemps require severe fine tuning of the parameters which we
will explain below.
The relevant part of the Higgs potential is given by

| .
WIEY + i HR” + Bu(HYHS +he) + 2(a* + g (IH =~ |HR). (25.0)

Minimizing the Higgs potential we obtain the following conditions,

pi —tan® Bul  MZ

= 2.5.2
tan? B — 1 2’ (2:5.2)
—uB 1.
———— = —sin20. 2.5.3
PRy . (259
In the case of A(Mi0) = Ap(Myo) , tan B = 7% ~ O(50) > 1. We see that p3 ~ ——Nf

for y? not too large, then
my = ul 4 py > (uf — pl) — Mz < pf — 43 = ems, (2.5.4)

where m4 is the CP-odd scalar mass |, m?g is the typical supersymmetric particle
mass scale, mgs ~ max(mo, Mo), and ¢, represents the custodial symmetry breaking
effects. Equation (2.5.4) tells us that both m% and M% are smaller than e.m%,
so there is an O(¢.) fine-tuning of the Z mass. In addition, writing m?% = em%,
e<e K1, we havé

—uB ) 1 € 2
= 2>~ —— = —uB ~ . 5.
sin 2/ = —uB tan,@ms (2.5.5)

1
em? 2 tan 3
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2
While  is typically of the order ms in order to satisfy p} = m}, + p? ~ —A'; ,
the B parameter which receives contributions from the gaugino masses and the soft
SUSY-breaking trilinear scalar coupling A and therefore is also naturally of the

order mgs has to be fine-tuned to O(mms). The fine-tuning is at least one part

in 10® and is much worse than the naive expectation -

The U(1)x D term which gives the opposite contributions to m}; and mj,
provides the desired ingredient to solv<;. this problem [30, 39, 47]. One can either
simply have m}, # m%: at tree level [39] or have the difference m% generated by
radiative corrections as described in the last section. However, the simple model
discussed in the previous section gives a positive contribution to m};, and a negative
contribution to m}, which is incompatible with the fact that g? > p3. We thus
modify the model so that it has interactions A\;'vg, Si'N, k = 1,2,3, instead of
Mg, SkN. The S.”s are still standard model gauge group singlets, but carry
U(1)x charge +10 (they may belong to the 126 of SO(10)). We also have to add
Sk (X = —10) to the model in order to cancel thé anomaly and we assume that
they only have the U(1)x gauge interaction. Then, the m, instead of m%, is
driven negative by the Yukawa interactions. The m} = 3(m} — mZ;) becomes
negative in this case and therefore it gives the correct-sign D term contributions to

m};, and m3;,. Let ém% be the difference between m}; and m%;, generated by the

renormalization group from Mgyt to mgs without the D term correction.

§my = my, —my, = ems K my. (2.5.6)
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The parameter m? = u? + p? is now given by

m% = i +p5 = (43 — py) + 203 = D+ dmy — M7, (2.5.7)

where D = (=2ml) — (+2m}) = —2mi ~ m%. For ms larger than Mz, m%

is naturally of the order m% and the problem of a light m% can be avoided. The
fine-tuning problem of uB is also relieved though not totally eliminated as we can
see from equation(2.5.5) that a fine tune of 5 ~ O(5;) is still required. However,

it should be generic since a large pure number tan 8 has to be generated.

2.6 Conclusions

It is well known that quark and lepton mass and mixing angle relations may
provide evidence for grand unification. Although squarks and sleptons have yet to
be discovered, mass relations amongst scalars provide a much more reliable test of
unification than do the relations involving fermion masses. This is because chiral
and gauge symmefry breaking effects mask the grand unified symmetry relations
for the fermions, but are not present for the scalars. In this chapter we have derived
several scalar mass relations which follow directly from the grand unified symmetry,
and we have studied the reliability of such relations as a probe of supersymmetric
~ unification.

The small size of flavor-changing processes suggests that in models with weak-
_ scale supersymmetry the sqﬁarks of a given charge should be approximately degen-
erate. This has led to the speculation that squarks and sleptons of different charge
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might also be degenerate. Although only a speculation, such a boundary condi-
tion of universal scalar masses has become a ubiquitous feature of supersymmetric
models and is iﬁcorporated in the minimal supersymmeric standard model. Since
there are five types of quark and leptons, the quark and lepton weak doublets Q
and L and the weak singlets U¢,D¢ and E°, such a boundary condition leads to four
relations between the scalar masses. However, the origin of these relations is more

a matter of simplicity than of any underlying fundamental principle.

In this chapte; we have derived mass relations, between scalars of a given
genefation, which result from the most general possible boundary condition that
respects a grand unified symmetry. With SU(5) unification, the five types of quarks
and leptons are unified into two irreducible repfesentations (@, U¢, E°)and (L, D°),
leading to the expectation of three mass relations, which are given in equation
(2.2.14). However, these three relations involve a quantity 7', which depends on
the mass splitting of the Higgs scalars at the unification mass. It is likely that
this mass splitting is small enough that the relations (2.2.14) with T = 0 will
result. However, if the mass splitting is very large there are only two mass relations
between the scalar mass péra.meters of each of the light generations. These relations
are given by eliminating T, and are given in equations (2.2.15). We believe that
these relations must be correct in any grand unified theory which incorporates- the
usual SU(5) group. If these relations are found to be incorrect, then it is unlikely
that grand unification is correct. Although extra particles and interactions could be

added to a grand unified theory to invalidate these mass relations, such particles and

36



interactions will lead to extra renormalizations of the weak mixing angle, upsetting
the outstanding agreement between the theoretical prediction and the experimental
value.

Even if the parameter T is large, a third mass relation can be derived because T
can be evaluated by measuring the Higgs boson and third generation scalar masses.
This mass relation is gfven in equation (2.2.18).

If the ciuark and leptons are further unified, so that all five species of a gener-
‘ation are unified in :;L single representation, as occurs in SO(10) theories, a fourth
mass relation is to be expected. This is written, ignoring T, in equation (2.3.1), as

- 4
a relation between the masses of the two charged sleptons. This mass relation is
likely to be the first which is subject to precise experimental test. If it were verified
-1t would provide striking support for SO(10) unification. However, unlike the two
mass relations mentioned above, it is not a necessary cons;equence of SO(10) unifi-
cation. We have shown in this chapter that it is possible to have large corrections

to this mass relation from U(1)x D? interactions, either at tree level or by radiative

corrections.



Chapter 3

Flavor mixing signal for realistic

supersymmetric unification
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3.1 Introduction

It has recently been demonstrated that flavor and CP violations provide an
important new probe of supersymmetric grand unified theories [6, 7, 8, 9]‘. These
new signals, such as p — ey and the electron electric dipole moment d., are com-
plementary to the classic tests of proton decay, neutrino masses and quark and
charged lepton mass relations. The classic tests are very dependent on the flavor
interactions and symmetry breaking sector of the unified model: it is only too easy
to construct models in which these signals are absent or unobservable. However,
they are insensitive to the hardness scale, Ay, of supersymmetry breaking.! On the
other hand, the new flavor and CP violating signals are relatively insens.itive to the
form of the flavor interactions and unified gauge symmetry breaking, but are absent
if the hardness scale, Ay, falls beneath the unified scale, Mg. The signals are gen-
erated by the unified ﬂavqr interactions leaving an imprint on the form of the soft
supersymmetry breaking operators [25], which is only possible if supersymmetry
breaking is present in the unified theory at sca}es above Mg.

The flavor and CP violating signals have been computed in the minimal SU(5)
and SO(10) models for leptonic [6, 7, 8] and hadronic processes [9], for moderate
values of tanf, the ratio of the two Higgs vacuum expectation values. While rare
muon decays provide an important probe of SU(5), it is the SO(10) theory which

1s most powerfully tested. If the hardness scale for supersymmetry breaking is large

1This is the highest scale at which supersymmetry breaking squark and gluino masses appear

in the theory as local interactions.
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enough, as in the popular supergravity models, it may be possible for the minimal
SO(10) theory to be probed throughout the interesting range of superpartner masses
by searches for 4 — ey and d..

The flavor-changing and CP-violating probes of SO(10) are sufficiently powerful
to warrant an exploration of consequences for non-minimal models, which is the
subject of this chapter. In particular, we study SO(10) theories in which

(I) The Yukawa interactions are non-minimal.

In the minimal model the quarks and leptons lie in three 16’s and the two
Higgs doublets Hy and Hp lie in two 10 dimensional representations 10y and 10p.
The quark and charged lepton masses are assumed to arise from the interactions
16Ay16 10y +16Ap16 10p. This model is a useful fiction: it is very simple to work
with, but leads to the mass relation m./m, = my/m,, which is in error by an order
of magnitude. It is clearly necessary to introduce a mechanism to insert SO(10)
breaking into the Yukawa interactions. The simplest way to achieve this is to assume
that at the unification scale, Mg, some of the Yukawa interactions arise from higher
dimensional operators involving fields A which break the SO(10) symmetry group.
This implies that Ay p — Ay,p(A). Every realistic model of SO(10) which has been
constructed has this form; hence one should view this generalization of the minimal
model as a necessity.

(II) The ratio of electroweak VEV’s, tan 8 = vy/vp, is allowed to be large,

'~ my [y
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This is certainly not a necessity; to the contrary, a simple extrapolation of
the results of {7] to such large values of tan 8 suggests that it is already excluded
by the present limit on g4 — ey. The case of large tan 8 in SO(10) has received
much attention [5, 38, 39, 40, 41] partly because it has important ramifications for
the origin of m;/my = (A¢/As)tanB. To what extent is this puzzling large ratio
to be understood as a large hierarchy of Yukawa couplings, and to what extent in
terms of a large value for tan 37 If the third generation masses arise from a single
interaction of the form 16316310 it is possible to predict m; using m; and m, as
'input [40], providing the theory is perturbative up to Mg. The prediction is 175+ 1.0
GeV [38], and requires tan 8 &~ m;/m;.. In this chapter we investigate whether this
intriguing possibility is excluded by the y — ey signal; or, more correctly, we
determine whether it fequires a soft origin for supersymmmetry breaking, making
it incompatible with the standard supergravity scenario [15, 16, 17].

In the next section we show that SO(10) models with A — A(A) possess new
gaugino mixing matrices in the up-quark sector, which did not arise in the minimal
models. In section 3.3 we set our notation for the supersymmetric standard model
with arbitrary gaugino mixing matrices, and we show which mixing matrices are
expected from unified mddels a;ccording to the gauge group and the value of tan 8.
In section 3.4 we describe the new phenomenological signafures which are generated
by the géugino mixing matrices in the up sector; these signatures are generic to all
models with Yukawa interactions generated from higher dimensional operators. The

consequences of large tan B for the flavor and CP violating signatures are analyzed
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analytically in section 3.5 and numerically in section 3.6. The analysis of the first
five sections applies to a wide class of models. In section 3.7 we illustrate the results
in the particular models introduced by Anderson et al. [5]. As well as providing

illustrations, these models have features unique to themselves. Conclusions are

drawn In section 3.8.

3.2 New flavor mixing in the up sector

In [6, 7, 8, 9] flavor and CP violating signals are studied in minimal S' U(5) and
S0O(10) models with moderate tan 8. In these models the radiative corrections to
the scalar mass matrices are dominated by the top quark Yukawa coupling A; of the
unified theory, so the scalar mass matrices tend to align with the up-type Yukawa
coupling matrix and all non-trivial flavor mixing matrices are simply related to the
KM matrix. However, as mentioned above, the minimal models do not give realistic
fermion masses. One has to insert SO(10) breaking into the Yukawa interactions.
The simplest way to achieve this is to assume that the light fermion masses come

from the non-renormalizable operators

M A A A
MM, M, My M,

X;16; 16,, (3.2.1)

where the 16,’s contain the three low energy families, 10 contains the Higgs dou-
blets, and A’s are adjoint fields with VEV’s which break the SO(10) gauge group.
After substituting in the VEV’s of the adjoints, they become the usual Yukawa in-

teractions with different Clebsch factors associated with Yukawa couplings of fields
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with different quantum numbers. For example in the models introduced by Ander-

son et al. [5], (hereafter referred to as ADHRS models)
0 =2C 0 0 z,C C 0 =zC 0

w=\|2C yE z,Bl,Ap=|2;, yoE z4B |, xg=|2.C yE z.B],

0 zB A 0 z,B A 0 z.B A
(3.2.2)

where the z,y, z’s are Clebsch factors arising from the VEV’s of the adjoint fields.

Thus realistic fermion masses and mixings can be obtained.

The radiative corrections to the soft SUSY-breaking operators above Mg are
now more complicated. From the interactions (3.2.1) the following soft supersym-

metry breaking operators are generated:
Ne(A)mi (A (4) ¢l65, - (323

where ¢;, @, are scalar components of the superfields, and X;;(A) are adjoint de-
pendent couplings, A(A) = /\'—1’%’; .. ]C[—’;. After the adjoints take their VEV’s, the
m,(A) become the usual soft scalar masses. If we ignore the wavefunction renor-
malization of the adjoint fields (which is valid in the one-loop approximétion), this
is the same as if we had replaced the adjoints by their VEV’s all the way up to the
ultraheavy scale where the ultraheavy fields are integrated out, and treated these
nonrenormalizable operators as the usual Yukawa interactions and scalar mass op-
erators. This is a convenient way of thinking and we will use it in the rest of the
chapter. |

Above the GUT scale, in addition to the Yukawa interactions which give the
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fermion masses

QM yUHy, QX pD°Hp, EAgLHp, (3.2.4)

the operators (3.2.1) also lead to

Q/\qu.HU3 , Ex U Hy,, NAnaDHy,,

QquLﬂpa, UcAudDCHDw N LHy, (325)
where Hy,, Hp, are the triplet partners of the two Higgs doublets Hy and Hp.
Each Yukawa matrix has different Clebsch factors associated with its elements, so

- they can not be diagonalized in the same basis. The scalar mass matrices receive
radiative corrections from Yukawa interactions of both (3.2.4) and (3.2.5), which,
in the one-loop approximation, take the form

Amd o Al + ApAL + 20 A, + Ageal,

Am? o 2250 + AL A + 220,000,

Am} o 225Ap + Al dag + 221 A,

Am? o ALAE + 310 + Al A,

Am% « 22pAL 4+ 3.0, (3:2.6)
In the minimal SO(10) model, scalar mass renormalizations above Mg arise from a
single matrix Ay. It is therefore possible to choose a “U-basis” in which the scalings

are purely diagonal. This is clearly not possible in the general models. All scalar

mass matrices and Yukawa matrices are in general diagonalized in different bases.
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Therefore, flavor mixing matrices should appear in all gaugino vertices, including
in the up-quark sector (where they are trivial in the minimal models studied in
[6, 7, 8, 9]). The up-type quark-squark-gaugino flavor mixing is a novel feature of
the general models. Its consequences will be discussed in Sec. 3.4. Also, the flavor
mixing matrices are no longer simply the KM matrix. They are model dependent
and are different for different types of quarks and charged leptons, and are fully

described in the next section.

3.3 Flavor mixing matrices in general supersymmetric

standard models.

In this section we set our notation for the gaugino flavor mixing matrices in
the supersymmetric theory below Mg, taken to have minimal field content. We also
give geﬁeral expectations for thése matrices in a wide variety of unified theo;‘ies.

The most general scalar masses are 6 x 6 matrices for squarks and charged

sleptons and 3 x 3 matrix for sneutrinos,

( mp, (Cv + Aup cot B)vy
m} = ,
\ (¢ + My cot B)ou mp,
( m}, (¢p + Apptan B)vp
m% = R )
\ (¢h + Abutan B)op m},
m%, (¢ + Agptan B)vp
m; = ,
(¢k + Abptan B)vp mg,
m? = (m? ), (3.3.1)
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where m}; ,m} ,mj_,mj}_, m% ,m  are 3 x 3 soft SUSY-breaking mass matrices
for the left-handed and right-handed squarks and sleptons, and (v, {p,(E are the
trilinear soft SUSY-breaking terms. To calculate ﬁavor—violatiné processes, such as
g — e7, one can diagonalize the mass matrix m% by the 6 X 6 unitary rotation

matrix Vg and m? by the 3 x 3 unitary rotation V,,
m% = VemzVE, m?=V,mV/, (3.3.2)

where M%, M~ are diagonal.. The amplitude for 4 — ey is given by the diagrams in

Fig. 3.1, summing up all the internal scalar mass eigenstates.

v
(2) . (b)
y;
éi /" \\ /, o \\
Ve AN 7 AN
/ \ / \
|{ { { {
J 22 Nn < 22 Xec é €
7.‘

Figure 3.1: Feynman diagrémé contributing to p — ev.

If the entries in the scalar mass matrices are arbitrary, they generally éive un-
acceptably large rates for flavor-violating processes. From the experimental limits
one expects that the first two generation scalar masses should be approximately
degenerate and the chirality-changing mass matrices ¢4 should be approximately
proportional to the corresponding Yukawa coupling matrices A4. In this chapter
we treat the chirality-conserving mass matrices and chirality-changing mass matri-
ces separately, i.e., the mass eigenstates are assumed to be purely left-handed or
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right-handed, and the chirality-changing mass terms are treated as a perturbation.
This may not be a good approximation for the third generation where the Yukawa

couplings are large, the correct treatment will be used in the numerical studies of

Sec. 3.6. The superpotential contains
W > QTayUHy + Q*ApD°Hp + ETAgLHp, (3.3.3)

where Ay, Ap,Ag are the Yukawa coupling matrices which are diagonalized by the

left and right rotations,
o=V VL
Ap = VD*LXDVDTR’
Az =V AsVE . (3.3.4)
The soft SUSY-breaking interactions contain
Qm%Q + Utm30° + D'm3 D¢ + L'miL + Etm% E°
+QT¢wUHy + QT¢pD°Hp + ET¢g LHp. (3.3.5)

Because the trilinear terms should be approximately proportional to the Yukawa

couplings, we write

¢ =Co+ AC= AX+ Ac, ' (3.3.6)

where the universal A term (and also the y parameter) are assumed to be real

in order to avoid the SUSY CP problem. The soft-breaking mass matrices are

- 47



diagonalized by:?

m? = U mU}, m% = UgmyUL, - (3.3.7)
A¢y = Vi, ATy Vil Alp = Vi, ATpVil,, Alp = Vi, ATeVel.  (3.3.8)

In the mass eigenstate basis the rotation matrices V,U appear in the gaugino cou-
plings,
\/_g Z [— _eLWELeLN (H + cot HWHWJ) -+ EZWERERNang
n=1

1
+§C0t Owl/LULN H ~

nws

1 1
+uLWULuLN( H + CotawH )+dLWDLdLN (6H ~—~§Cotaanw3)

2

— ST WL ErNaH 5 +3d°WD daNH 5 +hc]

2
+ gZ[éLW};Lz'?L(XcK;) + (XK

c=1
+d W) i (xK.g) + aW d(x1K2;) + h.c]
Soalar Wi 55 + oW &5+ @ W ins + EWL dog '
+ V2g3[ur Wy, urg + diWp, dig + ag Wi Grg + d Wp drg + h.c],  (3.3.9)
where® the neutralino and chargino mass eigenstates are related to the gauge eigen-

states by e.g. B =Y4_, H sNn, @3 = X4, Hoz Ny, &t = 52, K 5X., and

WEL = UEIVEL’ WER = UE'VER’ WUL = UCSVUL? WDL = UE?VDLa

?Here we ignore the SU(2) x U(1) breaking contribution to the scalar masses. Otherwise there

should be different rotation matrices diagonalizing up and down left-handed squark mass matrices.

3Neutrino masses are not discussed here and we choose the neutrino to be in the sneutrino

mass eigenstate basis.
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| Wy, = UlVug, Wp, = UbVp,.
There are also non-diagonal chirality-changing mass terms
~L3¢ = eEW (Ag + ptan ﬂjAEW,}L ELvp + ERULACEULELvD
+dIW} (Ap + ptan B)ApW}_drvp + dLUS A¢pUpdrup
+ UL W, (Au + pcot ﬂ),\UW,jRaRvU +aLUS ACUUUaRw;

+ h.c. . (3.3.10)

The lepton flavor-violating (LFV) couplings are summarized in Fig. 3.2.

