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Proposal for broad-range directional detection of light dark matter in cryogenic ice
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(Dated: November 28, 2024)

We propose hexagonal ice (H2O) as a new target for light dark matter (DM) direct detection. Ice,
a polar material, is suitable for single phonon detection through DM scattering for which we consider
light dark photon and light scalar mediator models. We report a rate sensitivity down to a DM
mass of ∼ keV, constituting a broader mass range than other promising candidates. We find bet-
ter sensitivity for near-term experimental thresholds from the presence of high-frequency phonons.
These advantages, and ice’s availability, make it highly promising for single-phonon detection.

New proposals for the direct detection of dark matter
(DM) have steadily pushed into the sub-GeV ‘light’ DM
range [1]. In particular, for DM masses in the kev-GeV
range, freeze-in DM scattering is well motivated through
both a light scalar mediator and a dark photon media-
tor [2, 3]. The smaller kinetic energy for this lower mass
DM motivates the exploration of low-energy excitations
in condensed matter systems as possible direct detection
channels [4]. Recent proposals for DM detection in crys-
tal targets include quasiparticle excitations ranging from
phonon and electron scattering in conventional semicon-
ductors [5, 6] to more exotic quantum materials such as
Dirac semimetals [7], and axions in topological insulators
and multiferroics [8–10].

Of these proposals for DM direct detection via quasi-
particle scattering, single phonon production presents a
promising detection scheme for several reasons [6, 11].
Typical optical phonons in crystals range from 10-100
meV, making them kinematically matched with sub-
MeV DM. Dark photon mediators can mix with stan-
dard model photons resulting in a coupling to optical
phonon modes in polar semiconductors. Furthermore,
common polar semiconductors (e.g. GaAs) have size-
able band gaps resulting in small screening. The in-
trinsic anisotropy of polar semiconductors allows for a
directional response giving signal discrimination based
on daily/annual modulation of the DM wind [12]. Im-
portantly, high-quality detector-grade crystals of a range
of polar semiconductors are readily available owing to
their use in microelectronics and quantum computing
(e.g. GaAs [6], SiC [13]), and phonon sensing technolo-
gies are steadily improving towards the low sensitivities
required for detection [14].

With the next generation of low-mass DM experiments
in planning, it remains to identify the best possible tar-
get material for each detection scheme. Previous work
addressed this at the DM-target interaction level by per-
forming a comparison of DM-phonon reach, isolating
materials-specific factors that optimize for low-mass sen-
sitivity and greatest cross section [15]. Beyond this, other
material factors for target selection should also be consid-

ered that take into account current synthesis/fabrication
capabilities and sensing constraints for near-term experi-
ments. While experimental thresholds for phonon sensing
continue to improve towards the single phonon excita-
tion regime (∼10-100 meV), near-term experiments with
larger thresholds could access higher energy responses.
For instance, beyond the single phonon excitation regime,
multiphonon responses can be accessed for DM scatter-
ing above the single phonon spectra though at a sup-
pressed rate [16]. However, an alternative approach to
this is to search for single phonon and other quasiparticle
responses that lie within the current sensing thresholds
(>100 meV).

In this paper, we propose cryogenic water ice (H2O)
as a particularly appealing target material for direct de-
tection of low-mass DM from single-phonon excitations.
We find that the mixed nature of bonding in H2O re-
sults in a broad range of phonon frequencies suitable for
both lower-mass detection, and for higher frequency sin-
gle phonon excitations that are within the range of cur-
rent sensing thresholds. Moreover, with the ubiquity and
long history of fabrication and characterization of solid
H2O, it can be readily fabricated as large single crystals
comprising earth-abundant (inexpensive) elements.

This paper is laid out as follows; we summarize the
calculation of spin-independent DM scattering for single
phonons and the features of ice H2O (specifically its XIh
polymorph) of relevance to DM-phonon interactions. We
then present our calculations of the reach for a light dark
photon mediator and a light scalar mediator with com-
parisons to best-performing targets for these DM mod-
els, and their calculated directional dependence. Finally
we discuss other material limiting considerations for tar-
get materials and prospects for its use for near-term and
next-generation DM detection.

First, we briefly summarize the formalism for calculat-
ing spin-independent DM scattering processes including
a light dark photon mediator and a light scalar media-
tor [17]. For a detector with target density ρT the total
rate per target mass is given by



2

R =
1

ρT

ρχ
mχ

∫
d3vfχ(v)Γ(v) (1)

where ρχ is the local DM energy density, mχ the DM
mass, and fχ(v) is the DM velocity distribution in the
lab frame which is modeled with a boosted Maxwell-
Boltzmann distribution 1. Γ(v) is the scattering rate per
nonrelativistic DM particle that is defined by an integral
over the momentum transfer q = p− p′ with initial DM
momentum p = mχv:

Γ(v) =
πσ̄

µ2

∫
d3q

(2π)3
(q0/q)

4S(q, ωq) (2)

Here, σ̄ is a model-dependent reference cross section

and we define σ̄ := µ2

π |M(q0)|2 with M the target-
independent 2 → 2 scattering matrix element (see the
Supplemental Material [19]). µ is the reduced mass of
an electron or nucleon and DM particle for light-dark-
photon or light-scalar-mediated scattering, respectively.
q0 is a reference momentum and S(q, ωq) the target-
dependent dynamic structure factor. For single phonon
excitations we recall the dynamical structure factor:

S(q, ωq) =

π

Ω

∑
ν

1

ων,k

∣∣∣∑
j

e−Wj(q)

√
mj

eiG·x0
j (Yj · ϵ∗ν,j,k)

∣∣∣2δ(ωq − ων,k)

(3)

where ωq = q · v− q2

2mχ
explicitly depends on the energy

deposition. The sums run over all phonon branches ν
and over all ions j in the primitive cell. The ionic masses
are mj with equilibrium positions x0

j and Ω is the prim-
itive cell volume. ϵν,j,k defines the phonon polarization
vectors. G is the reciprocal lattice vector that satisfies
G = q−k with k within the first Brillouin zone. DM cou-
plings come in with the model-specific Yj terms defined
below. In the continuum limit for k, the Debye-Waller
factor is given by

Wj(q) =
Ω

4mj

∑
ν

∫
1BZ

d3k

(2π)3
|q · ϵν,j,k|2

ων,k
. (4)

The materials-dependent quantities, namely the phonon
frequencies ων,k for branch ν and momentum k, and the
phonon polarization vectors ϵν,j,k, can be calculated us-
ing first-principles methods such as density functional
theory [20].

1 Due to Earth’s rotation the orientation of the incoming DM par-
ticles with regard to the target crystal changes over a day, which
leads to a directional modulation of the rate. We choose the
z axis in the crystal frame to be parallel to Earth’s velocity at
daytime t = 0 [18].

Finally, we consider two well-motivated models of light
DM, namely a kinematically mixed dark photon and a
light scalar mediator [6]. In the former case, the stan-
dard model photon kinematically mixes with the dark
photon owing to their same quantum numbers, resulting
in ‘millicharged’ DM under U(1) of the standard model.
In the q → 0 limit valid for light DM scattering [17], Yj

is given by

Yj,dark photon = − q2

q · ε∞ · q (q · Z∗
j ) (5)

where ε∞ is the high-frequency dielectric tensor and Z∗
j

is the Born effective charge tensor of the jth atom in
the unit cell, both of which can be calculated using first-
principles methods. We also consider DM that only cou-
ples to nucleons via a light scalar mediator with identical
coupling for proton and neutron. The now scalar-valued
Yj is given by

Yj,hadrophilic scalar = AjFNj
(q) (6)

with Aj the atomic mass number and FNj
an isotropic

nuclear form factor of the jth atom, respectively. The
derivation of (6) is valid for the q → 0 limit, which is
fulfilled for the single phonon excitation regime. Further,
for this type of scattering FNj

can be set to one.
The pervasiveness of liquid and solid H2O has gener-

ated extensive studies of the phase diagram of ice. So
far, 20 polymorphs of crystalline H2O have been iden-
tified under various conditions of temperature and pres-
sure, with the most recent, ice XIX reported in 2021 [21].
Common to all of these is the local atomic-scale arrange-
ment of hydrogen atoms in bonded units that fulfil the
‘Bernal-Fowler ice rules’: each oxygen forms a covalent
bond with two hydrogens and a weaker van der Waals
bond with two other hydrogens [22]. Since each oxygen
is also shared between two hydrogen atoms, this results in
an average oxygen bonding environment comprising ‘two-
in’ (strong) and ‘two-out’ (weak) bonds with hydrogen.
Such an atomic arrangement is geometrically frustrated
on a tetrahedral lattice [23], resulting in disordered rel-
ative arrangements of the strong and weak bonding net-
works known as proton disorder. Common ice (Ih) forms
such a hydrogen-disordered network of H-O-H bonds at
ambient pressure, giving rise to a residual entropy as first
predicted by Pauling [24].
However, spontaneous ordering of the hydrogen net-