. i
(@ (b) (@
{ { {
. ——L <« ———l—
€Sz N, &L N €;L Xe
iV29'H, 5 Wi, —3V29'(H, 5 + cotOw Hogy) W5, igH pgKeaWg,
(d) - (e)
- —_ - =0 - - - e - = =
€L &R &L &R
~i(Ag + ptan BY (W5, Xg W} )ijop {(ULACgUL)ijvp

Figure 3.2: Lepton flavor-violating couplings in general supersymmetric standard
models.

~-

In the rest of this section we discuss the flavor mixing matrices in the minimal
supersymunetric standard model, minimal and general SU(5) and SO(10) models,
with moderate or large tan 8. The results are summarized in Table 3.1.
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For the minimal supersymmetric standard model, the radiative corrections to

the soft masses only come from the Yukawa interactions of the MSSM:

Am} o« ApAl + kapal,

Am? « 2a5Ay,

Am% x QATDAD,

Am? « ALag,

Am% o« 2xpAL. (3.3.11)
We have assumed a boundary condition on the scalar mass matrices m% « I at
Mpy,, and P # 1 represents the possibility that the proportionality constants are
not universal. For moderate tan 8, A; > ), so that the radiative corrections are
dominated by A;. Thus one can neglect the Ap contribution and the only nontrivial

mixing is Wp,. For large tan 8, \; and A, are comparable, so m, will lie between

,\U,\L and ,\DAE. Therefore both Wy, and Wp, are non-trivial.
For the minimal SU(5) model, there are only two Yukawa matrices, Ay =

A10, Ap = Ag = Xs, and

Am} o 3ApA); + 26ApAb,
Am? o 3} A + 26ahAp,
Am? 4l

D <X DAD,
Am? « 4aba

L D\D>
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Am% o 3AyAl; + 26ApAl. (3.3.12)

For moderate tan 8,1\, > A;, we have non-trivial mixings for Wp, and Wg,, as
found in [6, 7]. For large tan 8, Ap can not be ignored, giving non-trivial mixings
for Wy, and Wy,

For the minimal SO(10) model considered in [7, 8],

Am} o 5ApAl; + 5rApAb,

Am} o 5ALAy + 56ALAp,
Am? « 5a5Ay + 55abAp,
Am? « 5A[ Ay + 56AbAp,
Am} o 5ApAl; 4 55ApAL. | - (3.3.13)

We have non-trivial mixings Wp,, Wp,, Wg,, and Wg, for moderate tan 8 and
non-trivial mixings for all W’s for large tan 3.

For the general SU(5) or SO(10) models, defined in the last section, we get
non-trivial mixings for all mixing matrices in general. However, in SU(5) models
with moderate tan 3, the splittings among m% and m? are too small (because they

are generated by the small A;(A)) to give significant flavor-changing effects.

One might expect that the mixing in the Wy’s are smaller than those in the
Wp’s because of the larger hierarchy in Ay compared with Ap. However, a given W
is the p;oduct of a Ut (which diagonalizes the scalar mass matrix) and a V (which
diagonalizes the Yukawa matrix). Even if the mixings in Vi;’s are smaller than those
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in Vp’s because of the larger hierarchies in Ay, we do not have a general argument
for the size of mixings in U matrices. This is because U diagonalizes_(appropriate
combinations of ) known Yukawa matrices and unknown Yukawa matrices appearing
above the GUT scale, (3.2.5). The mixings in U! and V can add up or cancel each
other. Our only general expectation is that these new Yuicawa matrices have similar |
hiefarchical patterns as Ay or Ap. Without a specific model, one can at most say
that all non-trivial W’s are expected to be comparable to Vkjs; the argument that

the mixings in Wy’s should be smaller than is Wp’s is not valid.

In the minimal models at moderate tan 3, the leading contributions to flavor-
changing processes, such as g — e7, involve diagrams with a virtual scalar of the
third generation. Although such contribﬁtions are.highly suppressed by mixing
angles, they dominate because they have large violations of super-GIM[48]: the
top Yukawa coupling makes m; very different from mg, m;. AAt large tan g3, the
strange/muon Yukawa couplings get enhanced, so the splitting between mz and
m increases, leading to potentially competitive contributions to flavor changing
processes which do not involve the third generation. The importance of these new
diagrams can be estimated by comparing the contributions to Am2, (in a basis
where gaugino vertices are diagonal) when the super-GIM cancellation is between

scalars of the first two generations (2-1) and third generations (3-1):

-2 _
Amgl(zﬁl) ~ ‘/::d/\g 10 ) for A2 = /\C’

Amn(31) 7 Vi | (mm0)? for y = A,

60

(3.3.14)

We can see that for large tan 8 (or any tan  with small A, coming from the
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SU(5) 50(10)
MSSM | Minimal | general | minimal | general

i v | v | v vV
sm2 | e . o . o
Wy, . . v . v
Wp, | v v v v
Wop | — . vV . V4
Wou| — | — | v | v | v
Wg, | — — va v V4

“ Wee| — | v | vV | vV | V

Table 3.1: Summary table for the flavor mixing matrices.

ém? : important effecté due to some third generation scalars not degenerate with
those of first two generations.

8§m? : non-negligible effects due to nondegeneracy of the first two>generation scalars.
W; : fermion 7 and scalar z are rotated differently to get to mass basis.

v/ : present for any value of tan S.

e : present only for large tan §.

o : present for large tan , but model dependent for moderate tan f.

—: not present.

* : although present, its effect for moderate tan 8 on flavor violation is small due

to the small non-degeneracy among different generation scalars.
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mixing of Higgs at Mg 1.e., A;(Mg) = %/\Z(MG)), tilis could be comparable to the
flavor violating effects from the large splitting of the third generation scalar masses.
However, for the p — ey in SO(10) models, it does not contribute to diagrams
which are proportional to m., (because it does not involve the third generation
scalars), the dominant contributions are still those diagrams-considered in [7]. For
flavor-changing processes which do not need chirality flipping, such as K —K mixing,
and all flavor-changing processes in SU(5) models, this non-degeneracy between the
first two generations is important. The above discussion is summarized in Table

3.1.

3.4 Phenomenology from up-type mixing

As discussed in the previous section, unlike the minimal models with moderate
tan B studied in [6, 7, 8, 9] in generic GUT’s (for any tan 3) and even for minimal
GUT’s (at large tan ), we expect mixing matrices in the up sector. Having mo-
tivated an origin for non-trivial up mixing matrices Wy, , # 1, we consider some
effects they produce. In the following we simply assume éorr;é Wu;( r 2t the weak
scale and consider their phenomenological consequences. (See however section 3.5
and the appendix A for a discussion of the scaling of mixing matrices from GUT
to weak scales.) In particular we discuss D — D mixing, corrections to up-type
quark masses, contributions to the neutron electric dipoie moment (e.d.m.) and

‘the possibility of different dominant proton decay modes than those expected from
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minimal models.

3.4.1 D — D mixing

To get an idea for the contribution of up-type mixing matrices to D — D mix-
ing, we follow [49, 50] and employ the mass insertion approximation. The bounds
obtained from D — D mixing on the 6 x 6 up-squark mass matrix

My, Mg
Mpr  Mpg

(in the basis where gluino and Yukawa couplings are diagonal) are summarized in

[50]. For average up-squark mass of mz = 1 TeV, they are

2 2
Tl Tlema < 0.04, (3.4.1)
mb
—Zimz < 0.06. (3.4.2)
m

Consider first (3.4.1). In the last section we estimated that the contribution to mZ,
from the slight non-degeneracy between the first 'two generation scalars is generically
at most comparabale to that from the non-degeneracy between the first two and
third generation scalars. Thus, for our calculation, we only consider the contribution

from the splitting between first two and third generation scalars. Then, for A = L, R

2 mgf
1A Ug
;ﬁ2

mimz 1
=32 = IWUMsW . (3.4.3)

Uasz

T
S IWUAIS WUA32

We see that for W’s of the same size as the corresponding KM matrix elements, the

left hand side of (3.4.1) is of order 4x 10™%, and the bound is easily satisfied. Turning
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to (3.4.2), note that if ¢y = Ay, m@mu = 0. However, we expect (y = AAp+Aly,
with A¢y induced in running from Mpy, to M having primarily a third generation

component in the gauge eigenstate basis. If all relevant mixing matrix elements are

m2, .
of order the KM matrix elements, we expect —5%2&12 =0 (’%’%V}Ms ) . Again,

we see that the bound (3.4.2) is generically easily satisfied, and thus we do not in

general expect significant contributions to D — D mixing.

J

3.4.2 'Weak-scale corrections to up-type quark masses

It is well known that there are important weak-scale radiative corrections to
the down quark mass matrix proportional to tan S [37, 38, 39, 51, 52]. In general
unified models, with non-zero Wy, there are also important weak scale corrections
to the up quark mass matrix.

‘From the diagram in Fig. 3.3, we have a contribution to up-type masses pro-
portional to m;. We find, again assuming degeneracy between the scalars of the

first two generations,

s 8 [as A+ pcot
Amy = - <_) my <——#——IB) Wy, WUst [h(xtu:cin) - h(xtL"T“R)

3 \4rn M;
- h(xum ztn) + h(:l:uL,qu)] ’ (3-4'4)
where
m? 1 [zlnz ylny
i = __z’ h N = — . 4.
v:z M2 (2,9) :c—y[l—:r l—y (34:9)

The largest fractional change in the mass occurs for the up quark. If Wu,aym 18

comparable to the corresponding KM matrix element, the contribution to AT"‘% 1s
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(A¢ + pcot B)m,
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urp & N\ wp
/ \
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Figure 3.3: Corrections to the up-type quark mass matrix, proportional to m;,.

not significant. However, if each of the Wy, ., are a factor 3 larger than the
corresponding KM elements we can get sizable contributions. In Fig. 3.4, we plot
497;’1‘“# in %‘: - %i— space, where we have assumed mg, = mg, = mg; m;—LA = rﬁ;ﬁ =mg
and we have put |Wy,,,| = [Wyg,, | = 1/30, (A + pcot B)/my= 3. Any deviations
from these values can simply be multiplied in Am,/m,. In some regions of the

parameter space it is possible to get the entire up Qua,rk mass as a radiative effect.

More on radiatively generated fermion masses will be discussed in the next chapter.

3.4.3 Neutron e.d.m.

If we attach a photon in all possible ways to the diagram giving the contribution
to u-quark mass, we get a contribution to the u-quark e.d.m., which is proportional

to m; for any value of tan f. Evaluating the diagram, we find

d* = ¢|F|sin ¢, ! (3.4.6)



Amu/ mu

1727
0.8 1/9
1/3
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_Mmg/mg
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g /Mg
Figure 3.4: Contours for Am—":“- in %5: - :—-“‘ plane, assuming my, = mg, = mg,
- A
mg, = mg, = mg, Wy, = Wy, = 55, 22228 =3,



where
8 /s A+ pcotf . - .
F= 3 (E) mt_—m—WU“l WUL33 Wiz, WURss
g

~

X [62(3:%’1‘”1) - é2(£tLaqu) - GZ(xtR7$uL) -+ é((l?uL,IEuR)], (347)

~ _ 9(=) —g(y) _ 1 24
GZ(xay) - T—y ) g(l‘)— z(x_1)3[$ 1 2.’1)1I1$], (348)
and
I [me Wy W5, W Wi, | = 1MWy, We W, Wi, Isinéu. (3.4.9)

In general we expect a large non-zero sin ¢,. If the combination of W’s appearing
in the above is comparable to the combination giving a down quark e.d.m., the
u-quark contribution will dominate over the d-quark contribution to the neutron
e.d.m. considered in [8] by a factor ;-t—, (the factor 4 comes from the quark
mode] result d, = 4/3dy — 1/3d,). Hence, the neutron e.d.m. may be competitive

with 4 — ey and d. as the most promising ﬂavbr-changing signal for supersymmetric

unification.

3.4.4 Proton decay

Finally we turn briefly to the relevance of up-type mixing matrices for proton
decay; in particular to the important question of the charge of the lepfon in the
final state. We know that upon integrating out the superheavy Higgs triplets we can
generate the baryon number violating operators ﬁ(QQ)(QL) and MLH(EU WDU)
in the superpotential. These operators must subsequently be dressed at the weak
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scale in order to obtain four-fermion operators leading to proton decay. The dress-
ing may be done with neutralinos, charginos or gluinos where possible. Since
the dressed operator grows with gauge couplings and vanishes for vanishing neu-
tralino/chargino/gluino mass, one might naivgly expect gluino dressing to be most
important. However, if the up-type mixing matrices are trivial, gluino dressed op-
erators can only lead to proton decay with a neutrino in the final state. To see
this, we examine each operator separately: (eu,)(dsu.)e** (where a,b,c are color
indices) must involve u’s from two different generations because of the 2. One
of them has to be a u, so the other is a ¢ or a t. If there is no up mixing, the
up flavor does not change in the dressing process, so the final state would have
to contain a ¢ or a t. Since m¢, m; > m,, this can not happen. Next, consider
(QQ)QL) = uddb (uSer — divr)eape. By exactly the same argument as the above,
the u¢db u$er €. operator can not contribute to proton decay. Thus, we sée that
in the absence of mixing in the up sector, gluino dressing can only give neutrinos
in the final state. However, the above arguments break down if up-mixing matri-
ces are non-trivial, since gluino dressed diagrams give a significant contribution to
the branching ratio for charged lepton modes in proton decay. A detailed study
of flavor mixing in the up sector [53] concludes that, whether the wino or gluino
dressings are dominant, the muon final state in p.roton decay is of greatly enhanced
importance. Without the mixings, one expects %’;—__’f—;\i—”;)l ~ 1073. The up mixing
in general models increases this by O(100) making the mode p — K°u* a favorable

one for discovery of proton decay.

60



3.5 Large tan 3: analytic treatment

The large tan B scenario is interesting for a number of reasons. For moderate
tan 3, the only way to understand m; 3> my, m, is to have \; > Ay, A, at the weak
scale. This gives us little hope of attributing a common origin to third generation
Yukawa couplings at. a higher scale. However, for large tan § ~ O ( ﬁj) , the weak
scale A¢, As, A, are comparable and the above hope is restored. (In fact it is realized
in SO(10) models like the ADHRS example outlined in section 3.7). For us, this
is sufficient motivation to study the large tan f case in more detail. Also, this case
was not studied in [7]. We sha.llvsee that unexpected new features arise in the large
tan 8 limit.

The largest contribution to the y — ey amplitude comes from the diagram
with L — R scalar mass insertion (Fig. 3.5). In the L — R insertion apbroximation,
‘ ftan fm, v
oSy J\S\J
éiLl/ N\ éjR

{

— w1«

BL N €L

Figure 3.5: The diagram which gives the dominant contribution to 4 — ey in the

large tan # limit. A photon is understood to be attached to the diagram in all

possible ways.
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the amplitude for pr(r) decay is

Frery :'mmTWEuR)sz Weny WErays WEn(yss (Ag + ptan B )
x [Ga(md,,md ) — Ga(m2,,m2,) — Ga(m, ,mL, ) + Ga(m?, ,m2, )],
where
Ga(m3) — Gz(m )
GZ(mf’mg) = 77;,% m2 2 s
4 H ~ 2
Gz(mz) = Z —MLf-(Hng + cotOw H. nivs )g <M2> (3.5.1)

=
Note, however, that for large tan 8 the L — R insertion approximation may be a
bad one, since fhe chirality-changing mass for the third generation becomes com-‘
parable to the chirality conserving masses. A correct treatment will be used for
the numerical analysis in the next section. We still expect, however, that. the am-
plitude to be proportional to Wg,,Wg,, because of the unit;a.rity of the mixiﬁg
matrices: the sum 6f contributions from the first two generations is proportional
to Wi,Wp; + Wo,W5, = —Wa, W5, for ¢ # j, and the contribution from the third
generation is itself proportional to W3, W3,
Two simplifications in the dependence of the g — ey rate on parameter space
occur for large tan 8. First, since the dominant diagram involves the L — R insertion
(A+ g tan B)m;, and since tan 3 is large, the amplitude doés not depend on the weak

scale parameter A. Second, in the large tanf limit, the chargino mass matrix is

M, V2 My sin 8 M, V2Mywy 4
M, = — , (3.5.2)

V2My cos 8 —H 0 -
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and the parameters M, 1 have a direct interpretation as the chargino masses. (Note
that this assures us that g tan § will likely always be much bigger than A; for a tan 8
of 50, the LEP lower bound on chargino mass of 45 GeV tells us that gtan 8 > 2
TeV, so for A to be comparable to utan 8 we must have A > 2 TeV.)

In considering 4 — ey for large tan 3, two factors come immediately to mind
which tend to (perhaps dangerously) enhance the rate over the case with movderate
tan 5.

(i) As we have already mentioned, the dominant contribution to p — ey grows
with tan 3; the diagram in Fig. 3.5 is proportional to tan A, a factor of 900 in the
rate for tan 8 = 60 compared to tan 8 = 2.

(i1) For large tan 8, A, can be O(1) and we can not neglect its contribution
to the running of the slepton mass matrix from Mg to Mg (soft SUSY breaking
scale). This scaling generally splits the third generation slepton mass even further
from the first two generations, meaning a less effective super-GIM mechanism and
a larger amplitude for p — ey.

While both of the above effects certainly exist, there are also two sources of
suppression of the amplitude for large tan 3, which can together largely compensate
for the above factors:

(i)’ Large tan g allovslrs At to be smaller than for moderate tanf. There are fwo
reasons for this. First, large tan B allows vy to be larger and so A; can be smaller

to reproduce the top mass. Secondly, b — 7 unification [3] is achieved with a smaller
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A- in the large tan 8 regime (38, 39]. Since JA; is smaller, a smaller non-degeneracy
between the third and first two generations is induced in running from Mpy to Mg,
suppressing the amplitude compared to the moderate tan 3 case.

(i1)" In comparing large and moderate tanf, we must know how the mixing
matrices Wi gr,, (appearing at the vertices of the diagrams responsible for y — ey)
compare in these two cases. In the moderate tanf minimal models discussed in [7],
Wi Rr,; were equal to the corresponding KM matrix elements Va3 at Mg, and this
equality was approximately maintained in running form Mg to Ms. As discussed in
the previous sections, for more general models one expects that the Wy gy, at Mg
are equal to Vxas: at Mg up to some combination of Clebsches. One might then
expect (as in the minimal models) that this relationship continues to approximately
hold at lower scales. In fact for large tan 8 this expectation is false. We find that
often, the Wi(rys; decrease from Mg to Ms, ovgrcompensating for the increased
non-degeneracy between the third and first two generation slepton masses induced
by large A, (point (ii) above).

~ In the following, we examine the scaling of these mixing matrices in detail.
Consider first the lepton sector. The RGE for Ag (in the following ¢ = M{—‘ég—s)) is

dip

9
- = AE[3ALAE + Tr(3Abap + ALAg) — 362 — s 7] (3.5.3)

giving

d ' 18
E,\g,\E = 6ALAE + 22LAsTr(3ALAp + ALAE) — (642 + = gH)ALAE (3.5.4)

d 18
Emg = 6AgAL + 22zALTr(3AbAp + ALAE) — (642 + 3 Ak, (3.5.5)
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These in turn imply that the basis in which AE)_\E is diagonal, and the (in general
different) basis where AgAL is diagonal, do not change with scale. Consider now

the evolution of the left handed slepton mass matrix m%. The RGE for m? is

%m% = (m} + 2m} )AbAs + 22EmEag + ALagm} + 2¢Lcs — gaﬁgino terms.

(3.5.6)
In the basis where )\}}/\E is diagonal, keeping only the A, contribution, the 3z entry
(7 # 3) becomes:

d
Em%&' = Amis + 2(¢h¢e)s: (3.5.7)

In this basis, we have m2 = W]m?W,. (Here and in the remainder of this section,
we abbreviate Wg, . — Wir)). Assuming degeneracy between scalars of the first
two generations, m} . = WisiW]g(m?, — m?) = WiuWi;;Am?. Then (3.5.7)
becomes

P _Y , |
E(WL&WItasAm%) = M (WraiW/seAm}) + 2(¢hCr)si (3.5.8)

For now, we ignore the (¢5¢g)s: term in (3.5.8), yielding the solution:

(WisiW/aAm})(Ms) = 6'1’(WL35W£33Am2)(MG),. (3.5.9)
Where
I = /OtG dtAi(t), te = wfgﬁ@- (3.5.10)
Thus, |
WL3,-W}:33(M5) = e_l"%Wg,siWLw(MG)- / (3.5.11)
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Similarly, we find

—21, Ami(Mo)

T
; . 5.12
Am};(Ms)Wm’WR”(MG) (3.5.12)

WrsiWhss(Ms) = e

Note that, generically the quantities i—:% are smaller than one, since the third

generation mass gets split even further from the first two generations in running

from Mg to Ms. Thus, we find that the Wy g),, get smaller in magnitude as we

scale from Mg to Mg, in contrast with the KM matrix elements Vg pr3;, which scale
as

Viemsi(Ms) = eTt ) Vigprs:(Me). (3.5.13)

Suppose that at Mg the Wi (g) are related to Vi through some combination of

Clebsches determined by the physics above the GUT scaie.
WLT(R)33WL(R)3i(MG) = zipr) Ve msi Mag). (3.5.14)

This relationship is not maintained at lower scales; instead we have:

Ami (M)

Wi Wia: — 2 LNTG) I+ L+ D), Y, 5.
L33 L31(MS) Am%(MS) € Zip VI\M&(MS)? (3 3 15)
Am%(Mg)
WhaaWasi(Ms) = — "G o= @Letletls) . 0 o ( M), 5.
R33 ( S) Am%(Ms)e Z RVI\M3 ( S) (3 d 16)

The dominant contribution to the p — ey rate is proportional to

W} aaWraaWhasWrar (Ms)|? + |W]a3Wiea WhasWrsa(Ms)|?, giving

Ami(Mg) Amp(Me) : — (61 +4l+41y)
2 - 2 ¢ X (|22L

B(:u' - 67) = ZlR|2 + IZILZZRIZ)

X B(p — ev, Wr)siW] pyss(Ms) = Vicmsi(Ms))
= e(lz2, 21517 + |21, 224]%) X B — 7, W} py5sWimyss(Ms) — Viemsi( Ms)).

(3.5.17)
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This € represents a possibly significant suppression of the rate for large tan g.

At this point, the reader may object: it is true that the Wy (g)s; decrease from
Mg to Mg, but as already mentioned, thé non-degeheracy between the third and first
two generations is increasing. Which effect wins? We argue that in general thereis a
net suppression. This is easiest to see if in computing the 4 — ey amplitude, we use
the mass insertion approxim;tion rather than mixing matrices at the the vertices

(Fig. 3.6). Although this may be a poor approximation, it serves to illustrate our

- - Y
x % t
/1L ’/ \ LR
e ——
N, ez

EL

Figure 3.6: The dominant diagram (for 4 — e7) in the mass insertion approxima-

tion.

point. (Of course no such approximation is made in our numerical work.) From
the diagram it is clear that the amplitude is proportional to m%,,m%,,(Ms). From

(3.5.7), we see that the rate scales as

2 - t
(m%szm?:m) (Ms) =e (61 +41+41,) (m%azm%u) (Mg), (3.5.18)

AngMG! in

a net suppression. In the mass insertion approximation, then, the terms Z— (1)
(3.5.17) serve to exactly compensate for the increased non-degeneracy between m%L
and m%; what remains is still a suppression. This, together with (i)’ invalidates

the naive expectation that the theory is ruled out in most regions of parameter
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space due to the enhancing factors (i) and (ii), (although there are still stringent
constraints oﬁ the parameter space). |

The above analysis suggests that individual lepton number conservation is an
infrared fixed point of the MSSM (whereas. individual quark number conservation
is an ultraviolet fixed point). A more complete analysis of scaling for the lepton

sector and a discussion of scaling in the quark sector is presented in the appendix

A.

3.6 Large tan (3: numerical results

The amplitude for © — ey depends on the 6 x 6 slepton mass matrix M?. In

the basis where m2, m% are diagonal, we have

ﬁ%z, + Dy k
M? = (3.6.1)

kt _l’fl—zER +Dpg
where in the large tan § limit, D; = —(T5; — Q,-sin? Ow)M?Z is the D term contri-
bution, and k;; = um, tan fW;3;Wrs;. The amplitude from Fig. 3.1 for py decay

1s

«

Fi, W},Ga(M?) Lri; W,

47 cos? 0w

where

Go(M*)p Go(M*)1r )
, (3.6.3)

Gz(Mz) = (
Gy (M*)rL  G2(M?)rr

In [7], M? was approximately diagonalized by the um, tan 8 insertion approxima-

tion, and G2(M?) was calculated using this approximate diagonalization. Since here
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tan f is large, we wish to avoid making such an approximation, and numerically di-
agonalize the fuli 6x6 M2,

Faced with a rather large parameter space, we must decide which parameters
to use in our numerical work. We have firstly decided to do our analysis only for
large tan 3, since the moderate tan 8 scenario has been covered in [7]. Secondly,
we choose to present our results in a different way than in [7], where the rates
for 4 — ey were plotted against a combination of Planck scale and weak scale
parameters. In our work, we compute ¢ — ey entirely in terms of weak scale
parameters. In particular, we assume that the necessary condition for a significant
4 — ey rate egist at the weak scale, namely non-trivial mixing matrix Wi g,
and non-degeneracy between third and first two generation slepton masses. In the
previous sections, we have shown a possi.ble way in which these ingredients may be
produced. Our plots for ¢ — ey rates are made against low energy parameters,
and we separately plot the regi;)ns in low energy parameter space predicted by
our particular scenario for generating ¢ — ey. This way, our plots are in terms.
of experimentally accessible quantities and can be thought of as constraining the
parameter épace of the effective 3-2-1 softly broken supersymmetric theory resulting
from the spontaneous brea.kciown of a GUT. (We use the GUT to felate weak
scale gaugino masses.) Our low energy plots have no dependence on the physics
above the GUT scale, all the model dependence comes into the predictions for.lov'v '
energy parameters the GUT makes. If the predicted region of low energy parameters

corresponds to a g — ey rate exceeding experimental bounds, the theory is ruled
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out.

‘There is a more practical reason for working directly with low-energy parame-
ters specific to large tan 3: the well known difficulty in achieving electroweak sym-
metry breaking in this regime. Working with high energy parameters, and imposing
universal scalar masses necessitates a fine-tune to achieve SU(2) x U(1) breaking.
However, we have nowhere in our analysis made the assumption of universal scalar
masses, hence the Higgs masses and squark/slepton masses are indepéndent in our
analysis, and therefore the 4 parameter is not tightly constrained by squark/slepton
masses. Working with weak scale parameters allows us to assume that the desired

breaking has occurred without having to know the details of the breaking.

With the aforementioned assumption about the existence of a GUT, and assum-
ing degeneracy between the first two generations, the rate for p — ey depends on
the weak scale paraméters u,tan 8, Ms, m—z-L,mf-L, m%R, m%ﬂ, Wiai, Wrai. We know
that the amplitude depends on Wp(g)s; simply through the product Wis;Whgs;,
so for normalization in our plots we put Wi rjsi = Vkmai- Any deviation from

this can be simply multiplied into the rate. We also fix tan# = 60, and put

Tum = Meym — ALr)- Next, we use some high energy bias to relate m; and

mg,: we assume that their difference is proportional to M; ( as would be the case

if they started out degenerate and were split only through different gauge interac-
tions), so we put m;, = m;, —rM,. In all specific models we have looked at, r is
small (less than about 0.2). We find that, as long as r is small, the rate has little

dependence on its exact value, so we put r = 0,m;, = m;, = m;. We also found
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that as long as %}; is close to 1, there is little dependence on its actual value either,
so we put Ay = Agp = A.

Now, the 1 — ey rate depends only on u, M,,7; and A, and we have the
large tan S ir;tellpretation of 1 and M, as chargino masses. Fixing iy = 300 GeV,
we make contour plots of B(u - ev). The rate scales roughly as m=~* and p? for
scalar masses heavy compared with gaugino masses. in Fig. 3.7, we fix p and plot
in M; — A space. In Fig. 3.8, we fix A and plot in ¢ — M, space. In Fig. 3.9, we
plot the values of A predicted by the GUT against M,, for various values of A;(Mg)
and A.(Ms) and for two values of bs, the gauge beta function coefficient above the
GUT scale. In Fig. 3.10, we plot the suppression factor € for the same parameti‘er
set as in Fig. 3.9. We see that, over a significant region in parameter space, ¢ is
small, between 0.2 and 0.01.

It is clear from Fig. 3.7 that, with no suppression, a typical value for A of
0.3 (x300GeV) §v0u1d give rise to rates above the current bound of B(y — ev) <
4.9x10711[54]. However, from Fig. 3.10, the suppression from ¢ is seen to be typically
20, allowing A’s of up to 0.45 (><300GeV>. We see that € is crucial in giving the
GUT more breathing room, as A’s of less than 0.45 are more common. From Fig.
3.8 it 1s also clear that regions of‘ small 4 and M, (that is, light chargino masses)
are preferred. Smaller g is preferred because it decreases the L-R mass ym, tan g,
small M, is preferred because in the limit that the neutralino mass tends to zero,
the diagrams Fig. 3.5 vanish. We also note that smaller yu, M, are preferred for

electroweak symmetry breaking[38, 39].
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If 4 and M, are both small, the Iightest supersymmetric particle (LSP) can be
quite light, (but where it has significant Higgsino component, it must be heavier
than 45 GeV in order to be consistent with the precise measurement of the Z width),
and it annihilates (primarily through its Higgsino components) through a Z into
fermion antifermion pairs much like a heavy neutrino. The contribution of the LSP
to energy density of the universe QA2 then just depends on its mass, and the size
of its Higgsino components, both of which only depend on g and M; in the large
tan 8 limit. In Fig. 3.11, we make ;1 plot of QA% in u ~ M, space. We see that it is

possible to get 2 ~ O(1) in some region of the parameter space.

3.7 The example of ADHRS models

In this section, we study the ADHRS models [5] which are known to give
realistic fermion masses and mixing patterns. These models are specific enough for
us to do calculations and make some real predictions. Although not necessarily
correct, they are good representatives of general GUT models. We believe that by
studying them, one can see in detail the general features of generic realistic GUT
models and the differences between them and the minimal SU(5) or SO(10) models.

As mentioned in Sec. 3.2, in ADHRS models, the three families of quarks and
leptons lie in three 16 dimensional representations of SO(10), and the two low

energy Higgs doublets lie in a single 10 dimensional representation. Only the third
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Figure 3.7: Contours for B(y — ev) in M, — A plane with Mg, o = 300GeV, A =

m- —m-
€L(R) t(R)’

Contours for negative u are virtually identical. To get B{u — ey) prediction from

a GUT, multiply by appropriate Clebsch, and e factor (Fig. 3.10).
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Figure 3.8: Contours for B(p — ev) in g — M, plane for (a) A =0.25, (b) A = 0.5,

with other parameters same as in Fig. 3.7.

The blacked out regions are ruled out by the LEP bound of 45 GeV on chargino

masses. The thick dashed lines are contours for a 45 GeV LSP mass.
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(a)

A (300GeV)

(b)

A (300GeV)
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Figure 3.9: Plots of the averaged difference between the third and the first two

generations charged slepton masses A = ﬁ—;ﬁﬂ, Apr) = Lo (at Ms), against

M,, for %(m-va + m%R) = (300 GeV)%, A, = XN = ), (at Mg) = 0.5, 0.8, 1.1,

Ae(Ms) = 1,0,—1, two values of the gauge beta function coefficient bs between

Mg and Mpy, (a) bs = 3 (asymptotically free), (b) bs = —20. Scalar masses are

assumed degenerate at Mpy = 2.4 x 10*® GeV. Mg is taken to be 2.7 x10'¢ GeV.
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Figure 3.10: Plots of the suppression factor € against M,, with the same parameters

as in Fig. 3.9.
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Figure 3.11: Contours for QA% in p — M, plane in the large tan § limit. Dashed
lines are LSP mass contours of 30, 45, and 60 GeV. For all regions of mpsp < 45

GeV in this plot, the Higgsino components of LSP are too big and therefore they

are ruled out by the Z width.
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generation Yukawa couplings come from a renormalizable interaction
A3316316310. (3.7.1)

All other small Yukawa couplings come from nonrenormalizable interactions after

integrating out the heavy fields. These interactions can be written in general as
16;):;(A,)16;10. (3.7.2)

The A,’s are fields in the adjoint representation of SO(10) and their VEV’s break
S0O(10) down to the standard model gauge group. Therefore, these Yukawa cou-
plings cén take different values for fermions of the same generation with different
quantum numbers under SU(3) x SU(2) x U(1) and a realistic fermion mass pat-
tern and nontrivial KM matrix can be generated. In ADHRS models, the minimal
number (four) of operators is assumed to generate the up, down-type quark and
charged lepton Yukawa coupling matrices Ay, Ap and Mg, and they take the forr‘n

at Mg
0 zC 0 0 2zC O 0 =2C O

w=|z2C yE z,B|,2p=|2,C yE zsB|,xg=]|2C yE z.B],

0 =z,B A 0 z,B A 0 =zB A
(3.7.3)

where the z,y, 2’s are Clebsch factors arising from the VEV"s of the adjoint Higgs
fields A,. This form is known to give the successful relations V,3/Vp = \/r_nu_/n%:
and Vi3/Vi, = \/m [55] so it is well motivated. Strictly speaking, the inter-
action (3.7.2) become the usual Yukawa form only after the édjoints A, take their
VEV’s at the GUT scale. However, as we explained in Sec. 3.2, they can be treated
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as the usual Yukawa interactions up to the ultraheavy scale (which we will assume
to be Mpy) where the ultraheavy fields are integrated out if the wavefunction renor-
malizations of A,’s are ignored. In the one-loop approximation which we use 1ater
in calculating radiative corrections from Mpr to Mg, they :give the same reéults,
because the wavefunction renormalizations of the adjoints A, only contribute at
the two-loop order. This makes our analysis much easier. Above the GUT scalé, in
addition to the Yukawa interactions (3.2.4) which give the fermion masses, we have
the interactions (3.2.5) as well. Each Yukawa matrix has different Clebsch factors

z,Y, z associated with its elements. All the Yukawa matrices have the ADHRS form

0 ZIC 0
Ar=| 2;C yiE (B |, I=qq,eu,ud, ¢f,nd,nt. (3.7.4)
0 B A

If each entry of the Yukawa matrices is’generated dominantly by a single operator,
like in the ADHRS models, then the éhases of the same entries of all Yukawa
matricés are identical. One can remove all but the Ay; phases by rephasing the
operators. After phase redefinition only E is complex and is responsible for CP
violation. In order to generate the reaiistic fermion mass and mixing pattern, one

expects the following hierarchies, N

B

Z ~ Vb 62’

FE ™ms &2

A mp ’

o . ,

5 ~sin 6. ~ ¢, where ¢~ 0.2. (3.7.5)

The hierarchical Yukawa matrices can be diagonalized approximately [55], the uni-
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tary rotation matrices which diagonalize them at the GUT scale can be approxi-

mately written as

0 zC 0
A= | ZC ylE|é® 2B | =VpiV, (3.7.6)

0 z'B A

Ve~ | =Sk 1 Sk, |, (3.7.7)

Vg ~ —S}_;lt'i_'id> e ¢ 532 s _ (3.7.8)

where
zB z'B zC 2'C
Sk =0 S =T SR =g 5B =
~ xleZ

E' = |yE — Sk Sp2A| = Iy|E]e’."5 -~

z'z B?

¢ =arg(E), ¢ = arg(yE — -

N

The soft SUSY-breaking scalar masses for the three low energy generations and

trilinear A terms are assumed to be universal® at Planck scale Mpy, asin {7]. Beneath

4If the nonrenormalizable operators already appear in the superpotential of the underlying su-
pergravity theory, the A terms will be different for different dimensional operators, and will induce'
unacceptably large p — ey rate because the triscalar interactions and the Yukawa interactions
can not be diagonalized in the same basis for the first two generations. In theories where the
nonremormalizable operators come from integrating out heavy fields at Mpr and all the relevant
interactions have the same A term, the resulting nonrenormalizable operators will ;.lso have the

same A term.
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M PL the radiative corrections from the Yukawa couplings destroy the universalities
and render the mixing matrices non-trivial. In the one-loop approximation, the
radiative corrections to the soft SUSY-breaking parameters at M are simply related
to the Yukawa coupling matrices and therefore the relations between general mixing
matrix elements and KM matrix elements are also simple. This allows us to see
the similar hierarchies in the general mixing matrices z;,nd the KM matrix very
clearly. Although the one-loop approximation may not be a good approximation |
for quantities invoiving third generation Yukawa couplings, we will be satisfied with
it since it simplifies things a lot and the uncertainties in other quantities such as
Clebsch factors are probably much bigger than .the errors made in the one-loop

approximation. The RGE’s, for m% as an example, from Mpy to Mg are

d.
a—tmg =2(22pmiAL + 22gmly, AL+ mZapAl + ApALm? + 2¢e¢l)

+3(2xeumPAl, + 2'\eum}2¥u3 AL+ mEacAl, + AcAlmE + 2¢.¢l)
— gaugino mass contribution. (3.7.9)
In the one-'loop approximation, the gaugino mass contributions are diagonal and

the same for all three generations, so they can be absorbed into the common scalar

masses and do not affect the diagonalization. The corrections to scalar masses at
S

Mg have the following leading flavor dependence

Am% o 2AgAL + 3A.Al,
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22C? Z.y.CE* zZ.z.CB
=5| zZg.CE 22C*+y?|E|* +22B® y.z.EB +i.BA |,(3.7.10)
2.2.CB  yz,E*B+%.BA z2B? + A?
where the overline represents the weighted average of the Clebsch factors, 22 =
$(222+322,) and so on. Because Am¥ is hierarchical, assuming no big z, y Clebsches
(ADHRS models have some big z Clebsches), the rotation matrix which diagonalizes
it can be given approximately as
I Se, Ses\
Ueg(Mg) ~ I—SEle""; ei® Sea |, (3.7.11)
S5,85,67% — Sps —Spae™® 1

where

z.B ¢ _ 2z.CB

Se == Sm = T
SEl = = _Zeyezc IEI_ s e—i‘;: £
z2C? + y2 |E|” + (22 — 72) B? |E|

Similarly, for other scalar masses the leading flavor dependent corrections at Mg

are

Am? o ABAE +3AT A + Al An,
Am2 o ApAl; 4+ ApAh + 22 AT 4 AgeA!
my X AUuAy + ADAp + 2Agq A, + AgeAyy,
mU x UAU + AeuAeu + AudAud’
Am2 o 225Ap + Al A + 207 A, | (3.7.12)
and the rotation matrices which diagonalize them are given by expressions similar
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o (3.7.11) with Clebsches replaced by the appropriate ones. Then, the mixing

matrices appearing at the lepton-slepton-gaugino vertices are given by

W, (Mg) = U} Vg,

! SE“ - SLlei(g—dse) ng(ng - SEL2 )354’ - gLs
= (S, = Sk, Jemi(6=4¢)  Ei#s0) —(8r, - S’ELz)eig ,
—-SELI (§L2 - SEL2 )e_i¢e + ‘§L3 (SLz - SEL2 )e—id" 1
(3.7.13)

W, (Mg) = UL Ve, ' ,

€' SERle"d’e—SEleig Sg,(Sg, — SERQ)G ~ Sk,
= gEl et — SEg ei; eig ‘(332 - SERZ )e_i¢ s
~SEr: (8B, ~ SBpy) + SEu€®® Sp, — SEp, 1
(3.7.14)
where
z.C z.C z'z.B?
SEL] = —E-_[_7 SER1 = E/ ? IyeE - A I?
z'.B :z:eB 3 TzB?
SEL2 = A’ =0 ¢e =arg (ye |E| A )
=~ ¢ (lf y€ xe? e)
Sp = Z.9.C|E| 5y _ZB 5y = z.2'CB
TRCTE @ T AR T T
Si, = %y.C|E| 5, BB 5 _4zCE
L ACTH B+ (a1 -3)BY oA
and
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1 ~ 1
F, = 5(2% + 3ze), zL = 5(17; + 3:025 +zl,) etc..