works can occur on cooling, or by the introduction of a
dopant to overcome the kinetic barrier to ordering. For
example KOH doping of Ih results in the formation of
a fully ordered phase of hexagonal ice, XIh below ∼ 72
K [25, 26]. In fact, the hydrogen ordering in the XIh
structure gives it a net dipole moment, making it po-
tentially ferroelectric [27]. Since XIh is the stable form
of ice at ambient pressures, and can be synthesized in its
ordered form, we focus on this polymorph for the remain-
ing discussion, noting, however, that other structures of
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Fig. 1: (a) Primitive unit cell of hexagonal ice XIh and its first Brillouin zone with high-symmetry points labeled.
(b) Calculated phonon band structure for hexagonal ice XIh. The cartoons on the right hand side show the
movement of ions for three selected phonon modes representative of the types of optical phonon modes in ice:

translational modes (bottom), libration/bending (middle), and stretch (top).

ice should have comparable DM reach for single phonon-
based detection owing to their similar bonding networks.
We also considered heavy ice D2O XIh but we did not
find a significant difference to H2O (results reported in
the Supplemental Material).

We now present our density functional theory (DFT)
calculations of the structural and phonon properties of
ice XIh. The full calculation details can be found in the
Supplemental Material. With its combination of covalent
bonding, hydrogen bonding, and van der Waals bonding,
the challenge of treating ice H2O with DFT function-
als has been explored extensively [28]. We benchmark
our choice of exchange correlation functional for accurate
structural and vibrational properties. Consistent with
previous work [29], we find that the van der Waals cor-
rected nonlocal functional (optPBE-vdw) of Klimeš et al.
performs best [30, 31], resulting in the lattice constants

a = 4.470 Å and c = 7.212 Å. This corresponds to 0.6%
and 1.5% deviation from experimental measurements at
T = 2K [32].

In Fig. 1(b) we plot the calculated phonon dispersion
for ice XIh. All polymorphs of ice exhibit a large range
of phonon frequencies as a result of the varied nature
of bonding in H2O crystals [33–35]. The low-energy op-
tical phonon range is made up of ‘translational’ modes
where individual H2O molecules behave as atomlike clus-
ters, and vibrate with respect to one another. Such
low-frequency phonon modes are common in molecular
crystals such as H2O where molecular units are weakly
bonded to each other to form the crystal network [36].
The next highest energy set of phonon modes corre-
sponds to libration and bending of H-O bonds, with the
highest-frequency range caused by the stretching of the
O-H bond. As the lightest element in the periodic table,
hydrogen sets an upper limit on the range of these high-
frequency stretch modes that can be found in a material.

We present our calculated reach for light-dark-photon-
mediated scattering of single phonons in ice XIh in Fig. 2,
including comparisons to top-performing targets previ-
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Freeze - In

Fig. 2: Projected reach for light-dark-photon-mediated
DM scattering via single phonon excitations with
1kg-year exposure and no background. Solid,

long-dashed and dashed lines refer to a 1meV, 20meV
and 100meV detector threshold. For comparison,

additional reach data [15] are shown. Stellar constraints
from red giants (RG) and the horizontal branch (HB)
are taken from [37], the freeze-in as referenced in [15].

ously studied [15]. All DM reach calculations were per-
formed with the code PhonoDark [38, 39] and our own
DFT calculations. The reach of ice XIh extends further
into both the low-mass DM range (well into the con-
strained regions) and has better reach in the high-mass
DM range than any other previously suggested single tar-
get material. To understand the exceptionally broadband
sensitivity of ice XIh, we evaluate its performance with
respect to our previously suggested quality factors for
dark photon mediators in the high- and low-frequency
phonon ranges [15]. The lowest DM mass accessible is
determined by the energy of the lowest-frequency optical
mode where mχ ∼ 1

3ω
min
0 × 106, suggesting that materi-

als with low-lying optical phonons such as CsI (ωmin
0 ∼ 7

meV) have the best low-mass reach. In our case, the



4

van der Waals bonded molecular units also have very low
lying optical modes (ωmin

0 ∼ 6 meV), making ice XIh op-
timal for the low-mass DM range. We expect all similar
molecular crystals with such low-frequency translational
phonon modes to have competitive reach for low-mass
DM.