Note that

_ CB = - - CB
Sp, ~ Clebsch x 7 Sg;, (St, — Sg;,) = Clebsch x i (3.7.15)

1If there is no very big or small Clebsch involved and no accidental cancellation,

5'1,3, 553 can be neglected in W's.

Compared with Vi s,

Vim(Mg) = Vi, Vp,

1 SDL'l - SUlq emH#amu) _SULI (SDL2 - SUL2 )ei¢u
~ SULI — SDLI e—i(¢d_¢u) e-i(¢d_¢u) (SDL2 _ SULZ )eiéu . ,
S5p,,(Spy, = Su,, e~ —(Sp,, — Su,, e~ 1
(3.7.16)
where

2,C z,z, B? z,z, B?
SULl = E;’E;: qu— A ,qﬁu:arg(qu.__A__.),

24C zqz',B? zqz!,B?
SDLI = E’ Et,i = ydE - A4 ’ ¢d =arg ydE_ /Z )

z,B
SULZ = _Z_a

:BdB
SDLz = 77

we can see that the W’s and Vkas do have similar hierarchical patterns, but have
different Clebsch factors associated with their entries.

When a specific model is given, one ‘can calculate all the Clebsch factors and
make some definite predictic;ns for that particular model. For example, the ADHRS
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Model 6, which gives results in good agreement with the exp‘erimentalv data, has the

following four effective fermion mass operators

Os3 = 165 10 163,

Ay Ay
Oz =16, — 10 —163,
23 2 Ax Ax 3
0Oy = 16}% 10 A:;L ‘16, or other 5 choices,
Ax 3 Ax)3
=16, [ —= 0(— 1} 16 3.7.17
012 1 (M) 1 (M 2, ( )

where Ax,Ay,Ap.-p are adjoint’s of SO(10) with VEV’s in the SU(5) singlet,
hypercharge, and B— L directions. There are six .choices of O, operators which give
'~ the same predictions for the fermion masses and mixings, but different Clebsches
fo; other operators appearing above Mg. Fortunately, they do not enter the leading
terms of the rhost important mixing matrix elements Wg,.,, Wg,.,, Weg.,, WEg,,
which appear in the leading contributions to the amélitudes of LFV processes and
the electric dipole moment.
The magnitude of the mixing matrix elements Vi arsz, Vimar, WeLs,» WEL,,

WEpsy» WEp,, » and the relevant Clebsch factors are listed in Tables 3.2 and 3.3.

In ADHRS models taﬁﬂ is large. The g — ey rate for large tan § has been
calculated in Sec. 3.5 and 3.6 for Wg,,, = Wgp,, = Vis and Wg,,, = Wgg,, = V4.
To obtain the predictions of ADHRS modéls we only have to multiply the results
- by the suitable Clebsch factors. The relevant Clebsch factors for Model 6 are listed
in Table 3.3. For a generic realistic GUT model with small tanfg, for example
the modified ADHRS models in which the down type Higgs lies p{edominantly
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z | -1 —-(1—; % —6 }1 0
3

IL" —1 —é :5 —6 i‘ 0

yi| O 1 13| - - -

-] 1 [1]=%11]125

Z -5 1 |1]=-%]1]125

——

T

r =9 =_ _
e = 200 Te T 3

Table 3.2: Clebsch factors for Yukawa coupling matrices in ADHRS model 6.

in some fields which do not interact with the three low energy generations and
contain only a small fraction of the doublets in the 10 which interact with the low
energy generations [56], most of analysis should still hold. In this case the leading
contributions to g — e are the same ones as in the minimal SO(10) model of Ref.
[7] (Fig. 3.10 by r,cL.r, L g Of [7]). The dia.grar-ns CLR, L Involve the corrections
to the trilinear scalar couplings.

In the one-loop approximation the leading corrections to (g at Mg contain
' pieces proportional to Ag, /\E(/\E/\E + 3Alzz\q( + AllAng), (2)‘31\2 + 3 Al )AE Te-
spectively. The piece proportional to Ag can be absorbed into (g, by a redefinition
of Ag, the other two pieces are proportional to the product of Ag and the corrections

to the scalar masses,

Alg = Alpg + Alg,
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ADHRS models | Model 6 | Relevant proc.
W, /Vis o 1.26
[(WEgs, [ Vis| Zazte 5.4
(W, .,/ Vil o) 0.42
IWE g, [/ Vidl fﬁf—(%:—;% 1.8
e uticsaf) | 5065 | o ey amp
| ~Epve| sulbemdim=l | 2268 | p— ey amp,
‘ VIWp, 4 Weg,, /Vd ' Ny 1 d
VWE, 3 W gy, PHWE s, We 1 P/ Ves V(@2 +22)2aye 3 ¢

Table 3.3: The relevant Clebsch factors for 4 — ey and d. in ADHRS model 6.

proximation). The LFV couplings in Fig. 3.2(e),

written as

1
KER
1

= —"—eRA WERAEWELCL'UD +

KEg

—-—EgUgAszz\EULgL’UD +

: 1
ACp, = —Am Ag
KER
1 2
KEL

EL

HE;

340

EﬁUgAEAm%ULgLvD

. 6mZ+A2
where ug, , g, are proportional constants (pg, = pg, = Smethg

(3.7.18)

in one-loop ap-

eRUL A¢eULELvp, now can be

EEWp XeWE AmZeivp, (3.7.19)

where the overline means that the matrix is diagonal. Again, the amplitudes are

given by the same formulas as in [7] (eqns. 29, 30), except that V5V (Vs

be replaced by Wg,,,Wg,,, W5

L33
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iAﬁ%w and é Tsss- The results in [7] are only modified by some multiplica-

tive factors and therefore represent the central values for the LF'V processes.

It was pointed out in [7, 8] that the electric dipole moment of the electron (d.)
constitutes an independent and equally important signature for the SO(10) unified
theory as 4 — ey does. The diagrams which contribute to the electric dipole
moment of the electron are the same as the ones which contribute to u — evy, with
pr(pg) replaced by ep(e$). Thus a simple relation between d. and the y — ey rate

was obtained in the minimal SO(10) model [7],

a
(g —ey) = §m§|F2]2, (3.7.20)
Vi| . 2l (u — ev) | Vaa] .
d.| = e|Fol |2 |sing = e,| —E SV | el . 7.2
|de| = e| F2| W sing =e a3 7 sin ¢ (3.7.21)

where ¢ is an unknown new CP-violating phase defined by
Im[m.(V5)*(Va3)?] = Im-(V51)* (Va3 )?| sin ¢.

In a more generic SO(10) model, such as the ADHRS model, we still have this

simple relation but the mixing matrix elements have to be replaced by the W's:

(1 — ev) VoWe Wepa| & (3.7.22)

|de| = e 3 2 2
am, \/IWEL32 WEm: l + ]WERsl WEle I

where ¢’ is defined by
Im{m,Wg,,, Wee,, Wi, Wi, ..] = [m,WE.L31 Wepa Wi, Wh,,, sind'.

In particular, in ADHRS models there is only one CP-violating phase, so the phase
¢’ can be related to the phase appeared in the KM matrix of the standard model.
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From eqns. (3.7.13) (3.7.14) (3.7.16) we can see that ¢’ ~ @, ¢ = g = $, ¢, =0

(because y, = 0). The rephrase invariant quantity J of the KM matrix is given by

J =Im V.V ViV,

~ —Sy,,5p,,(Sp;, — Su,,)? sin ¢4. (3.7.23)

Therefore the CP-violating phase appeared in d. related to the CP violation in the

standard model by

. J
Sin oY —
e IVl

(3.7.24)

Finally, as mentioned in the Sec. 3.3, we consider the possibility that the slight
non-degeneracy between the first two generation scalar masses could give a signif-
icant contribution to the flavor changing processes because of the larger mixing
matrix elements. We stvill use ADHRS models as an example to estimate this con-
tribution to the LF'V process ¢ — evy. For an order of magnitude estimate, the
mass insertion approximation in the super-KM basis employed in [6] will serve as a

convenient method. After rotating the Am% in eqn. (3.7.10) to the charged lepton

mass eigenstate basis, the contribution from the first two generations to AmZE21 1s

Am%ﬂ(Q—l) >~ VEry Ve, AmZ,, + VEszanAm?Eh + VEros V}%‘R“Am‘%21

2.C22C? + y2|E|* + 22B?  2.C22C?* _, _CE . ,
~=F ye T 4 TR IAmE
2 [V2CIE|+ 225 +Z3CIE]] .,
~ —y_e A2 mE33

(assume z. = z, as in ADHRS model). (3.7.25)
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Compared with the result found in [6] for minimal SU(5):

Am?, (BH) = ViViAm},,

~ _de (xd - l‘u)sz

=g yE Am?;33

CB?
24 (za — xu)z E
- ELAmZ,, (3.7.26)

we can see that if the Clebsch factors are O(1), this contribution is comparable to
that of the minimal S U(5) model. In order for this contribution to be competitive
with the dominant diagrams (Fig. 10 by,r,cL,Rr, L g of [7]) which are enhanced by
e large Clebsch factors are required. While it is possible to have large Clebsch
factors, we consider them as model dependent, not generic to all realistic unified

theories.

3.8 Conclusions

In supersymmetric theories, the Yukawa interactions which violate flavor sym-
metries not only generate the quark and lepton mass matrices, but necessarily also
lead to radiative breaking of flavor symmetries in the squark and slepton mass
matrices, leading to a variety of flavor éignals. While such effects have been well
studied in the MSSM and, more recently, in minimal unified models, the purpose of
this chapter has been to explore these phenomena in a wide class of grand unified

models which have realistic fermion masses.

We have argued that, if the hardness scale Ay is above Mg, the expectation for
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all realistic grand unified supersymmetric models is that non-trivial flavor mixing

matrices should occur at all neutral gaugino vertices. These additional, weak scale,
l

flavor violations are expected to have a form similar to the Kobayashi-Maskawa

(KM) matrix. However, the precise values of the matrix elements are model de-

pendent and have renormalization group scalings which differ from those of the

Kobayashi-Maskawa matrix elerlnents.

It is the non-triviality of the flavor mixing matrices of neutral gaugino couplings
in the up quark sector which strongly distinguishes between the general and min-
imal unified models, as shown in Table 3.1. Although the minimal unified models
provide a simple approximation to flavor physics, they are not realistic, so we stress
the important new result that flavor mixing in the up sector couplings of neutral
gauginos is a necessity in unified models. this leads to four important phenomeno-
logical consequences. While the D® — D° mixing induced by this new flavor mixing
is generally not close to the present experimental limit, it could be much larger than
that predicted in the standard x»nodel.

The new mixing in the up-quark. sector implies that there may be significant
radiati\;e contributions to the up quark mass matrix which arise when the super-
partners are integrated out of th;a theory. This is illustrated in Fig. 3.4, where the
new mixing matrix elements have been taken to be a factor of three larger than
the corresponding Kobayashi-Maskawa matrix elements. In this case the entire up
quark mass could bé generated bj such a radiative mechanism: above the weak

scale the violation of up quark flavor symmetries lies in the squark mass matrix.
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The electric dipole moment of the neutron, d,, is a powerful probe of the
neutral gaugino flavor mixing induced by unified theories. In the minimal SO(10)
theory, d, arises from the flavor mixing in the down sector, which leads to a down
quark dipole moment, d;. However, in realistic models the flavor mixing in the up
quark sector leads to a d, which typically provides the dominant contribution to
d,. Thus the neutron electric dipole moment is a more powerful probe of unified
supersymmetric theories than previously realized.

The presence of flavor mixing'in the up sector plays a very important role in
determining the branching ratio for a proton to decay to K%°u*. In the minimal
models, without such mixings, this branching ratio is expected to be about 1073:
the charged lepton mode will not be seen and experimental efforts must concentrate
on the mode containing a neutrino, K*v. However, including these mixings the
charged lepton branching ratio is greatly increased to about 0.1. While this number
is very fnodel dependent, we nevertheless think that this effect greatly changes the
importance of searching for the chargéd lepton mode.

These four phenomenologocal consequenées are sufficiently interesting that we
stress once more that they appear as a necessity in a wide class of unified theories.
The absence of mixing in the up sector is a special feature of the minimal models.
Since the flavor sectors of the minimal models must be augmented to obtain realistic
fermion masses, any conclusions based on the absence of flavor mixings in the up
sector are specious.

A second topic addressed in this chapter is the effect of large tan 3 on the lepton
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process, y — ey which is expected in unified supersymmetric S0(10) models. The
amplitude for this process has a contribution proportional to tan 8. In this chapter,
we have found that the naive expectation that large tan £ in supersymmetric SO(10)
is excluded by g — ey is incorrect, at least for some values of the superpartner
masses of interest. Contour plots for the 4 — ey branching ratio are shown in
Figs. 3.7 and 3.8. It depends sensitively on the parameter A, which is the mass
splitting between the scalar electron and scalar tau, and is plotted in Fig. 3.9. Lower
values of the top quark Yﬁkawa coupling, which for large tan g still give allowed
predictions for the b/T mass ratio, give a much reduced value for A, thereby reducing
the p — ey rate and partially compeﬂsating the tan? g eﬁhancement. A further
significant suppression of an order of magnitude is induced by the renormalization
group scaling of the leptonic flavor mixing angles, and is shown in Fig. 3.10. The
net effect is that while the case of tan 8 &~ m;/m, is not excluded in SO(10), the
u — ey rate is still typically larger than for moderate tan g, so thlat this process
provides a more powerful probe of the theory as tan 8 increases.

For large tan 3, 4 and M, become the physical masses of the two charginos. The
u — ey contours of Fig. 8 show that g and M, should not be too large, providing
an important limit to the chargino masses in the large tan 8 limit. Furthermore,
this constrains the LSP mass to be quite small. We find that in this region it is still
possible for the LSP to account for the observed dark matter, and even to critically
close the universe, as can be seen from Fig. 3.11. However, the requirement that

the LSP mass be larger than 45 GeV suggests that the two light charginos will not
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be light enough to be discovered at LEP II.

As an example of theories with both a realistic flavor sector and large tan
we studied the models introduced by Anderson et al.. The flavor sectors of these
theories are economical: the free parameters can all be fixed from the known quark
and lepton masses and mixings. Hence the ﬂavor_mixing matrices at all neutral
gaugino vertices can be calculated. These are shown for the lepton sector of model
6 in Table 3.3. The Clebsch factors enhance the y — ey amplitude by a factor of
2.3, and suppress d. by a factor of 3. Even taking the top quark Yukawa coupling
to have its lowest value the rate for 4 — ey in this theory is very large. Another
interesting feature of these theories is that the flavor sectors contain just a single CP
violating phase. This means that the phase which appears in the result for d,, anci de
éan be computed: since it is closelerelated to the phase of the Kol;ayashi-Maskawa
matrix it is not very small. That which appears in d. is given in eqn. (3.7.24) and
is numerically about 0.2. We have computed the .radia,tive corrections to m, in the
ADHRS models and have found that the new mixing matrices iﬁ the up sector are
not large enough to yield sizable contributions: thus the ADHRS analysis of the

quark mass matrices is not modified. Furthermore, due to a cancellation special to

these theories, there is no contribution to d, from the up quark at one loop.
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Chapter 4

A supersymmetric theory of

flavor with radiative fermion

IMasses
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4.1 Introduction

A complete supersymmetric theory of flavor must address both the fermion
mass problem and the flavor-changing pfoblem [12]. An early proposal to address
the flavor-changing problem by invoking a U(N) flavor symmetry of the Kahler
potential in supergravity [17] was very incomplete; it did not address how the sym-
metry could be broken to get the fermion mass interactions of the superpotential.
By studying broken flavor symmetries, one can study both issues simultaneously
[57], opening the door to a new field of flavor model building. Although there is
considerable freedom in the choice of the flavor symmetry group and the pattern
of symmetry breaking, the enterprise is nevertheless constrained by the direct link
between the flavor-changing and fermion mass problems. Many candidate theories
of fermion masses are excluded by flavor-changing phenomenology. In this chapter ‘
we study the possibility that some fermion masses arise radiatively, which requires
large flavor changing interactions of the squarks or sleptons. Hence theories of
flavor, based on spontaneously broken flavor symmetries, which involve radiative
fermion masses, are very highly constrained by flavor-changing phenomenology.

Flavor symmetries should forbid Yukawa couplings of the light fermions. After
the flavor symmetries are broken, the light generation fermions should acquire small
Yukawa couplings. Many models of fermion masses use the Froggatt-Nielsen mecha-
nism [10] to generate small Yukawa couplings: assuming a flavor symmetry is broken

by the VEV of some fields (), and after integrating out heavy states of mass M, one
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can get light generation Yukawa couplings suppressed by %l This mechanism can
naturally generate second generation Yukawa couplings, but in order to ensure small
enough first géneration Yukawa couplings one usually haé to assume contrived rep-
resentations of the flavor group and/or contrived patterns of flavor breaking. There
is, however, another possibility for generating small Yukawé couplings: if generated

radiatively, they are suppressed by the loop factor 161”2. This intriguing possibility

has been extensively studied in the literature[58]. A universal feature of all models
must be that an “accidental” chiral symmetry is present in the Yukawa sector to
force a zero Yukawa coupling at tree level, while this symmetry must be broken in
another sector of the theory in order for the Yukawa coupling to be radiatively gen-
erated. As pointed out in [59, 60], supersymmetric theories can provide a natural
way for this to happen: the constraints of holomorphy can force the superpotential
to have accidental symmetries not shared by fhe D terms. Given that the super-
symmetric extension of the standard model is of interest for other reasons, we are
naturally led to explore the idea of ra,diative fermion masses in supersymmetric
models. To be specific, we consider supersymmetric SU(3) x SU(2) x U(1) theo-
ries with minimal low energy field conteﬁt, i.e. we do not consider extra Higgses or
extra families etc. We will find that, with this assumption, the set of possibilities
for radiative fermion masses is highly constrained, and yields robust experimental
predictions.

The outline of this chapter is as follows. In section 4.2 we consider general

possibilities for radiative fermion masses in supersymmetric theories with minimal
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low-energy field content, and conclude that, quite generally, only the lightest gen-
eration can be obtained radiatively. In section 4.3 we discuss phenomenological
constraints and consequences which follow from generating the lightest generation
radiatively. In the subsequent sections, we consider issues related to building models
which naturally implement radiative fermion Yukawa couplings for the first gener-
ation: In section 4.4, we discuss some general properties such models should have;
and in section 4.5 wevﬁrs-t present a model for leptons and then extend it to the

quark sector. Our conclusions are drawn in section 4.6.

4.2 General possibilities for radiative fermion masses

We now consider general possibilities for radiatively generated Yukawa cou-
plings in supersymmetric theories with minimal low energy field content. We know
that, in the limit of exact supersymmetry, a Yukawa coﬁpling which is zero at tree
level will never be ‘gfénerated radiatively. Thus, in order to have .radiative Yukawa
couplings, we need soft supersymetry breaking operators which, further, must ex-
plicitly break the chiral symmetries associated with the zero Yukawa couplings of the
superpotential. Also, the particles in the radiative loop must be at the weak scale:
since the generated Yukawa coupling A is dimensionless and vanishes in the limit
ms (the supersymmetry breaking scale) goes to zero, we must have A ~ 232,

where M is a typical mass for the particles in the loop. Thus, M must be near the

weak scale (rather than the GUT or Planck scale) in order to generate large enough

98



Yukawa couplings.

Thus, we see that the breaking of the ﬂavor. symmetries associated with the zero
Yukawa couplings must lie in the weak scale soft supersymmetry breaking operators:
the trilinear scalar A terms and the soft scalar masses. In this chapter we make
the plausible assumptions that the flavor symmetry is not an R symmetry and that
" supersymmetry breaking fields are flavor singlets. Then, the A terms must respect
the same flavor symmetries as the the Yukawa couplings, since any flavor symmetry
forbidding [ d?8 f($) (where f(¢) is some function of the superfields ¢ in the theory)
will also forbid [ d%06° f(¢). Hence, all the flavor symmetry breaking responsible for
generating radiative fermion masses resides in the scalar mass matrices. (However,
in appendix B we repeat the analysis without this assumption. Requiring our
vacuum to be the global minimum of the potential and using constraints from flavor-
changing neutral currents (FCNC), the A terms are such that the conclusions of
this section are not greatly altered.)