For the high-mass range, a quality factor, Q, is defined
as [15]:

Q ≡ Z∗2

A1A2ε2∞

(
meV

ωLO

)
(7)

where Z∗ are the Born effective charges, A1, A2 are the
atomic masses, ε∞ is the high-frequency dielectric con-
stant, and ωLO is the longitudinal optical phonon fre-
quency. A high Q corresponds to better reach in the
high-mass DM regime. We calculate each of these values
for ice XIh using DFT, with the full set of results given in
the Supplemental Material. The best performing materi-
als previously proposed include LiF with Q = 270×10−7

and SiO2 with Q = 200 × 10−7. For ice XIh, we find
Q = 533 × 10−7 for its highest-frequency stretch modes
(>375 meV), steadily increasing for lower-frequency ωLO

clusters. The substantially enhanced Q of ice XIh in the
high-mass range is due to the low masses of hydrogen and
oxygen. This optimized reach is dominated by hydrogen’s
extremely low mass, despite these small masses also re-
sulting in higher frequency phonon modes. However, this
quality factor does not take the detection threshold into
account which is especially important for near-term ex-
periments. We conclude that for optimal high-mass DM
single-phonon-based detection with dark photon medi-
ators, chemistries that include light elements such as H
and He, and especially H-H bonds, will give the best reach
in the high-mass range owing to their high-frequency sin-
gle phonon modes. In the low-mass range, we find that
both compounds containing heavy elements and molec-
ular crystals that possess low-frequency optical phonon
modes will give the best sensitivity. With ice combin-
ing both of these properties (molecular units and H-H
bonds), it displays better sensitivity for dark photon me-
diators than previously suggested targets across a broad
range of DM masses with CsI being the only exception
for a very small low-mass range (Fig. 2).

The reach for light-hadrophilic-scalar-mediated scat-
tering of single phonons in ice XIh is plotted in Fig. 3
for several detector thresholds, and compared to previ-
ous top candidates from Ref. [15]. For the light scalar
mediator, we also find that ice XIh has broadband sen-
sitivity for both low- and high-mass DM. Looking at the
reach curves, we find a competition between which of di-
amond or ice is favorable for different mass ranges and
thresholds. For all thresholds considered, we find that
ice has sensitivity to lower masses than diamond, which
become comparable by a threshold of 100 meV. In the
low mass range, the lowest DM mass sensitivity is gen-
erally governed by ωmin/cs where ωmin is the detector

<latexit sha1_base64="brRfdQ6OJm40qm2IPdZrHH1liEI=">AAAB63icbVBNS8NAEJ3Ur1q/qh69LBbBU0m0qMeCF48V7Ae0sWy2m3bp7ibsboQS+he8eFDEq3/Im//GTZqDtj4YeLw3w8y8IOZMG9f9dkpr6xubW+Xtys7u3v5B9fCoo6NEEdomEY9UL8CaciZp2zDDaS9WFIuA024wvc387hNVmkXywcxi6gs8lixkBJtM8tzHy2G15tbdHGiVeAWpQYHWsPo1GEUkEVQawrHWfc+NjZ9iZRjhdF4ZJJrGmEzxmPYtlVhQ7af5rXN0ZpURCiNlSxqUq78nUiy0nonAdgpsJnrZy8T/vH5iwhs/ZTJODJVksShMODIRyh5HI6YoMXxmCSaK2VsRmWCFibHxVGwI3vLLq6RzUfeu6o37Rq3pFnGU4QRO4Rw8uIYm3EEL2kBgAs/wCm+OcF6cd+dj0Vpyiplj+APn8wcMxo2L</latexit>

103
<latexit sha1_base64="wJHeRL5KNC6xR2HXoQCLwkeemXc=">AAAB63icbVBNSwMxEJ31s9avqkcvwSJ4Klkp6rHgxWMF+wHtWrJptg1NskuSFcrSv+DFgyJe/UPe/Ddm2z1o64OBx3szzMwLE8GNxfjbW1vf2NzaLu2Ud/f2Dw4rR8dtE6eashaNRay7ITFMcMVallvBuolmRIaCdcLJbe53npg2PFYPdpqwQJKR4hGnxOaSjx/rg0oV1/AcaJX4BalCgeag8tUfxjSVTFkqiDE9Hyc2yIi2nAo2K/dTwxJCJ2TEeo4qIpkJsvmtM3TulCGKYu1KWTRXf09kRBozlaHrlMSOzbKXi/95vdRGN0HGVZJapuhiUZQKZGOUP46GXDNqxdQRQjV3tyI6JppQ6+IpuxD85ZdXSfuy5l/V6vf1agMXcZTgFM7gAny4hgbcQRNaQGEMz/AKb570Xrx372PRuuYVMyfwB97nDw5KjYw=</latexit>