For simplicity, let us wori( in the lepton sector, and consider the possibility of
radiatively generating K lepton masses for K = 3,2,1 in turn.

K=3. In this case, we have a vanishing tree level Yukawa matrix which has a
large U(3); x U(3)e symmetry. By our assumption that the flavor symmetry is not
an R symmetry and that supersymmetry breaking fields do not carry flavor, the A
terms must also vanish. But then, all the soft scalar mass matrices can be simulta-
neously diagonalized, leaving an independent, unbroken U(1) symmetry acting on

every superfield, preventing the radiative generation of any Yukawa couplings.
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K=2. Here, we only have the third generation Yukawa coupling at tree level.
This case is more interesting. We shall find that, although it is possible to generate
two Yukawa eigenvalues radiatively, strong constraints from FCNC force the ratio
of the (radiatively generated) first to second generation Yukawa couplings to a value

too small to be compatible with experiment.

Let us work in a basis where the Yukawa matrix Ag is diagonal,
AXe=|o00 0 |- (4.2.1)

Since Ag is invariant under independent rotations of the first two generation left
and right handed lepton superfields, we can make these rotations on the left and

right handed scalar masses mi( R)>
m%(R) - UL(R)mi(R)UE(R), (4.2.2)

where the Up(g) are unitary rotations in the upper 2 x 2 block,

uL(R) 0 .
UL(R) = . (4.2.3)
0 1
If we write
mi. m
mi=| O 7, (4.2.4)
mgll m§3

then under Uy, we have

2 1 2
. ULTNoxoU, ULy,
mj — , (4.2.5)

2t t 2
Max1UL Mg3
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and we can choose ur, so that

uLm%xl = . (4.2.6)

Am3,
Thus, we can choose a basis where the 1-3 and 3-1 entries of m? are 0, and similarly

for m%; the scalar masses have the form

2 2
mi; dmi, 0

(4.2.7)

2 _
mpp) =1 ém?; mZ Ami,

0 AmZy m?
L(R)

The 1-2 entries, §ém?,, are constrained to be very small compared to m? and m3
from FCNC considerations. Suppose we put just one of thelémfz, say émi,;, equal
to zero. Then, we have a U(1) syfnrnetry acting on the left-handed lepton superfield

of the first generation, which will prevent the generation of any Yukawa coupling

for the first generation. Hence, the radiatively generated first generation Yukawa
coupling will be suppressed relative to the second generation one by roughly

Mo §miyp Smisp (4.2.8)
Az m% m% ’ ’ -

where the m} p are typical scalar masses for the first two generations.

\
Let us make a more careful estimate for the size of this suppression. For

simplicity, we work in the mass insertion approximation where m2, m%, m3 are taken

to be degenerate and equal to m?. We find the radiatively generated Yukawa matrix

for the upper 2 x 2 block is

T (e THLf(6)
/\2><2 = 3
22 £(6)z f(5)a

(4.2.9)
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where

4 2 2
f(n) = m** 'k E , T = const X MAm23L Amsg
(2m)* (k2 — m2)" (k2 — M?) m? m2

bl

and M is the gaugino mass. Since f(n) is only logarithmically sensitive to the ratio

M, we put M2 = m?. Then, f(n) = (—7:5)1(11—_1) and we have

2 2
1 Smiyy fminp L'ﬁmf” .
30 m? m2 L 30 Tm?
Aaxz = 2 . (4.2.10)
L:Smlzg LLII
20 m? 12

Diagonalizing the above matrix, we find the ratio of the first to second generation
eigenvalues to be
Ay 1 8miyy dmbyp

—_— i~

4.2.11
e 25 m? m? ( )
We see that it is impossible to generate large enough first generation Yukawa cou-

plings consistent with FCNC constraints (unless the scalars are taken to be unac-

ceptably heavy), which require ( for 300 GeV sleptons and 500 GeV squarks)

1 6m2,, 6m2,, -4

% mz 2 <X (ko)

1 6m?, ém? ..
%_ﬁ%ﬁ <1 x107% (K; — K, mixing)

1 6m%2 5m%2d -5 o .
Eg—m—2q7 <6x10 (D1 — _D2 m1x1ng). A (4212)

We are left with the case K=1, where Yukawa couplings for two generations
occur at tree level, while the remaining Yukawa couplings, which necessarily corre-
spond to the lightest generation, are radiatively generated. In the next section, we

study the phenomenological constraints on this scenario in detail.
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4.3 Phenomenological constraints

In this section, we discuss the phenomenology of obtaining the first generation
Yukawa coupling radiatively. Recall that we are relying on the scalar mass matrices
to break the chiral symmetriec associated with the Yukawa matrices; in particular,
then, the scalar mass matrices cannot be diagonalized in thé same basis as the
- Yukawa matrices. Thus, if we work in the Iﬁass eigenstate basis for all fields, we
will have non-trivial mixing matrices at the gaugino vertices as we showed in last
chapter.

Using the notation defined in chapter 3, we now consider the dominant radiative

contributions to the lepton, up and down mass matrices given in Fig. 4.1. In the

(a) ¥ (b) 1
1 {
éL,/ \\éR ﬂL// \\'&R
A (A + ptan ﬁ))‘,\\ , /(A + pecot A
{ A
e > i —X— 1 «— oc " > 1/ - — 1 «—,c
L Wg, %° WE, L Wy, 3§ Wy,
X
(c) !
.
dL// \\dn
17( (A + ptan ﬂ)/\b\
. { 4 . 1 -
d > ~——- < c
g Wp, ¢ Wpg 4

Figure 4.1: The dominant radiative contributions to the fermion masses: (a) charged

leptons, (b) up-type quarks, (c) down-type quarks.
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following, we assume that the first two generation scalars are degenerate, since
we know from the previous section that the contribution to the mass matrix from
the non-degeneracy between the first two generations is negligible. Evaluating the

diagrams, we find (keeping only the contribution from the third generation tree-level

mass) [25] :
4 H _
Arneaﬂ = Z A;B (HnE + cot 0me,-,3)
n=1 n )
am, *. *
% 47 cos? Gy (A +ptanf) x {WEL3OIWEL33 WER3ﬁWER33
[~(z3L.5 T3R,) — A(Z3Ln, Z1R,) — B(Z1L., Z3R,) + R(Z1L,, T1R,)]
+ WEL3aW§L33 536[h($3Lm len) - h(lena $1Rn)]
+ 603 WEn3pWi as[h(21L,, T3R,) — A(Z1L0, T1RA)]
+ 603836R(Z1L,, Z1R,) }5 (4.3.1)
8asm; A+ pcot . .
Amuaﬁ = § 47 t( Mg ) X {WUL3aWUL33 WURSﬁWURQB
[~(zsL, z3r) — h(z3L, T1r) — R(Z1L, Z3R) + h(z1L,2T1R)] .
+ WEL3aWEL3353ﬁ[h($3L, $1R) - h($1L> $1R)]
+ 60(3 WER3ﬁWER33[h($1L) a:SR) - h(le7 le)]
+ 8a3 b3 h(z11, T1R) }, (4.3.2)
m2 m2 m2
where z3p(r), = —'1{2@, TILR)s = ——%{;—gﬂ in the lepton sector, zarr) = —’A{;(!R—),
n , n 3

m2
TiL(R) = -—%’éﬁ and Amyg,g is the same as Amy 4 with the replacements cot § —
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tan 8,m; — my and t,u — b, d, and where

bay) = =10
flz) = f {i‘i (4.3.3)

Let us begin our phenomenological discussion with the lepton sector. The
above expression for the radiative contribution to the lepton mass matrix is rather
unwieldy; while we can use it for numerical work, in order to get an approximate
feeling for the size of the radiative electron mass, we simply look at the 11 entry of
_the radiative correction matrix me & Ame;,. For simplicity, we assume that one of
the neutralinos is pure bino, that the scalar tau’s are degenerate with mass m and

much lighter than the selectrons. Then we find as in [59]

am, (A+ ptanp)
m. =

© 7 47 cos? Oy M, x Wg,31WEgs1h(zs, 73), (4.3.4)

where M, is the bino mass, 2(1,1) = 1/2, and we have assumed Wgs3 >~ 1. As
explainéd in [59], we must work in the large tan 8 regime, and so we can neglect
the A term contribution above. If we set tan 8 = 60 and ¢ = M; = m, equation
(4.3.4) reproduces the electron mass if the product Wgg, Wg, 5, = 0.01. This is
roughly speaking a lower bound for this product. In this calculation we have taken
the selectron to be much heavier than the. stau so that the super-GIM cancellation
in the loop can 4be ignored. In fact, however, for selectrons\ moderately heavier

than the staus, there will be a super-GIM cancellation and Wg,,, WEg, 5, will be

correspondingly larger. In Fig. 4.2, we give a plot for the relevant super-GIM
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suppression factor. Assumiﬁg left and right handed scalars degenerate, scalars of
the first two generations degenerate, and the third generation scalar degenerate with
the gaugino,.we plot the super-GIM factor against the ratio of first two generation
to the third generation scalar masses. This implies that each of Wg,,, ,Wg, ,, should
be at least 0.1. In the following we will explore the consequences of having such
large mixing angles.

- — ev: One immediate observation is that, if in the diagram of Fig. 4.1(a)
we replace one of the.external electrons with a muon and attach a photon to the
graph, we get a potentially dangerous contribution to the rare process p — en.
How dangerous is this effect? In appendix C, we present thé FCNC constraints on
the elements of the mixing matrices W. Requiring the g — ey rate to be smaller
than current experimental bound constrains Wg, R)32WER( 1yay 1O be smaller than
~ 107*. Since we know that we need WEL n 5 ~ 0.1 in order to generate the
electron mass radiatively, we must have that Wg, Y <1073 in order to avoid a
dangerous u — ev rate. It may seem strange that WEL( 31 and WEL( )32 have such
disparate sizes; any theory of lepton flavor with radiatively generated electron mass
must naturally explain why Wg, . 3. is so much smaller than Wg, 1. Speaking
more loosely, if the electron mass is radiative, muon number must be very nearly
conserved.

-7 — ey: What about the decay 7 — ey? Since it is a 3-1 transition, it is

directly related to Wg,, 23 Under the same set of assumptions that went into the
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0.3}

172

Figure 4.2: Plots of the super-GIM factor H = h(z3,z3) — h(z3,2;) — h(z1,23) +
h(zy,z;) and H = h(zs,z3) — h(zs,z1) versus the ratio between the first two gen-
eration and the third generation scalar masses \/g

y= 17"112/7772.32 = 151/.’133, Wlth I3 = 1, (Mg = m3).

|mn

eEJ._“’_" =924 % 10-—2(_&_)(tan5)( )\/_WELSQWER:Bﬁ’
Aues _ 7 9 % 1072(4 )(05),/‘WUL3GWUR3[,,

me

A o an
Sodet — (. 7( o )(teoﬁ)(os)v W/DLSQWDRBﬁ’

mp

for a, =1, 2, and H has to be replaced by H if one of the a, B is 3.
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simplified equation (4.3.4), the amplitude for 7(r) decay is

am, (A+ ptanp)
47 cos? M}

Fur = X Wy p319(Z3, T3), (4.3.5)

where

g(z,y) = I(ii#
z2 —2zlnz -1
2z —1)3

fi(z) = (4.3.6)

and g(1,1) = 5. The branching ratio for 7 — ey is proportional to [Wzg,, [*> +
[WEgai | 2 2I1WE, 5, WEps |, which is the product constrained by the requirement
of obtaining radiative electron mass. Puttiné g =M = m = 300 GeV gives‘
B(7 — ev) =~ 107, a factor of 100 beneath the current bound. We make a more
careful analysis as follows. Assuming that the left and right scalars, as well as the
scalars of the first two generations are degenerate, both the radiatively generatéd
m. and the 7 — ey rate depend on the following parameters (other than the mixing
angles) in the large tan B regime: (p, My, My, m2 m2, tan ﬂ) Putting tan 8 = 60
and assuming the grand unification relation M, ~ 2M,, the dependence is reduced
to only (i, My,m2,m?). Specifying these parameters determines what the product
|Wg,31WEgs1| should be to obtain the correct electron mass, and this in turn pro-
vides us with a lower bound on B(7 — ey). In Fig. 4.3, we give a representative
contour plot for this lower bound on B(r — ey). Over a significant portion of

the parameter space, the rate is only 10-100 times smaller than the current bound

B(r — ey)$1.2 x 107* [61].
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Figure 4.3: Contour plot of B(7 — ev), where the mixing angles are fixed by

requiring a radiative electron mass.
We have put tan # = 60., p = m;=200 GeV, and plot in the M; - ,/y plane where

M, is the bino mass and we have assumed the GUT relation M, ~ 2My; y = ::—52

7

We also assume that the left and right handed mixing angles are equal, giving us a

lower bound on B(7 — e7). The branching ratio scales as “—;%“—ﬁ
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~d.: If there are CP-violating phases in the theory, we have further consid-
erations. First, we note that if there is no mixing with the second generation (as
seems to be required for avoiding dangerous ¢ — e7y), then we can choose a basis
where the mixing mafrices Wk, are real: the only potentially complex coupling
is (Eym3s 7L + hc + L — R). Since the tree level electron Yukawa coupling is zero,
we can independently rephase the superfields ey (g) to make mi, L(R) real. Thus, the
only sources of CP violation are the phases in the A and y parameters. Ordinarily,
(when no fermion masss are generated radiatively), the phases of A and u are con-
strained to be small, since arbitrary phases lead to large electric dipole'moments
via diagrams 'proportional to the tree level first generation Yukawa couplings. Does
the situation change when we generate the lightest generation Yukawa coupling ra-
diatively? To answer this question, let us look at the lepton mass matrix and dipole
moment matrix in the two dimensional space of the first and third generation (the
second generation has no mixing and is thus irrelevant). For simplicity, we again
consider taking the first two generation scalars much heavier than those of the third

generation so that they are decoupled, and we set g = M; = m. Then, we have

.02 WELSI WER31 eio .02 WEL 31 6’-6

My . ’
02 Wiy e 1
de _21 300GeV ?
— ~1.5x10 —_—
” X cm X ( 7 )

110



X e, (4.3.7)

where 6 is the phase of A + ptan f. We can approximately diagonalize the lepton

mass matrix as follows

Me " t
m, B 0 1 VER’
e i0/2 0.02Wg, .. e*
(R)31
Veym = : (4.3.8)
—0.02Wg, ., e 1

In the basis where the lepton mass matrix is diagonal with real eigenvalues, the
electric dipole moment matrix is d, = V d.Vg,, and the electric dipole moment of
the electron is d. = Im(d,,). We find with M; =300 GeV and Wg, ,,Wg,,, ~ 0.01
(as required to generate the electron mass),
d .
— =6 x 107*cm x sin 4. (4.3.9)
€
Thus, sin § must be smaller than ~ 7 x 10~ for -dj not to exceed the experimental
limit of 4 x 10727 cm. So, we have not made any progress on the supersymmetric
CP problem. However, as we have already mentioned, if we assume that sin§ is
sufficiently suppressed, there are no other CP-violating contributions when muon

4

number is conserved.
What if the electron mass is not all radiative in origin and has some small

tree level contribution? If there is an O(1) phase mismatch between the tree and
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radiative parts of the electron mass, there will be a phase in the electron electric
dipole moment of order %::—e even if A and p are taken to be real. This would again
give too large a dipole moment unless %r—:—i <1073, (Of course, in deriving this
result, we assuﬁle that most of the ele‘ctron mass is radiative, otherwise there is no ‘
reason for the WE, )4, to be big enough to cause trouble with the dipole moment).
We conclude that if there are large CP-violating phase differences in the theory, the
electron mass must either be nearly all radiative or nearly all tree level.

In the quark sector, in addition to the first generation quark masses, we are

also interested in the possibility of generating KM mixing angles by finite radiative

corrections. Table 4.1 shows the relevant ratios of quark masses and mixing angles.

The constraints on SUSY FCNC have been studied in [13, 14], and the results

N

are given in terms of 6;; = %1, where §7nf; is the off-diagonal squark mass in
the super-KM basis and Mj; is the “universal squark mass”. However, in order to
generate the light generation quark masses entirely by radiative corrections, the
splitting between scalar masses of the first two and the third genefations must be
quite large s§ that the super-GIM cancellation is not effective. As we can see from

Fig. 4.2, this typically requires % 2 3. Then it is not clear which scalar mass should
be used for M;. In appendix C, we translate thes results obtained in {13, 14] into
constraints directly on the mixing matrix >elernents, which are more suitable for our
dicussions.

When tan 8 is large, some of the one-loop diagrams for the down type quark

Yukawa couplings are enhanced by tan 8 (Figs. 4.1(c), 4.4(a)(b)). They can give
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: -:;i:& 3.6 x103 o 2.7 x 1072
T 1 x10°% 74 11.3x107°
sinfeme | gx 107 | d2fma | 6 x 1070
Yam | 41072 || Tame | 4x107%
Yum | 41073 || Bame | o4 x107°
Yame | 151072 || Hdme | ] x 1072

Table 4.1: The relevant ratios of quark masses and mixing angles with all quantities
taken at the scale of top quark mass.

The values of quark masses, mixing angles, and the RG mass enhancement factors 7;
are taken as follows: m(m;) = 168 GeV, my(my) = 4.15GeV, m.(m.) = 1.27GeV,
ms(1 GeV) = 180MeV, my(1 GeV) = 8MeV, m,(1GeV) = 4MeV, g, = 1.5, . =

2.1, Nugs = 2.4, sinf. =0.22, Vi =4 x 1072, V, =4 x 1073, Vjg = 1 x 10~2,

significant corrections to the down type quark masses and KM matrix elements[51].
Here we are interested in the possibility that some of the light generation quark
masses and mixing angles are entirely generated by these loop corrections. Because
of the large tan 8 enhancement, it is easier to generate KM mixing angles in the
down sector than in the up sector. In fact, we can see from Table 4.1 that it is
impossible to generate V,; in the up sector, while generating V,; and 6. requires
Wy, 5, to be greater than about 0.4 and 0.2 respectively. Wy, is linked to Wp,

by the KM matrix: Vg =~ WULTWDL. To get the correct Vi, Wy, 4, has to be
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Figure 4.4: Chargino diagrams which contribute to radiative down-type quark

masses and are enhanced by large tan f.

canceled by the mixing angles of the same size in Wp,, which will violate the
FCNC constraints listed in Table C.1. Therefore, we will only consider generating
KM mixing angles in the down sector. |

The flavor dia,goﬁa,l gluino diagram could give large corrections to the down
quark masses if the corresponding Yukawa couplings already exist at tree level.
It does not generate fermion masses if they are absent at treg level, but gives
large uncertainties in the tree level bottom Yukawa coupling A, which appears
in these gluino diagrams. The flavor-changing gluino diagram (through mgfztan B)
can give sizable down quark mass matrix elements involving light generé.tions and
therefore generate my and KM mixing angles. The first chargino diagram (Fig.
4.4(a)) only gives significant contributions when one of the external leg is bg, i. .,
it contributes to Apjsz, Ap2s, Apss. With some unification assumptions at high
_ scales, one usually finds the chargino contribution to the bottom quark mass is

smaller than and opposite to the gluino contribution [37, 38]. Here we do not make
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assumptions about physics at high scales so both contributions lead to uncertainties
in the tree level \). The contributions to Ap;3 and Ap3 are proportional to V;d and
V.s respectively, so they can only give corrections to the already existing mixing
angles but not generate them entirely. The second chargino diagram (Fig. 4.4(b))
is supressed by the weak coupling constant compared with othei diagrams and
will be ignored. In the following we will concentrate on the possibilities that the
light fermion masses and mixing angles are generated by the ﬁavor-chariging gluino
diagram.

-my,: The possibility that m, comes from radiative corrections by mixing with
the third gerieration has been pointed out in [62]. We can see from Fig. 4.2 and 7+ in
Table 4.1 that if Wy, 3, Wygs, ~ 1073, m,, can be generated entirely from radiative
corrections. There is no direct constraint on the 1-3 mixing. The induced splitting
between the first two generation left-handed squark masses could contribute to
K — K mixing. However, this constraint is easily satisfied, so it is possible that m,
is entirely radiative.

-mg: From Fig. 4.2 and Table 4.1. we can see that to generate my requires
Wp,3;Wpra; ~ 2x1073. Compared with the constraints derived from B — B mixing
in Table C.1(a), this requires the sfermion masses to be in the TeV range, which is
somewhat uncomfortably large. In addition, if my does get its mass from radiative

corrections, we also generate the 1-3 entry for the down Yukawa matrix. Their ratio

115



1s:

Alpy — WDLSIWDH31H Wby <0.1, (4.3.10)
Alpis WDL31WDR33H WDR33

for m; ~ 1TeV, assuming Wp,,, =~ 1, where ff = h(zar,z3r) — h(zaL, z1R) —
h(z11,Z3R) + h(Z11,21R), H = h(Tar, T3r) — h(Z1L, T3R), and k, z1(3)1(R) are defined
n (4.3.2), (4.3.3). On the other hand, =4 ~ 0.3. We see that the generated A)p;3

? Vemy

gives a too big contribution to V,; which has to be canceled by a tree level Ap,s.

We now discuss the possibilities for radiative generation of KM elements. We
take the independent parameters of the KM matrix to be V,, V3, Vo and the CP
violating phase. |

-0.: To generate 6, we need Wp,, Wp,3, ~ 1072, assuming Whyryss = 1
From B — B mixing and b — sv decay, or K — K mixing alone, the sfermion masses
are also required to be 2 1TeV in order to satisfy these constraints. vFurthermore
the phase of Wp, ;,Wpy,, has to be small (< 107!) from the ¢ parameter of CP
viol;tion. Similar to the case of my, generating 6. radiatively may also give a too
big contribution to V3. If we try to generate my, Hc; and V,, all by radiative
corrections, ignoring the difference between H and }It , we obtain the following ratio

for the mixing matrix elements from Table 4.1:
Whpras © Wpray @ Wpray =~ Verny :sinfom, : my ~ 4 : 6 : 1.3, (4.3.11)
By unitarity we obtain

W ras = 0.55, Wppa, =~ 0.82, Wp,, =~ 0.18. (4.3.12)

116



(Taking into account that H > ﬁ gives larger Wp, ., Wppa,-) From Table C.1,
we can see that m; has to be pushed above 2 TeV (even higher for the first two
generations) to satisfy the constraints from both AMgk and b — sv. If there are
O(1) phases in these W’s, the € constraints raise the lower limit of the squark masses
to ~ 20 TeV, which is unacceptably large. Furthermore, it is unnatural for models
to have such a large Wp,,, mixing. Therefore, it is unlikely that all KM matrix

elements can be generated by radiative corrections.
/

~Vu: To generate V., we need Wp, 5, ~ 5x 1073, which easily satisfies the B —B
mixing constraints. Hence V,; can be generated radiatively, but as we learned from
above, V,; and 6. cannot both come from radiative vcorrections, and neither can Vg,
and my.

-Vu: Attaching a photon to the diagram which generates Amp,; gives a dia-
gram contributing to the decay b — sy . Hence one canv write down the following
simple relation between gluino diagram contributions to V,; and to the Wilson co—l
efficient ¢;(Mw) [63] for b — s,

47T . Mg‘/ é AmD23

Acy(Mw) = gp Esm2 Ow i T Voms (4.3.13)
16/23A ¢, ( M, 8m 5G . Am
n % w w D
4 )g( =) (=) ( ). (4.3.14)
c7(mp)sm mg H ' Vam,

where G = 9(zar, z3r) — g(z1L773R); and g -is-definéd in (4.3.6). The . ngﬁ?lO di-

agram contribution to b — sv interferes constructively with the Standard Model

contribution if V, is generated by the similar gluino diagram. Therefore, generating

V. radiatively requires heavy gluino and squark masses (R 1 TeV) or cancellation
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between the chargino diagram contributions to &6 — sy and other contributions.

—CP-violating phases: From the above discussion we found that it is very dif-
ficult to generate all KM mixing matrix elements by radiative corrections. This
means that a non-trivial KM matrix should occur at tree level. There is one physical
CP-violating phase in Vg, and several more in the quark-squark-gaugino mixing
matrices. The number of CP-violating phases in the quark sector (not including
the possible phases of the parameters A and p) is counted as in the following.
There are four unitary mixing matrices Wy,, Wy,, Wp,, Wp,, (Vikm is rgla,ted to
WU,_T, Wp, and hence is not independent, ) connectiﬁg 7 species of quark and squark
fields uz, dr, ur, dr, Q, U, D. Among the phases of these fields, 6 are fixed by the
6 eigenvalues of the Yukawa matrices Ay and Ap (if there are no zero eigenvalues),
one overall phase is irrelévant, so we can remove 14 of the 24 phases in the W’s
by phase redefinition of the quark and squark fields. Each massless quark removes
one more phase by allowing independent phase rotations on the left and right quark
fields. Each pair of degenerate quarks or squarks of the same species removes one
phase as well. Assuming m, and m, massless at the tree level, and degeneracies
between the first two generation squarks, we can remove 5 more phases and there
are still 5 independent phases left. One of them cannot be moved. to the Wy’s and
it can give significant contribﬁtions to the CP violation effects in the K and B

systems.
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4.4 Guidelines for model building

In the introduction we indicated some general features effective theories of
flavor should have in order to generate radiative fermion masses. In particular, we
pointed out that, in supersymmetric theories, an accidental superpotential symme-
try is needed to ensure that the first generation is massless af tree-level, while this
symmetry must be broken by D terms in order to obtain radiative masses. For
instance, in the effective lepton models considered in [59], all holomorphic and fla-
vor symmetrié operators possess an accidental U(1), x U(1),, which is violated by
the D terms. From the point of view of an effective theory, then, it is representa-
tion content and holomorphy which are responsible for accidental symmetries for
every possible superpotential operator, thereby forbidding some Yukawa couplings.
However, this is by no means a necessary condition for the existence of tree level
massless fermions: We do not always generate every operator consistent with sym-
metries when we integrate out heavy states. Thus, the condition that every effective
operator in the superpotential possess an accidental symmetry is clearly too strong;
we only need an accidental symmetry to exist for those operators induced by inte-
grating out heavy states. For this reason, it seems that a deeper understanding of
the accidental symmetries lies in examining the full theory, including superheavy
states. This is our bﬁrpose in this section. We will find simple, sufficient condi-
tions for guaranteeing the existence of tree level massless states after integrating

out heavy states. We will also describe (in view of later application to the quark
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sector) the structure of the tree-level KM matrix. These conditions will serve as

convenient guides for the explicit models we construct in the next section.

We begin by considering sufficient conditions for the existence of tree level
massless states. Consider the lepton sector for simplicity. In Froggatt-Nielsen
schemes, we have fields £,,e, (o = 1,2,3) which would be the three low energy
left and right handed lepton fields in the flavor symmetric limit. However, there
are also superheavy states with which ¢ and e mix after flavor symmetry break-
ing. In general, we have vector-like superheavy states (L; ® L;) and (E, & E.),
(t=4,..,n+3, a=4,...,m+3), with L, F having the same gauge quantum num-
bers as £, e respectively, and with the barred fields having conjugate gauge quantum
numbers. We also have a set of gauge singlet fields ¢ with VEV’s (¢) breaking the
flavor group Gy. In the superpotential, we have bare mass terms for the (L, L) and
the (E, E) fields, as well as trilinear couplings mixing ¢’s with light and superheavy
states. We also have a large Yukawa matrix Aj4 (/ =1,..,n+3, A=1,...,m+3),

connecting the down-type Higgs hq to the (£, L;) and (eq, F,),

e
FE
Once the fields ¢ develop VEV’s, we will have mass terms like, £(¢) L mixing light

and heavy states. In order to diagonalize the bare mass matrix and go from the

flavor basis to the mass basis (where “light” and “heavy” are correctly identified),
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we must make appropriate (¢) dependent unitary rotations on the fields:

A {
= Ur((¢)) , L'=Ur((#))L,
r ~ L) .

, )

“=usen] | B = Use)E. (4.4.2)
E’ ] E .

In this basis, the mass terms are >3 M; L/ L, + Y733 M, ELE. , and the Yukawa
matrix becomes

Al = Us((8)) 10 AsBUL((8)) 5., (443

where summation over J and B is understood. In order to integrate out the (now
correctly identified) heavy states at tree level, we simply throw out any coupling
involving them. The Yukawa matrix A for the three low energy generation leptons

is then

Aap = Up((8))asAspUL((9))Bs, (@8 =1,2,3). (4.4.4)

We would now like to understand circumstances under which we can have a
certain number of zero eigenvalues for A. For A to have £ < 3 zero eigenvalues, its
rank must be 3 — k. To see when this is possible, we make the sim_ple observation
that each row (or alternatively each column) of A contributes at most one rank to

A. Consider for instance the contribution to A from the Jy’th row of A. Defining
Ta = UE,QJO » Yg = AJoBU}E‘B,En

we have

Afrom row Jp

O’ﬁ = xayﬁ, (4.4-5)
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which is manifestly rank 1 if it is not identically zero. Define a non-zero row (column)
of A to be a row (column) with at lea,stAone non-zero entry. Then, it is clear that a
sufficient condition for A to have rank equal or less than 3 — k is that the number
of non-zero rows (or the number of non-zero columns) of A, up to- rotations, equal

3—k,1i. e., A also has rank 3 — k; since in this case A is of the form
3—k
Xop = Y T2y, (4.4.6)
J=1

which is manifestly'rank 3 — k or less (the case of interest to us is £k = 1). We will
make use of this criterion in the following section.

We next turn to examining the tree-level KM matrix in the quark sector. In

analogy to the lepton sector, we have Yukawa matrices Ap and Ay,

d

hd-i-( ¢ Q)AD u_h,,, O (44T)

WD( q Q)AU

D

where all new fields are in obvious analogy with the lepton sector. Let us assume
that the general condition stated above, ensuring the existence of a massless eigen-

value for Ap and Ay, is realized by Ap and Ay. Then, we can write
ADap = T3Y6 + To2p, AVap = xfy}; + xfz;, (4.4.8)

Suppose in particular that Ap and Ay have nontrivial entries in the same two rows,
in WhiCh case we can choose i, = z, 1 = 1,2. Then, the resulting KM matrix has
non-zero entries only in the 2-3 sector. The reason is that, since the first generation
is massless, we can always choose a basis where the first generation quark doublet

has no component of superheavy quark doublets with Yukawa couplings, and so
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both Ap and Ag' are only non-zero in the lower 2 x 2 block. We can see this more
explicitly as follows. First note that we can make a rotation on the left handed
quarks to make z} point in the 3 direction, and make independént rotations on the
right-handed up and down quarks to make y3 and y; also point in the 3 direct'ion.

In this basis, we have

000 oo o0
Apas=10 0 0| +222 Advap=]0 0 0 + 222 (4.4.9)
0 0 7 0 0 7 :
of of

However, we can always make rotations on the upper 2-x 2 block so that z?, z, 2’
have 0 entries in the first component. Using equation (4.4.9), we easin see that
both Ap and Ay are only non-zero in the lower 2 x 2 block, and KM inixing only
occurs in the 23 sector, as claimed. Thus, in order to have, for example, a tree level
0. or V., (as is necessary from our discussion in section 4.3), we must ensure that
Ap and Ay do not have entries in the same two rows. Other than this case, we

expect generically that all elements of the KM matrix exist at tree level.

In this section we have shown that if the Higgs couples in only 2 rows or 2
columns of the full Yukawa matrix to matter, then there will be a light generation
which is massless at tree level. The required sparseness of Higgs couplings is due to

Gy and holomorphy.
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4.5 Realistic models for radiative fermion masses

In [59]; some explicit lepton models of flavor with radiative elec“trori mass are
presented, which naturally fulfilled the phenomenological requirements“of .Sec. 4.3;
namely, the electron is massless at tree level, the muon picks up a tree level mass
upon integrating out heavy states, muon number is conserved, and D terms yields
e — 7 mixing which generétes a radiative electron mass. In this section, we begin
by presenting the lepton model most readily extended to the quark sector, the full
model with flavor group Gy = SU(2), x SU(2), x U(1) 4, then give an extension to

the quark sector.

4.5.1 The lepton model

The lepton model is based on the flavor group Gy = SU(2), x SU(2)e x U(1) 4.

The fields are categorized as light /heavy and matter/Higgs in Table 4.2.

Light _ Heavy
Matter £3(0),4;(+1) | L(+2), Lr(+1), L(-2),LT(-1)

e3(0), ei(=1) | E(=2), E«(-1), E(+2), E(+1)

Higgs h(0) Ger(+1), dei(—1), S(0)
Table 4.2: Field content and Gy transformation properties for the lepton model.

I, 1 are SU(2), and SU(2). indices respectively, the numbers in brackets are the

'U(l)A charges.

124



We require the theory to be invariant under matter-parity (Matter — — Matter)
and heavy-parity (Heavy — —Heavy). Here, matter-parity is crucial to avoid
dangerous R—pa,rity’violating couplings, but the heavy-parity is imposed only for

simplicity.! Requiring these discrete symmetries and G invariance gives us the fol-

lowing renormalizable superpotential (where all dimensionless couplings are O(1))
W = Azlzesh + \\LEhR
+ filsL ¢o + foli LS + faelﬁuﬁﬁuz/
+ fiesE' ¢e; ‘+ fieiE'S + freic ¢ ;B
+ MLLL+ My, L'L; + MgEE + Mg, E'E;. (4.5.1)
Note that this superpotential has only two Yukawa couplings A; ( for the 7) and
A4 (for the superheavy L, E). Therefore, using the results of the last section, we

are guaranteed to have a tree-level massless state after we integrate out the heavy
fields;? we identify this state with the electron.
The fields ¢, ¢ and S take VEV’s which break the flavor symmetries. We can

assume without loss of generality that (¢¢) = (ve,0), (¢e) = (ve,0). As described

generally in the previous section, these VEV’s mix the light and heavy states and

1However, both of these parities are automatic in the SU(3); x SU(3). models considered in
[59]. The U(1)4 factor in Gy also finds a natural explanation in these theories. We do not use the
SU(3) theories here as a starting point here because the requisite modifications to go to the quark

sector are more difficult to see than in the SU(2), x SU(2). x U(1)4 model we are considering.

2Actua.lly, in this theory the existence of a massless state can already be seen in the effective

theory as described in [59].
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we must rotate to the mass basis where “light” and “heavy” are properly identified.
An approximation to the resulting rotation on the Yukawa matrix is shown in Fig.

4.5, and we generate the following superpotential term for the light fields:

AW = (

Folre (ge,) o, Freic (de;)
)

= ,\4(%)(%)22@};, (4.5.2)

so, we can identify (42, e;) with the muon and (4, e;) with the electron.

At~

£ &

- 4

Pe

@_—-—-——‘
~

Figure 4.5: The diagram which generates the second generation masses.

Let us look at the above rotation more directly [24]. Setting ¢, ¢., S to their

VEV’s gives the follwing mass terms in the superpotential:
Winass = ML.Z(L + 62@2) + MLIZI (L1 + 6’133 -+ 61131) + MLIEZ(Lg + 6?22); (4.5.3)

plus similar terms for the E’s, where ¢, = — ij';, € = %ﬁ-, € = %Lé} TPus, the

mass basis is related to thé flavor basis via ¢ = U, where £7 = (¢y, 0y, 43, L, Ly, L2)'-
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To a first approximation, we have

U, =

0

€

0

0

0

0

1

(4.5.4)

Completely similar statements hold for the e’s. Now, in the original flavor basis,

the Yukawa matrix A is

A =U; AUl =

\

0

0

0

0

(e

(4.5.5)

(4.5.6)



Dropping all couplings to the heavy states, we obtain the low energy Yukawa matrix

A,
0 0 0
A=10 geds 0 |5 | (4.5.7)
0 0 s

just as we found earlier.

Note that the VEV’s (¢,) and (¢.) do not completely break Gy; the generator

T, = TU(l)A - 2(T43 — TS) (4.5.8)

annihilates both (¢,) and (@), and corresponds to the muon number:?

4 4 . €1 €
eon“
b

62 621'0@2 s 6-21062

(4.5.9)

We now have most of what we want; we need only show that the required mixing
between the 7 and e is generated in the scalar mass matrix. We can generate D

term mixings upon integrating out heavy states [24]. The diagram in Fig. 4.6 gives

£t (8) 18 (8h) _ f2(S) frvi odt (4.5.10)
ML ML} ML] MLI :

I
Note that this term explicitly breaks the U(1),, chiral symmetry associated with the

zero tree-level Yukawa coupling of the electron, so we expect the required mixing

3The U(1)4 factor in G; can be replaced with its Z; subgroup and still avoid dangerous
muon number violating processes; after the VEV’s are taken there is a symmetry under (42, e2) —
(—£2, —e2) which still forbids mixing between the scalar u and 7, e, therefore avoiding the dangerous

p — e decay.
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Figure 4.6: D term mixing between the first and the third generations.

between 7T and € to occur. Let us check it more explicitly. The D term part of the
lagrangian is [ d*0(¢'¢+6262¢tm2¢), where ¢ is a collection of all the fields and m?
is the soft supersymmetry breaking scalar mass matrix. When we rotate to the mass
basis, we send ¢ — U¢. Under this rotation, ¢'¢ is invaria.ﬁt, but m2 — Um?2Ut.4

In our example, the scalar mass term for the ieft-ha.nded lepton fields is £im2¢, with

2 — & 2 2 2 2 .2 2 P
m; = diag(mj ,m; ,m; ,mj, mi ,mi ). The scalar mass matrix for the three low

4This is not strictly speaking correct, since supersymmetry breaking can affect the rotation to
the mass basis. For instance, in Fié. 4.6, we could attach s purions 62 and 62 to the superpotential
vertig&s, obtaining a direct contribution to the scalar mass matrix of order |Al?, where A is the
trilinear soft term associated with the superpotential vertex. Put another way, we (;a,n have
spurions 62 in the roﬁation matrix U, and get contributions to the scalar masses from rotating -
¢1¢. These contributiqns are of the same order as the ones we are discussing, but do not affect

any of our results.
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energy generations is then

m2Gx3) (UemﬁU})aﬁ

Lap
m3, + e, 0 ereim?,
= 0 mi+lelPmi+lgPmd, 0
et 0 s, + e,
(4.5.11)

The zero entries in the above matrix are a consequence of the unbroken U(1),
symmetry of the theory. We can explicitly see the 1-3 entry generated in the scalar
mass matrix, which, together with the corrseponding 1-3 entry in the the right-

handed scalar mass matrix, is responsible for generating the radiative electron mass.

There are two difficulties whgn we try to extend the lepton model for radiative
electron mass to the quark sector. First, the radiative down quark mass is severeiy
constrained by B — B mixing as we showed in Sec. 4.3. This can bé resolved if
the SUSY-breaking masses are heavy enough ({2 1 TeV). The other problem is
that in addition to the quark masses, we also have to get the correct KM mixing
matrix. As we have shown in Sec. 4.3, it is very difficult to generate all KM mixing
matrix elements: squark masses have to be pushed up to unacceptably high scales
and unnatural flavor mixing gaugino interactions are needed. Excluding that pos-
sibility, one has to put in some mixing angles at tree level. In subsection 4.5.2 we
present a model in which all first generation fermion masses come from radiative

corrections. In subsection 4.5.3 we construct a model in which m. and m, come
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from radiative corrections while m, and 6, appear at tree level with the prediction
sind, = y/myg/m;. We show that this model can be naturally embedded in the

flipped SU(5) grand unified theory.