104
<latexit sha1_base64="s8Cf8mwxxwqTKgNMy8lOvfFuRKc=">AAAB63icbVDLSsNAFL2pr1pfVZduBovgqiRSH8uCG5cV7APaWCbTSTt0ZhJmJkIJ/QU3LhRx6w+582+cpFlo64ELh3Pu5d57gpgzbVz32ymtrW9sbpW3Kzu7e/sH1cOjjo4SRWibRDxSvQBrypmkbcMMp71YUSwCTrvB9Dbzu09UaRbJBzOLqS/wWLKQEWwyyXMfL4fVmlt3c6BV4hWkBgVaw+rXYBSRRFBpCMda9z03Nn6KlWGE03llkGgaYzLFY9q3VGJBtZ/mt87RmVVGKIyULWlQrv6eSLHQeiYC2ymwmehlLxP/8/qJCW/8lMk4MVSSxaIw4chEKHscjZiixPCZJZgoZm9FZIIVJsbGU7EheMsvr5LORd27qjfuG7WmW8RRhhM4hXPw4BqacActaAOBCTzDK7w5wnlx3p2PRWvJKWaO4Q+czx8Pzo2N</latexit>

105
<latexit sha1_base64="7e+L7j5DzIYaeAuQJpbXMCA7ct4=">AAAB63icbVBNS8NAEJ3Ur1q/qh69LBbBU0mkVI8FLx4r2A9oY9lsN+3S3U3Y3Qgl9C948aCIV/+QN/+NmzQHbX0w8Hhvhpl5QcyZNq777ZQ2Nre2d8q7lb39g8Oj6vFJV0eJIrRDIh6pfoA15UzSjmGG036sKBYBp71gdpv5vSeqNIvkg5nH1Bd4IlnICDaZ5LmPzVG15tbdHGideAWpQYH2qPo1HEckEVQawrHWA8+NjZ9iZRjhdFEZJprGmMzwhA4slVhQ7af5rQt0YZUxCiNlSxqUq78nUiy0novAdgpspnrVy8T/vEFiwhs/ZTJODJVkuShMODIRyh5HY6YoMXxuCSaK2VsRmWKFibHxVGwI3urL66R7Vfea9cZ9o9ZyizjKcAbncAkeXEML7qANHSAwhWd4hTdHOC/Ou/OxbC05xcwp/IHz+QMRUo2O</latexit>

106
<latexit sha1_base64="hSyavY5z911pmklSznF9orF4/dc=">AAAB63icbVBNS8NAEJ3Ur1q/qh69LBbBU0mkWI8FLx4r2A9oY9lsN+3S3U3Y3Qgl9C948aCIV/+QN/+NmzQHbX0w8Hhvhpl5QcyZNq777ZQ2Nre2d8q7lb39g8Oj6vFJV0eJIrRDIh6pfoA15UzSjmGG036sKBYBp71gdpv5vSeqNIvkg5nH1Bd4IlnICDaZ5LmPzVG15tbdHGideAWpQYH2qPo1HEckEVQawrHWA8+NjZ9iZRjhdFEZJprGmMzwhA4slVhQ7af5rQt0YZUxCiNlSxqUq78nUiy0novAdgpspnrVy8T/vEFiwhs/ZTJODJVkuShMODIRyh5HY6YoMXxuCSaK2VsRmWKFibHxVGwI3urL66R7Vfeu6437Rq3lFnGU4QzO4RI8aEIL7qANHSAwhWd4hTdHOC/Ou/OxbC05xcwp/IHz+QMS1o2P</latexit>

107
<latexit sha1_base64="pfCxfb7B8AypJd5hHQ5CRBzyAos=">AAAB63icbVBNS8NAEJ3Ur1q/oh69LBbBU0mkaI8FLx4r2A9oY9lsN+3S3U3Y3Qgl9C948aCIV/+QN/+NmzYHbX0w8Hhvhpl5YcKZNp737ZQ2Nre2d8q7lb39g8Mj9/iko+NUEdomMY9VL8SaciZp2zDDaS9RFIuQ0244vc397hNVmsXywcwSGgg8lixiBJtc8r3HxtCtejVvAbRO/IJUoUBr6H4NRjFJBZWGcKx13/cSE2RYGUY4nVcGqaYJJlM8pn1LJRZUB9ni1jm6sMoIRbGyJQ1aqL8nMiy0nonQdgpsJnrVy8X/vH5qokaQMZmkhkqyXBSlHJkY5Y+jEVOUGD6zBBPF7K2ITLDCxNh4KjYEf/XlddK5qvnXtfp9vdr0ijjKcAbncAk+3EAT7qAFbSAwgWd4hTdHOC/Ou/OxbC05xcwp/IHz+QMUWo2Q</latexit>

108
<latexit sha1_base64="eIw2BWdIPp7pGWRXcGnA2CO4fPo=">AAAB63icbVDLSsNAFL2pr1pfVZduBovgqiRSfOwKblxWsA9oY5lMJ+3QmUmYmQgl9BfcuFDErT/kzr9xkmahrQcuHM65l3vvCWLOtHHdb6e0tr6xuVXeruzs7u0fVA+POjpKFKFtEvFI9QKsKWeStg0znPZiRbEIOO0G09vM7z5RpVkkH8wspr7AY8lCRrDJJM99vBlWa27dzYFWiVeQGhRoDatfg1FEEkGlIRxr3ffc2PgpVoYRTueVQaJpjMkUj2nfUokF1X6a3zpHZ1YZoTBStqRBufp7IsVC65kIbKfAZqKXvUz8z+snJrz2UybjxFBJFovChCMToexxNGKKEsNnlmCimL0VkQlWmBgbT8WG4C2/vEo6F3Xvst64b9SabhFHGU7gFM7Bgytowh20oA0EJvAMr/DmCOfFeXc+Fq0lp5g5hj9wPn8AFd6NkQ==</latexit>

109
<latexit sha1_base64="gup7ac3qJaGCUWhJVCPg+l/d7ZY=">AAAB7nicbVDLSgNBEOyNrxhfUY9eBoPgKcyKqMeAF48RzAOSNcxOJsmQ2dllplcISz7CiwdFvPo93vwbJ8keNLGgoajqprsrTJS0SOm3V1hb39jcKm6Xdnb39g/Kh0dNG6eGiwaPVWzaIbNCSS0aKFGJdmIEi0IlWuH4dua3noSxMtYPOElEELGhlgPJGTqp5dPHzKfTXrlCq3QOskr8nFQgR71X/ur2Y55GQiNXzNqOTxMMMmZQciWmpW5qRcL4mA1Fx1HNImGDbH7ulJw5pU8GsXGlkczV3xMZi6ydRKHrjBiO7LI3E//zOikOboJM6iRFofli0SBVBGMy+530pREc1cQRxo10txI+YoZxdAmVXAj+8surpHlR9a+ql/eXlRrN4yjCCZzCOfhwDTW4gzo0gMMYnuEV3rzEe/HevY9Fa8HLZ47hD7zPHz2Ajs8=</latexit>

1010

<latexit sha1_base64="RoBpsSybV/MDFSnrF+HBqQEYv6U=">AAAB73icbVDLSgNBEOyNrxhfUY9eBoPgxbArwcct4MVjBPOAZA2zk04yZHZ2nZkVwpKf8OJBEa/+jjf/xkmyB00saCiquunuCmLBtXHdbye3srq2vpHfLGxt7+zuFfcPGjpKFMM6i0SkWgHVKLjEuuFGYCtWSMNAYDMY3Uz95hMqzSN5b8Yx+iEdSN7njBortTz3IT2rXE+6xZJbdmcgy8TLSAky1LrFr04vYkmI0jBBtW57bmz8lCrDmcBJoZNojCkb0QG2LZU0RO2ns3sn5MQqPdKPlC1pyEz9PZHSUOtxGNjOkJqhXvSm4n9eOzH9Kz/lMk4MSjZf1E8EMRGZPk96XCEzYmwJZYrbWwkbUkWZsREVbAje4svLpHFe9i7KlbtKqepmceThCI7hFDy4hCrcQg3qwEDAM7zCm/PovDjvzse8NedkM4fwB87nD7qkjxI=</latexit>