4.5.2 A complete model for radiative first generation

fermion masses

The complete model for quarks and leptons is based on the same flavor group
Gy = SU(2); x SU(2), x U(1)4 as in the lepton model. However, a minimal direct
extension of the lepton model to the quark sector does not give tree level KM
mixing angles. Following the guidelines to generate tree level §, and V,; in Sec. 4.4,
we need té introduce two heavy left-handed SU(2), singlet quarks @, @’ (and their
conjugates @, Q’).° Their U(1)4 charges are assigned such that Q only couples to
the up-type Higgs but not the down-type Higgs and vice versa for Q'. In addition,
there cannot be an unbroken U(1) left in the quark sector, so we introduce a second
SU(2); doublet ¢}, and a second SU(2), doublet ¢,, whose VEV’s are in different
directions from the directions of ¢ and ¢, VEV’s, breaking G; completely. The
field content and G transformation properties of the quérk sector are shown in

Table 4.3. We alsb impose matter-parity and heavy-parity. The VEV’s of ¢, ¢’ and

Second pairs of heavy U’, U’ and D', D’ are not included in our discussion. They can be
added as long as their U(1)4 charge assignments forbid their Yukawa interactions with the @’s

and Higgses.
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Light Heavy
u3(0), ui(=1) | U(=2),U(+2), Ui(-1),U'(+1)
Matter ¢3(0), ¢r(+1) | Q(+2),Q(=2),  Q(0),Q(0),  Qs(+1),Q'(-1)

d3(0), di(+1) D(0),D(0),  Di(+1),D'(-1)

Higgs  hu(0), ha(0) | ur(+1),4ri(=1),  ¢y(—1), ¢, (1), 5(0)

Table 4.3: Field content and Gy transformation properties of the quark sector. I
and z are SU(2); and SU(2), doublet indices and the numbers in brackets are U(1)4

charges.

S are assumed to take the most general form:®

Vio Vro
<¢11> = y <¢ri> = )
0 0
vn Vr1
(i) = ) (¢:'i> = , (S) = v, (4.5.12)
V12 Ur2 '

Because we are dealing with a full theory, we restrict ourselves to renormalizable
interactions only and all possible renormalizable interactions consistent with the
symmetries are included. Nonrenormalizable in‘peractions are assumed to be absent
or suppressed enough so that they can be ignored. The G; transformation properties

of the up sector are identical to those of the lepton model so the analysis is exactly

¢u11, ¢ri can be put in this form by SU(2); and SU(2), rotations, then ¢}, ¢.; VEV’s will
take the general directions if there are no alignments between ¢};, ¢,; and ¢ir, ¢,;. Here we will

not specify the origin of these VEV’s.
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the same as in the lepton model. The superpotential for the up sector is

Wy = Azgshyus + A\yg@Qh U
+ f195Q  du + quQIéIS + fo3e a1Qous
+ fuusU'éri + fuawi0'S + fuse?uwU ;i
+ MyUU + My, U'U; + MgQQ + Mg, Q' Q. (4.5.13)

Note that although we introduce another pair of G breaking fields ¢}; and ¢/, they
do not have renormalizable interactions with the up sector and the lepton sector.

The only such Gy invariant interactions
LEI(I%]; EE"¢’“., QQ1¢;1, UUi¢:i - (4.5.14)

are forbidden by heavy-parity. Therefore, we do not generate muon number violat-

ing operators even though Gy is completely broken.

The superpotential of the down sector is given by

Wy '= Aa3qzhads + Aga @' haD
+ fise 11Q'81; + fi4a:Q'S
+ fadsD*¢L; + fa2diD'S + fase’d; Déprj + fuadsDS
+ MpDD +vMDi D'D; + My Q'Q’. (4.5.15)

The fs and fs couplings are responsible for the D term mixing between d3 and

d;, 1 = 1,2 (with intermediate D"). fa3, faa mix dy, ds with D, fi5, 1, mix q1, g2, g3
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with Q' and they are responsible for generating tree level Yukawa couplings among
dy, d3, and ¢y, g2, g3 with hy. After integrating out the heavy states, we obtain the

following tree level Yukawa matrices for the up quarks and down quarks:

0 0 0 0 €g1€d2Mds €q1€d3Ad4
Av=1| 0 €g2€u2Aua 0O yAD=1] 0 6;2642/\,14 6;2643/\44 , (4.5.16)
0 0 Aus 0 €rz€aztas  €g3€a3Mds + Aas
where, | |
quvlo quUTO

1 / 7
6, _ __fq3vl2 r q3v11 6/ __ q4v$
al Mg ' "2 Mg ' ®T Mgy’
p fazvro c faavs
d2 = d3 = .
Mp Mp

Both matrices are of rank 2, as suggested by the theorem of Sec. 4.4, (although th?s
cannot be seen from the effective theory point of view). Now we have a massless state
in each of the up and down sectors and all mixing angles are generated at tree level.
m, and m, are then generated radiatively by the mixings between the first and the
third generations induced by fu1, fo2, fur, fu2,and fi1, fao with intermediat.e Q, U,
and D states. fi3, fis, fa3» fq4 2lso induce the D term mixings among generations
with intermediate D and Q' states. For example, the mixing between g3 and. g2 18
~ €,3€.2, Which is about the same size as the corresponding KM mixing angle. For
large tan B they can give sizable corrections [O(50%)] to the KM matrix elements.
Since we do not know the exact size and the sign of these corrections, if we just
take m,, sinf. and V,, to be approximately equal to the tree level results, then we
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have [within O(50%) accuracy]

Adg
Ad3
Ads

€p€aar— = 2.7 X 1072,
ms Ad3

Vi =~ €peas ~ 4x1072%

My

1R

1R

€I1€d2
sinf, ~ 22~ 022 (4.5.17)

5;2€d2
Combining the above relations, we obtain the approximate tree level V,;

\ |
viree ~ efﬂed;;)‘ﬁ ~ sinf.Vy ~ 9 x 1072, (4.5.18)
: d3

Which 1s about a factor of 2 bigger than the central value. However, as we found
in Sec. 4.3, whén we generate my by radiative corrections, we also generate V34
bigger than the central value by about a factor of 3, which has to be cancelled by
the tree level V¥ If the sign is right, (4.5.18) is just in the range which can cancel
against the radiative contribution to produce the correct V,;. Therefore, realistic
values for all quark masses and KM mixing angles can be obtained. Naively, one
might expect that it is difficult to have massless first generation quarks at tree level
because of the Cabibbo angle. Here we showed, with the help of the theorem of
Sec. 4.4 for the rank of the Yﬁkawa, matrices, that one can naturally get massless

~

up and down quarks at tree level, while having nonzero sin 6..

4.5.3 A model of radiative m,, m., and tree level my

As we have mentioned, a radiative my is only barely consistent with B — B
mixing with very heavy SUSY-breaking masses. In this subsection, we present a
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model in which mg is nonzero at tree level, while m, and m,. arise purely from
radiative effects. The flavor group is Gy = SU (2‘)T x SU(2)r x Zs. The reason
for the subscripts of the SU(2) groups will be clear later. U(1), is replace by its
subgroup Z4. Matter-parity and the heavy-parity are imposed as wéll. The field
content is shown in Table 4.4, where I, i are SU(2)r and SU(2)r indices respectively,
and the numbers in brackets are the Z; charges with » and (n mod 4) identified.

é1i, dr1, S and X have nonzero VEV’s:

Gry=| | =] | (8) =ve (X) =, (45.19)
0 0
which break G completely. In this model there s only one pair of SU(2)r ¢ breaking
Light Heavy
63(0),;6,(-1) E(=2),B(+2)  Ei(-1), B(+1)
€3(0),£1(+1) |  L(+2),L(-2) Li(+1), LI (-1)
Matter u3(0),ur(+1) 'U(+2),U(;-2), Ur(+1), U(~1)
@0),a(-1) | Q=2,0(+2),  Qu«-1),Q(+1), Qi+, (-1)

d3(0),di(=1) | D(=2),D(+2), Di(-1),Di(+1), Di(+1),D"(~1)

Higgs  %.(0),ka(0) | é7:i(=1), dr1(+1), 5(0), X(2)

Table 4.4: Field content and Gy transformation properties of the model with radia-

tive m,,, m,., and tree level mg,.

fields ¢71i, dr7. The tree level massless electron and up quark can be easily seen in an
effective theory point of view[59], because the only SU(2)7 r invariant holomorphic
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combinations of the two light generatio;ls and fields with nonzero VEV’s for the
lepton and the up quark sectors are eV e;dr;, €'/ {1drs, €/ urdrs, and €/ ¢;¢r;, which
cannot give Yukawa couplings to both light generatio.ns with k, and h4. In the down
sector, ¢’s and d’s have the same G transformation properties. One can write down

the effective operator

€7 q;had; X S, (4.5.20)

which generates the 12 and 21 entries of the down Yukawa matrix with equal size
and opposite signs. Hence we can obtain both 8. and my at tree level with the
experimentally successful relation sin §, >~ \/m .

Compared with the lepton model discussed earlier in this section, the extra
X ﬁeld is required to break the left over “second generation parity’; in order to
generate V; and V., but it may also induce a too big y — ey rate, which will
be discussed later. The @, Q’i, D, D" are responsible for generating the operator
(4.5.20). They can be omitted if nonrenormalizable operators are allowed and are
sufficiently large. In fact, because this model can be analyzed in the effective theory
point of view, including nonrenormalizable interactions will not affect our results.
However, for simplicity and completeness, we will analyze the full theory and restrict
ourselves to renormalizable interactions. |

The lepton sector and the up quark sector are similar to the previous models.

We will not repeat the detailed analysis. The only difference is that with the

137



additional X field, we can have the following extra interactions:

fe5X63E7 festsL fus XusU, quXQ3Q- (4.5.21)

They mix the third generation with the heavy SU(2)r(r) singlet generation. In
combination with eVérie;E, e/'¢rrlsL, € drrusU, and €’ ér:q;Q, they generate
the 23 and 32 entries of the Yukawa matrices and also the D term mixing between
the second and the third generations. For the up quark sector, the D — D mixing
constraints are very weak and hence easily satisfied. However, for the lepton sector -
the constraint from the ,ul—+ ey rate requires the 2-3 mixing to be no bigger than
O(1073), while the naive expectation of 2-3 mixing in this model is of the order V.
Therefore, one has to assume that the couplings §f the X field to the lepton sector
are small, or prevented by some extra symmetries. We will see that this is possible

to achieve later.

In the down quari( sector, in addition to the usual interactions,
Wy = Aazqzhads + Aga@haD
+ fgsQ'bri + f029:Q°S + fae” :Qr;
+ fundsD'¢1i + fundiD'S + fuzed; Dor;.
+ MpDD + Mp,D'D; + MoQQ + My.Q'Q;, (4.5.22)

which give the tree level b and s quark masses and 1-3 D term mixing, we have the

following interactions as well,

W, = quQSQX + dedBDX
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+ ququ—liX + faedi D' X
+ Aase? QthaD; + /\dsfijQith;‘
+ Mp D' D+ M Q" Q.. (4.5.23)

As we have discussed before, the f,5, fs5 couplings induce the 23 and 32 entries
of the Yukawa matrix and the 2-3 D term mixing, so that V,, can be generated.
fe6s fas, Ads, Ade together with fg, fa2 couplings generate the operator (4.5.20),

which gives 8. and my, and the successful relation sin §, = {/my4/m,. The tree level

down quark mass matrix takes the following form,

0 C 0
-C E B |, (4.5.24)
0 B A

while the tree level up quark and lepton mass matrices have nonzero entries in
the lower 2 x 2 block. In addition to m, and m., V,; is also generated by r;dia—
tive corrections from the 3-1 mixing Wp,,,. The required size of Wp, ,, is much
smaller than that requi'red for generating m, radiatively, so the phendmenological

-constraints are easier to satisfy as we have discussed in Sec. 4.3.

Looking at the G transformation properties of the fields, one can see that this
model can be embedded in\to the flipped SU(5) grand unified theory[64]: ¢ and d
(and the not discussed right-handed neutrino n). belong to the 10 representation of
flipped SU(5), u and £ belbng to the 5 and e is a singlet 1 under ﬂipped SU(5).
SU(2)r is a flavor group for the 10’s and SU(2)F is a flavor group for the 5’s. In

139



Table 4.4, the €’s are assigned to transform under SU(2)r. Here one can either have
them transform under a different SU(2)s, or simply identify SU(2)s with SU(2)r.

One nice feature of embedding this model into flipped SU(5) is that the X field
can be assigned to the 75 of SU(5). Because only the 10 x 10 contains 75 and
the 5 x 5, 1 x 1 do not, the X field can onl}; couple to ¢ and d but not the lepton
sector. Then the -7 mixing and hence the troublesome y — ey decay rate can be
removed.

After flipped SU(5) is broken, we do not expect the couplings and the mixings
to be the same for fields belonging to the same representations of the flipped SU(5).”
But if we assume that they are of the same order, the radiative m., fnu and V,
are élso consistent: radiative V,; does not need a big Wp, ,, (~ 1072), then Wy,
has to be quite big (2 107!) for generating m,; but so is its flipped SU(5) partner
WE, 5, for generating m.. On the other hand, Ay, Ap, and Ag are independeﬁt
in flipped SU(5) models. They can take suitablé values so that all the tree 1¢vel

quantities come out correctly.

4.6 Conclusions

In this chapter, we have considered the possibility of generating some of the

light fermion masses through radiative corrections. Any theory of radiative fermion

7If flipped SU(5) were not broken, the tree level 12 and 21 entries of the down quark mass
matrix would not be generated, because ¢710;10;h4X S vanishes. However, since the flipped

SU(5) is broken, ¢’s and d’s can have different mixings so that ¢/ ¢;d; ﬁdX S can be nonzero.
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masses must have an accidental symmetry for the Yukawa sector guaranteeing the
absence of tree level masses, while this symmetry must be broken elsewhere in the
theory for any mass to be generated radiatively. In our discussion, supersymmetry
has been crucial in paturally implementing this scenario: supersymmetric theories
automatically have two sectors (the superpotential and D terms) which need not
have the same symmetries; because of holomorphy the superpoten:cial may have ac-
cidental symmetries not shared by the D terms. Furthermore, the particles in the
radiative loop generating the fermion masses are just the superpartners of known
particles, and must be near the weak scale if supersymmetry is to solve the hierar-
chy problem. Thus, supersymmetric theories of radiative fermion masses can lead
to testable predictions. Working with supersymmetric theories with minimal low
energy field content, we found (with the plausible assumption that the accidental
- flavor symmetries of the tree level Yukawa matrix are only broken by soft scalar
masses) that FCNC constraints allow only the first generation fermion masses to
have a radiative origin.

In the lepton sector, a rather large mixing between the selectron and stau is
needed in order to generate the electron mass. This implies that mixing with the
- smuon must be highly suppresseci in order to avoid too large a rate for 4 — ey. The

large selectron-stau mixing also gives rise to a significant rate for 7 — ey which is
only a factor 10-100 lower than the current experimental limit.
In the quark sector, in addition to the quark masses, the KM mixing matrix

must also be obtained. The FCNC constraints strongly limit the possibilities of

141



generating light quark masses and mixing angles. We found that m, and V,; can be
generated by radiative corrections, whilé radiatively generating any of mgy, 6., and
Ve requires heavy scalar masses (~ 1TeV). Further, it is very difficult to generate
mq, 6., and V,;, together radiatively unless the scalar mAa,sses are between 2 and 20
TeV, which we view as unacceptably high. .These constraints cause the principle

difficulties in constructing a model of quark flavor with radiative masses.

We introduced a lepton model with flavor group SU(2), x SU(2). x U(1)4
and then extended it to the quark sector. The lepton model has a number of nice
features: the SU(2) breaking ¢ VEV’s are responsible for both D term mixing
between the first and the third generation and generation of the second generation
mass, so the ratio between the radiatively generated first generation mass and the
second generation mass is naturally of the order 1/(16%?). Further, muon number
is conserved so that the dangerous rate for p — ev is avoided. A direct extension
of this model to the quark sector cannot generate the correct KM mixings, which
requires the addition of more fields and flavor symmetry breakings to the theory.

 We presented two complete models with radiative fermion masses. In the first
mo‘del, all first generation fermion masses come from radiative corrections, and there
are also tree level contributions to 8. and V,; as required by the FCNC constraints.
First generation fermions are guaranteed to be massless at tree level by requiring
" the “big”’ Yukawa matrices of the full theory to be rank 2. Requiring a tree level 8.
and V,,; forces us to add another heavy left-handed quark Q' and its conjugate Q’,

and another pair of SU(2);, flavor symmetry breaking fields ¢;,. Muon number is
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still conserved as a consequence of the field content and charge assignments of the
theory. With these minimal extensions, we obtain a complete theory of radiative
first generation fermion masses with successful values for KM mixing angles.

In view of the fact that a radiative my and B—B mixing are only éompatible for
very heavy scalar masses, we also constructed a second model in which m, and m,
come from radiative corrections but m, and 8, arise at tree level with the successful

relation sin 8. = /mgy/m;. The dangerous u — e rate can be naturally suppressed

if we embed this model into the flipped SU(5) grand unified theory.
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Appendix A

In this appendix, we first give a more complete treatment of mixing matrix

scaling in the lepton sector, and then give a treatment for the quark sector.

Let us return to (3.5.7) and consider the effect of including the (C};CE)&' term.
In general the scaling from_ Mpr, to Mg will generate a CI;CE not diagonal in the

same basis as )\TE,\E, SO we expect some non-zero (C};CE)&-. From the RGE for (g,
neglecting gauge couplings,
d o
¢E = Ce[BALAE + Tr(3ALAD + ALAR)] + As[daLce + Tr(6¢pAl, + 2¢eAk)). (A.1)
We have
d, 4 b ot ty t by yet
“E(CECE) = 5[CECEAEAE + ApAeCeCe] + 2 Tr(3ApAD + ApAE)(ECE
+ 8¢EAEALCE + (CEAE + AL¢E) Tr(6¢pAL + 2¢eAL). (A.2)

Then, to first order in the off diagonal parts of C};CE and CEC‘;‘;, and keeping only

third generation Yukawa couplings we have

d

7 (¢h¢r)si = (CECE)aillTAZ + 622 + 6nXe )], (A.3)
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where n = $22_ Because of the large numerical coefficient in front of A2, A in the

(E33
above equation, (CECE)&' is driven to zero more rapidly than Wps;, after which it

ceases to have any effect on the running of Wys;. More explicitly, from (3.5.7) we

have that

d ¢ 4 ! ¢ [ ’
2 (mE(0)ed 4 = a(chem)ai()ed T HH, (A.4)

-

Solving (A.3) for (¢L¢g)si(t) and inserting into (A.4) we get

% (m%Si(t)ej;zG dt’z\?.(t')) _ Q(CECE)Si(MG)e_ f;tG d?'[16/\12-+6/\(2,+67)/\b/\t](t'). (A5)

Integrating (A.5), we find
t t ’ .
i (Me)eH i (Me) =2 [ diem OB
X (¢5¢E)si( Mo)

= §(¢E¢e)si( Ma). (A.6)

So, we have
misi(Ms) = e " [mis(Mo) — 8(chee)(Ma). (A.7)
We expect m,; and (¢L¢g),; to be related by some combination of Clebsches z at

Mg as follows:

ta ) A3,
(CECE)3:i = m—gxmm,' (A.8)

Where Ao, m? are the universal A parameter and scalar mass at Mpy, respectively.
Then, we have from (A.7)

. AmA(M, A2
I ( G){1+6—2x]wg33WL3,-(MG). (A.9)
0

WhisWeai(Ms) = e Am(Ms) -
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Clearly if 5:—1%?.7: < 1, inclusion of the (¢L¢g)s: term in (3.5.7) does not change
0
any of our results. If 6%%—:1: ~ 1 or > 1, we can still of course use (A.9), but the
. 7
suppression effect may disappear. A simple estimate shows, however, that ¢ itself is

already small ~ -, and so we are only in trouble if :—5—3:5 is big. To see this, replace
0

Ar, Ay and 7 by some average values A, X, and 7 in the expression (A.6) for 6. Then,

1 M
In S - - - -
5 = 2/16r5 Ms o -t(16X2+632+6353c7)
0

1 s —AA%Q(IG:\2+6;\§+GU‘5\¢,;\T)]
= — - — 167 T . A.10
8X2 + 302 + hohy) : ) | (4.10)
So,
1
6] < (A.11)

8X2 + 3(AZ + A A,).
For the A’s between 0.5 and 1, and 7 ~ 1, |§| ranges from 5 to .
How can we qualitatively understand the above results for the scaling of mixing
métrices? The renormalization group equations try to align the soft supersymﬁetry
breaking flavor matrices with whatever combination of flavor matrices responsible
for their renormalization. However, because a given coupling can only be renor-
malized by harder couplings, there is a hierarchy in which flavor matrices affect the
7 running of others. The Yukawa matrices, béing dimensionless, can only be affected
by other Yukawa matrices. In the lepton sector, this is the reason that the basis in
which e.g. ,\TE,\E is diagonal does not change. Next, the soft trilinear terms, hav-
ing mass dimension one, can only be affected by other trilinear terms and Yukawa
couplings. Again in the lepton sector this means that e.g. (L¢p tries to align itself
with ,\TE,\E. Finally, the scalar mass, having dimension two, are affected by every-
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thing: m? tries to align with ,\E,\E, but suffers interference from CECE, unless (}r_;(E
is diagonal in the same basis as ,\}5,\3. Even if C;;CE is not diagonal in the same
basis as ALAg, it is trying to align itself with ALAg, so m? will still tend to align
with ALAg.