10�49

<latexit sha1_base64="TYk+F9964CJ+0ssMDQjxUUoU9L8=">AAAB73icbVDLSgNBEOyNrxhfUY9eBoPgxbArIXoMePEYwTwgWcPspJMMmZ1dZ2aFsOQnvHhQxKu/482/cZLsQRMLGoqqbrq7glhwbVz328mtrW9sbuW3Czu7e/sHxcOjpo4SxbDBIhGpdkA1Ci6xYbgR2I4V0jAQ2ArGNzO/9YRK80jem0mMfkiHkg84o8ZKbc99SC8q1WmvWHLL7hxklXgZKUGGeq/41e1HLAlRGiao1h3PjY2fUmU4EzgtdBONMWVjOsSOpZKGqP10fu+UnFmlTwaRsiUNmau/J1Iaaj0JA9sZUjPSy95M/M/rJGZw7adcxolByRaLBokgJiKz50mfK2RGTCyhTHF7K2EjqigzNqKCDcFbfnmVNC/LXrVcuauUam4WRx5O4BTOwYMrqMEt1KEBDAQ8wyu8OY/Oi/PufCxac042cwx/4Hz+ALYVjw8=</latexit>

10�46

<latexit sha1_base64="byTMsju6IdE2CAN+fm7L3rYrEJc=">AAAB73icbVDLSgNBEOyNrxhfUY9eBoPgxbCrQT0GvHiMYB6QrGF20kmGzM6uM7NCWPITXjwo4tXf8ebfOEn2oIkFDUVVN91dQSy4Nq777eRWVtfWN/Kbha3tnd294v5BQ0eJYlhnkYhUK6AaBZdYN9wIbMUKaRgIbAajm6nffEKleSTvzThGP6QDyfucUWOlluc+pGeVi0m3WHLL7gxkmXgZKUGGWrf41elFLAlRGiao1m3PjY2fUmU4EzgpdBKNMWUjOsC2pZKGqP10du+EnFilR/qRsiUNmam/J1Iaaj0OA9sZUjPUi95U/M9rJ6Z/7adcxolByeaL+okgJiLT50mPK2RGjC2hTHF7K2FDqigzNqKCDcFbfHmZNM7L3mW5clcpVd0sjjwcwTGcggdXUIVbqEEdGAh4hld4cx6dF+fd+Zi35pxs5hD+wPn8AbGGjww=</latexit>

10�43

<latexit sha1_base64="a7VAGQeLRgkgupAkL+52I4pCf+8=">AAAB73icbVBNSwMxEJ31s9avqkcvwSJ4sWSlqMeCF48V7Ae0a8mm2TY0m6xJVihL/4QXD4p49e9489+YtnvQ1gcDj/dmmJkXJoIbi/G3t7K6tr6xWdgqbu/s7u2XDg6bRqWasgZVQul2SAwTXLKG5VawdqIZiUPBWuHoZuq3npg2XMl7O05YEJOB5BGnxDqp7eOH7LyKJ71SGVfwDGiZ+DkpQ456r/TV7SuaxkxaKogxHR8nNsiItpwKNil2U8MSQkdkwDqOShIzE2Szeyfo1Cl9FCntSlo0U39PZCQ2ZhyHrjMmdmgWvan4n9dJbXQdZFwmqWWSzhdFqUBWoenzqM81o1aMHSFUc3crokOiCbUuoqILwV98eZk0Lyr+ZaV6Vy3XcB5HAY7hBM7AhyuowS3UoQEUBDzDK7x5j96L9+59zFtXvHzmCP7A+/wBrPePCQ==</latexit>

10�40

<latexit sha1_base64="m6sSrbf5jecqhdTXEzWRrr9ti5k=">AAAB73icbVDLSgNBEOz1GeMr6tHLYBC8GHY1GI8BLx4jmAcka5idTJIhs7PrTK8QlvyEFw+KePV3vPk3TpI9aGJBQ1HVTXdXEEth0HW/nZXVtfWNzdxWfntnd2+/cHDYMFGiGa+zSEa6FVDDpVC8jgIlb8Wa0zCQvBmMbqZ+84lrIyJ1j+OY+yEdKNEXjKKVWp77kJ5fVibdQtEtuTOQZeJlpAgZat3CV6cXsSTkCpmkxrQ9N0Y/pRoFk3yS7ySGx5SN6IC3LVU05MZPZ/dOyKlVeqQfaVsKyUz9PZHS0JhxGNjOkOLQLHpT8T+vnWD/2k+FihPkis0X9RNJMCLT50lPaM5Qji2hTAt7K2FDqilDG1HehuAtvrxMGhcl76pUvisXq24WRw6O4QTOwIMKVOEWalAHBhKe4RXenEfnxXl3PuatK042cwR/4Hz+ALYUjw8=</latexit>