From the above discussion, it is clear that the situation is slightly complicated
in the quark sector. In the lepton sector, there was a fixed directibon in flavor space
given by Ag, with which the soft matrices aligned. In the quark sector, we have
both Ay and Ap, and ,\U)\(Tj, AD,\TD are misaligned (Vxa # 1). This complicates
the analysis for Wy, , Wp, so we discuss them last. Let us now examine the scaling
of Wy, Wpg. (Throughout the following, we assume degeneracy between first two
generation scalar masses, we neglect all- Yukawa ;oupling matrix eigenvalues except
those of the third generation, and we do not include the effect of trilinear soft terms
in the scaling. The last assumption is made for simplicity; we can make similar
arguments about the importance of these neglected trilinear terms as we did above
in the lepton sector.)

First, we show that the basis in which Al Ay is diagonal remains fixed. The
'RGE for Ay is

13
15

d | 16
EAL/\U = 6(ALA) 2+ 225 Ap AL Ay +2(3 Tr AU,\L——?)—g§—3g§—

gAY (A12)
Working in a basis where Al Ay is diagoﬁal, let us see if £ALAy has off-diagonal
g U MU

components. We have, (recalling that in this basis AbAp = VamAb Vi),

d _ - -
E(AB’\U){;J' = Q(AUVKM)‘%)VII'MAU)iJ'
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= 2:\U,- VKM,‘[xleVII’MeJ‘XUJ'
=Qfori,j #3 (A.13)

since we neglect all Yukawa’s except the third generation. Similarly, the basis in
which AbAp is diagonal does not change. Thus, the discussion for the scaling of

Wy, Wby 1s completely analogous to that in the lepton sector, and we find

. Am¥ (Mg ’

Wi Wi (M5) = € T W Wi (Mo), (414
_ Am2 MG

WDR.‘si ngs(MS) = ZIb_AT,n—;;—EKd';j)-WDmi ng(MG). ‘ (A.15)

We now turn to Wy, Wg,. Let Vi, (f) be the matrix diagonalizing AvAL(2):
AvAb(t) = Vg, ()X () VoI (). (A.16)

In the superfield basis in which AyAj; is diagonal, the squark mass matrix is mps; =
VJL mZVy,. Note as before that Mgy = (WJr my Wy, )si = Wuy, W{}L%Amé, 50

we are interested in- mQ32 Now,

d_p d . o d ) cd d
amé = C—l—t-(VULmé Vu,) = (dt VUL) m%Vy, + Vi, amé Vo, + Vi, m} dtVU”
~2* d 2*

The second term is the analogue of what we have already seen in the lepton and

right-handed quark sector; using the RGE for mQ we find to leading order
Vi Lmzv A2 4+ 22)m 418
ULEmQUL:B. (A7 + Af)mds;. (A.18)
Now, VJL;%VUL is obtained from the RGE for ,\U,\L. Actually, note that

d d - d_
VJL (dt'\UAU) W, = [VUTLEVUL,A?J] + %A%, (A.19)
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so that only [VJL‘%VUL,:\?J] is determined. (This is a reflection of the fact that
Vy, is not unique: let X(¢) be any unitary transformation leaving mij(t) invariant:
mj(t) = X1(¢)mp (¢) X (t). In oﬁr case, X (t) is most generally a U(2) matrix in the
first two generation subspace. Then, if Vi;, diagonalizes mé*, so does Vy, X. Under
this change, VJL%VUL is not invariant, but [VJL%VUL,:\ZU] is invariant). Further,
since we neglect first two generations Yukawa eigenvalues, [VJL 2 Vy,,AGli; = 0 for
., j = 1,2, and only [V} £Vir,, 33 ]sis) = (;c)AfVJLd%VJmm is determined, and we

can choose all other components of V! iV[} to vanish. From the RGE for ,\U,\T ,
p UL dt L U

d 16 13
Z(0al) = 600Ah)’ + 2B Trdval — 565 — 3¢5 — 91 awAb

3 15
+ {AvAl, Apab, (A.20)
we find
1 d t 32 32 /1
VUL(a’\UAU)VUL = {At, VkmMAD Vi ar)si
3i
= /\?)‘ZVI\"M%VII'M&'? (A-21)
and thus
i d 217t
VU,_ aVULai = ’\bVKMSiVKM33' (A-22)
Thus to leading order
t .2 + d 2 y2 1 :
[VULmQVUL7 VUL d—tVUL]3i = AmQ A(; VI\"M31’VI\"M33’ (A'23)

and finally we have

d
E(WUL:&:' W5L33Amé) = (/\t2 + /\g)WULsi Wlflm;,Asz + ’\ZVII’MSiVKM%AmZQ- (A'24)
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Similarly we find
d
EZ(WDL31' WBLg:; Am2Q) = (/\? + /\g)WDLS: WDL33 Asz + A?VII"M31VKM33Am2Q' (A’25)

We can formally solve the above equations, e.g.

t ’ + YK M:
W Wi, (Ms) = e (e ) s 4
ULS:' UL33 S AmQ(M )

W Wl}Lss(MG)’
(A.26)

and, to a good approximation, given that Wy, ,, does not scale very significantly,

we can replace

1% v Vi
/ dt'\} V’“M&M’/‘M“ ~ ] ————‘;’jM"'u’/‘f‘“”(MG). (A.27)
UL3: UL33 UL3|' ULss

So, an approximate solution of the RGE for Wy, , Wp, is

1+_AMW Q-VJ‘MQPL(MG )) Amzq(MG)

<12+Ib (
WULsi W[}LSS (Ms) e YL3i "ULs3 —A—n%_zQ_(—M—s—)_WDL‘B‘ WJLSS (MG)7

(A.28)

and similarly

vi
1+—A-M3-lwf\M33.(MG )) Asz(MG)

Ib+It<
Wi Wy (Ms) ~ L= B () P Vo (M)

(A.29)

The above results are in agreement with qualitative expectations; the extra
terms in the exponential of (A.28) and (A.29) are a reflection of the fact that the
bases in which AyA}; and A pAL are diagonal change with scale. For moderate tan 3,
however, we expect that the basis in which Ay}, is diagonal should not change with

scale, and in this limit the extra term drops out of (A.28).
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Appendix B

In this appendix, we consider the possibility that the soft supersymmetry
breaking trilinear A terms do not respect the .chiral symmetries of the Yukawa
ma.trix (65, 66]. Before beginning the discussion of radiative fermion masses in
this scenario, let us consider the constraints imposed on the form of the A matrix
by requiring the desired vacuum to be the global minimum of the potential. (The
extent to which this is a neccesity is discussed at the end of this appendix). Consider
the lepton sector for simplicity (identical arguments hold for the quark sector). Let
us wprk in a basis where the lepton Yukawa matrix is diagonal and has K zeros.
There are D-flat directions in field space where the right and left handed lepton fields
and the down type Higgs are nonzero. If we restrict ourselves to the K massless
generations., there are no quartic terms in the potential along the D-flat directions;
all we have are the cubic Alterms and the scalar masses. But, if the A terms are
non-zero in the K x K block of the massless generations, there will be directions
in field space where the cubic terms become indefinitely negative and cannot be

stabilized by the quadratic mass terms. This can only be avoided if the A terms are
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zero in the K x K block of the K massless generations. This constraint is in itself
quite powerful. For instance,'if K = 3, we must have that the A matrix is zero, and
the argument that one cannot generate any radiative masses goes through exactly
as in section 4.2. Next, let us consider the case K = 2. In this case, the A matrix
must bé zero in the upper 2 x 2 block. Note that we can make a rotation on the
first two’ genération scalars to make A;3, As; zero for either : = 1 or z = 2. Now, the
potential is no longer unbounded below, but there is still a local minimum along
the D-flat directions for the first two generations where both left and right handed
fields aquire VEV’s, breaking electric charge. We require that the energy of this
minimum is greater than that of the usual minimum, which is —2M%v?. For scalars
much heavier than (M Zv)% = 150 GeV, we can approximate this requirement by
demanding that the electric chgrge breaking minimum has energy greater than zero.
A straightforward calculation analogous to that in [67] then gives us the following

constraint, where we assume that all relevant scalars are degenerate with mass m:
1
§(|A33| + |Azi] + |Ais]) £ Asm. (B.1)

There are corrections to this inequality due to the fact that the true vacuum energy
is not zero but —3M%v?; still assuming m 2 150 GeV the correction takes the form:

1 1 M
3(Ass| + [Asil + | Ais]) S dam(1+ 5= —

). (B.2)

With these constraints in hand, we begin the phenomenological analysis. Sup-
pose that the scalar masses did not break the chiral symmetries of the Yukawa
matrix. Then, since one of Az 13, As223 can be chosen to be zero by rotations,
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one generation would remain massless to all orders of perturbation theory. Thus_,
in order to generate both generations radiatively, we must have that both the A
terms and the scalar ‘masses break the chiral symmetries of the Yukawa sector. In
the following, we consider the possibility that the A terms generate one mass ra-
diatively while the scalar masses generate the other mass. It is easy to see that
this is impossible in the lepton sector: the muon mass is too big to be generated
radiatively, and even if we could, we would generate too large a rate for 7 — p~y.

Moving on to the quark sector, we have four cases to consider:

(1) mgq from scalar masses and m; from A terms: In the mass insertion approx-
imation, assuming for simplicity that all scalars are degenerate with mass m, we
have in the large tanf limit

pM;
m2

Mg s

d Vd ggvd

m2 m?2

(

m; - 187

. Ag
From equation (B.1), however, we must have that (—13—322—11) S Zeoso
m m

ms _a, kM5 m} .
T—n—t,<V2 x 10 3(712—9);1—‘2’ (B.4)

which, even for m=100GeV, gives too small a value for m, by a factor of ~ 100.
(2) mq from A terms and m, from scalar masses: The same argument as in case

(1) suggests that the generated mass for my will be too small by a factor of ~ 10,

Perhaps this factor can be overcome for some choice of parameters. However, the

scalars are so light that the required mixing in the scalar mass matrix to generate

ms, together with the A terms responsible for mg, gives unacceptable contributions
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to K — K mixing, and, if there are CP-violating phases, even more unacceptable
contributions to e.

{(3) m, from scalar masses and m, from A terms: The general problem with
the up sector is that m. seems to be too heavy to be radiative. In the case we are
considering, we find analogously to equation (B.4)

Me <9 x 1073( 22 )( 2t
my; , m

)* (B.5)

m
and so to generate large enough m, we must again have fairly light squarks.

(4) m, from A terms and m, from scalar masses: In this case again it is difficult
to get a large enough mass for the charm. In analogy to equation (4.3.10) we have,
(in the limit where we decouple the first two generations, minimizing the super-GIM

cancellation and so maximizing the generated charm mass)

me 2a, A% 2

my 3r M;

¥ * * m;
X Wup 3, Wura Wu,33Wugrss I ( M_tz )-
g

(B.6)

The maximium value of Wy, ,, Wy, Wy, 3, Wu,3, consistent with the unitarity of

the W matrices is }1—. Then, we have

Mo <5y 10-30%
m¢ Mg

m
1 (W)- (B.7)
Recalling that I(1) = %, we see that, even with maximal mixing angles, the radiative
‘charm mass is too small or perhaps right on the edge. However, having such large
mixing in the left handed up 32 sector also implies large mixing in the left handed
down 32 sector, which violates the bounds from b — s+ unless the third generation

scalars are pushed above 1 TeV. This then makes it difficult to generate a large
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enough up mass, since the A term contribution is sﬁppressed by (2£)? from (B.1).

We find

| peot B 1.7TeV ,
+ LB LT, (B3)

m M;
=<2 =5¢ 29
x 1072 (—=)(1

my
which is also on the edge. Another difficulty with having such large 32 mixing is fhat
it disturbs the degeneracy between the scalar masses of the first two generations
for both left handed up and down squarks, and this could again give problems with
K — K mixing and e.

The above arguments certainly do not rule out the possibility of generating
both light generations radiatively; there may be regions of parameter space where
our rough bounds are evaded. Indeed, it may even be the case that requiring
the desi'red vacuum to have lower énergy than the charge breaking minima is not
necessary, perhaps the lifetime of the false vacuum can be long enough for the
universe to have stayed in it up to the present; this remains to be seen. However,
these arguments, together with the fact that for the A terms not to share the
same chiral symmetries as the Yukawa matrices we must entangle flavor symmetry
breaking and supersymmetry breaking, provide us with sufficient motivation to

restrict our detailed treatment to the scenario considered in this chapter.
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Appendix C

In [13, 14], the SUSY FCNC constraints are expressed in terms of the ratios

- of the off-diagonal scalar masses and the “universal squark or slepton masses”. For

example, the supersymmetric contribution to the B — B mixing is given by:!

a? 2 F |
AMEUSY = SerEs fEmp{(8%)2 L[—66fs(z) — 242 fo(z)]

+ (64, 2p[—66 () — 24 fo()

+ (85)10(85)Rr(~12fs(2) — 4562 fo(c)
+ (64,)2 pl1320 fo()] + (64,5, 1322 fo(<)]
+ (64)0r(85)re[228F5(2)),

where,

fe(z) = 6—(1_—1——;)—5(—61113: —18zlnz — z° 4+ 922 + 9z — 17),

1

fo(z) = 5(—1——__—17)—5(—6:1:2 Inz —6zlnz + 23+ 922 — 9z — 1)

1We use the notation and the formula in [13], corrected by [14]

156

(C.1)

(C.2)



~

are the Feynman loop intrgrals defined in [13], and
om
, (68)1r = — 9% and so on.

Demanding that each term is no bigger than the experimental value of AMp gives
the constraints on 6;-1]-. However, with large splitting in scalar masses of the first two
and the third generations, it is better to have constraints directly on the mixing
matrix elements because of the ambiguity of what Mj; should be. In this appehdix,
we will convert the constraints on §;; into constraints on the mixing matrix elements
W,; directly.

We assume degeneracy between the left-handed and the right-handed scalar
masses, and also the first two generation scalar masses (denoted by m;). To reduce
the number of parameters, we also assume that the relevant gaugino mass is de-
generate with the third generation scalar mass (denoted by ms). We also take the
chirality-changing scalar masses much smaller than the .chirality-conserving ones,
so that the eigenstates and eigenvalues are not disturbed significantly. Now we can

express the SUSY FCNC contributions by the mixing matrix elements and the two

~

parameters m3 and y = % For example, the first term in (C.1) becomes
3

2 m2 — m2 2 '~
= gf,";nnez(WD““( > m3)) [—66/6(y) + 24fe(y)]

216M2 3 m3
=% 2 (W, )y — DP(=66fu(y) + 24f(y) (C3)
216Mq? 3 B 131 6 -6 . .

Demanding it to be smaller the AMEXF gives the constraint on Wp,,;,

VRelWp, 2 < 227 [AMB (o e6fiy) + 2450 (C4)

a;fgV mp
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Similarly, we can obtain constraints on other mixing matrix elements from the other

terms. The constraints from B — B mixing are shown in Table C.1(a).

For K — K mixing, Arﬂ%L( RR),; can have two contributions. One comes from
the splitting between the first two generation scalar masses, Wp, Rm(m% — ml).
We can use the constraints in [13, 14] in this case because the first two generation
scalar masses have to be degenerate to a high degree and there is no ambiguity in
what Mj is. The other comes from the large splitting of the third generation scalar
mass, WBL(R)SzWDL(Rm(mf — m3). This part can be treated in the same way as in
the B — B mixing described above. The terms proportional to the left-right mass
insertions are a little more complicated because théy involve new integrals. These
terms are proportional to [m (A + utan 8)]2. For our purpose, we always work
in the large tan § scenario. Hence the corresponding constraints scale as HT";H%,
versus gz in the case of chirality-conserving terms. The results are listed in Table
C.1(b) for Amg and Table C.l(c) for e. The ¢’ parameter could put constraints on
NImWp, 2, Wby (pyoy | 20d | ImWp, y  Wpp, |- The first one is weaker than the
constraints from other places, the second one is enhanced by tan 8 and is listed in
Table C.1(d). The numbers are obtained by requiring its contribution to €' smaller
£han 3 x 1073

The mixing matrix elements Wp,, Ry, AT€ constrained by the b — sy decay.
The b — sv branching ratio has been measured to be (2.32+0.57 £ 0.35) x 10~* Hy

CLEO [68], which is consistent with the Standard Model prediction (2.8 + 0.8) x

10~4[69]. In supersymmetric models there are many other contributions. The gluino
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diagram contributions depend on the mixing matrix elements Wp L(ry3, SO they can
be used to constrain Wp,, R)ag* Unlike other contributions, the gluino diagrams give
significant contributions to both 5,0**bgF,, and 5go* by F,, operators. The former
can in;,erfere constructively or destructively with other contributions and theAlatter
. does not. In Table C.1(e) we list the constraints on Wp, ,, and Wp,, by requiring
that each gluino diagram alone does not exceed the Standard Model contribution.

The up mixing matrices Wy ’s are constrained by D — D mixing, and the results
are shown in Table C.1(f).

In the lepton sector, the most stringent constraints come from p — ey decay.
In the large tan 8 scenario in which we are interested, the amplitude of the dominant
contribution is given in Ref. [62]. Requiring that the rate does not exceed the ex-
perimental limit, B(g — ev) < 4.9 x107'1[54] give constraints on Wg, 5 .. Weg ),
which are shown in Table C.1(g). Because we are interested in generating m. by
radiative corrections which requires sizable mixing between the first and the third
generations, Wg,, )3y’ the 7 — pvy decay does not give stronger constraints on

WEL(n 1 than those from the g — ey decay.
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Table C.1

(a) Ampg
VY | VIReWp,35)?l | VIReWp, 3 Wbp 3l
2 1.0 x 1071 3.1x1072
3 6.5 x 1072 2.4 x 1072
5 4.9 x 1072 2.0 x 1072
(b) Amg
VI | VIR0, 5,W0, 5071 | VIReWD, 5,W0,5:Wn:Womssl | V/IRe(Wo, 3 Womar) 2T
2 4.7 x 1072 5.6 x 1073 7.4 x 1072
3 3.0 x 1072 4.2 x 1073 4.7 x 1072
5 2.2 x 1072 3.6 x 1073 3.7 x 1072
(c) €
VI | VIO(Wp,5,Wp, 521 | /MW, 3, W0, 5 Wb g2 Worstl | VMW, 3;Wona, I
2 3.7 x 1073 4.6 x 1074 6.0 x 1073
3 2.4 x 1073 3.4 x 1074 - 3.8x1073
5 1.8 x 1073 2.9 x 1074 3.0x1073
(d) €

2 1.4 x 103
3 7.7 x 10~
5 5.4 x 10~

.‘R



() b — sv

VY | Wb sl®

2 |69 x1072

3 [53x1072

5 | 4.7 %1072

(f) Ar}nD

VI | VIR0, 5:W0,51)71 | V/TREW, 5, W0 31 Woma Womsn] | v/ TREWer, 3 Wermsr 21
2 9.5 x 10-2 3.0x1072 3.9 x 10~
3 6.3 x 102 2.3 x 1072 2.5 x 1071
5 4.7 x 102 1.9 x 102 2.0 x 10~

(8) p— ey

\/g IWELZ;ZWELSII# IWELSZWERSII#

2 2.4 x 1073 2.2 x 1074

3 1.8 x 1073 - 1.3 x 10~*

5 1.6 x 10~2 1.0 x 104

Table C.1: Constraints on the fermion-sfermion flavor mixing matrix elements.

The reference values are taken as: 3 = M, = 500 GeV, p = 500 GeV, tan 8 = 60,

and \/y = %i- Same constraints also apply for L < R. The ones with # scale as

( ma )3(5003eV)( 60

500GeV tan B others scale as

ma )3( SOOEeV ),

), the one with @ scales as (z52

_m3
500GeV *
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