10�37

<latexit sha1_base64="ItMolmool2YLz2Dv9TVRukQkhDc=">AAAB73icbVDLSgNBEOyNrxhfUY9eBoPgxbCrQT0GvHiMYB6QrGF20kmGzM6uM7NCWPITXjwo4tXf8ebfOEn2oIkFDUVVN91dQSy4Nq777eRWVtfWN/Kbha3tnd294v5BQ0eJYlhnkYhUK6AaBZdYN9wIbMUKaRgIbAajm6nffEKleSTvzThGP6QDyfucUWOlluc+pGcXlUm3WHLL7gxkmXgZKUGGWrf41elFLAlRGiao1m3PjY2fUmU4EzgpdBKNMWUjOsC2pZKGqP10du+EnFilR/qRsiUNmam/J1Iaaj0OA9sZUjPUi95U/M9rJ6Z/7adcxolByeaL+okgJiLT50mPK2RGjC2hTHF7K2FDqigzNqKCDcFbfHmZNM7L3mW5clcpVd0sjjwcwTGcggdXUIVbqEEdGAh4hld4cx6dF+fd+Zi35pxs5hD+wPn8AbGFjww=</latexit>

10�34

<latexit sha1_base64="dpfObABumRtIWW3GX4s+I1XfcGY=">AAAB73icbVDLSgNBEOyNrxhfUY9eBoPgxbCrQT0GvHiMYB6QrGF2MkmGzM6uM71CWPITXjwo4tXf8ebfOEn2oIkFDUVVN91dQSyFQdf9dnIrq2vrG/nNwtb2zu5ecf+gYaJEM15nkYx0K6CGS6F4HQVK3oo1p2EgeTMY3Uz95hPXRkTqHscx90M6UKIvGEUrtTz3IT278CbdYsktuzOQZeJlpAQZat3iV6cXsSTkCpmkxrQ9N0Y/pRoFk3xS6CSGx5SN6IC3LVU05MZPZ/dOyIlVeqQfaVsKyUz9PZHS0JhxGNjOkOLQLHpT8T+vnWD/2k+FihPkis0X9RNJMCLT50lPaM5Qji2hTAt7K2FDqilDG1HBhuAtvrxMGudl77JcuauUqm4WRx6O4BhOwYMrqMIt1KAODCQ8wyu8OY/Oi/PufMxbc042cwh/4Hz+AKz2jwk=</latexit>

10�31

<latexit sha1_base64="KF84Lel7zwEm+BvnkqXUCZe91W8=">AAAB/3icbVDLSgNBEJz1GeNrVfDiZTAIHiTsSlCPAS8eI5gHZJcwO+kkQ2YfzPSKYc3BX/HiQRGv/oY3/8ZJsgdNLGgoqrrp7goSKTQ6zre1tLyyurZe2Chubm3v7Np7+w0dp4pDnccyVq2AaZAigjoKlNBKFLAwkNAMhtcTv3kPSos4usNRAn7I+pHoCc7QSB37MOxkHh+IsXdG2x7CA2bQGPsdu+SUnSnoInFzUiI5ah37y+vGPA0hQi6Z1m3XSdDPmELBJYyLXqohYXzI+tA2NGIhaD+b3j+mJ0bp0l6sTEVIp+rviYyFWo/CwHSGDAd63puI/3ntFHtXfiaiJEWI+GxRL5UUYzoJg3aFAo5yZAjjSphbKR8wxTiayIomBHf+5UXSOC+7F+XKbaVUdfI4CuSIHJNT4pJLUiU3pEbqhJNH8kxeyZv1ZL1Y79bHrHXJymcOyB9Ynz/2epYG</latexit>

m� [eV]

<latexit sha1_base64="9rOoh3+gk4FXqrAMst6TV0N2vYo=">AAACCHicbVC7SgNBFJ31GeMramnhYBAsJOyGoJYBG8sI5gHZNcxOJsmQmdll5q4Yli1t/BUbC0Vs/QQ7/8bJo9DEAxcO59zLvfeEseAGXPfbWVpeWV1bz23kN7e2d3YLe/sNEyWasjqNRKRbITFMcMXqwEGwVqwZkaFgzXB4Nfab90wbHqlbGMUskKSveI9TAlbqFI78kOjUN7wvSdZR2D/DbR/YA6RUZnfloFMouiV3ArxIvBkpohlqncKX341oIpkCKogxbc+NIUiJBk4Fy/J+YlhM6JD0WdtSRSQzQTp5JMMnVuniXqRtKcAT9fdESqQxIxnaTklgYOa9sfif106gdxmkXMUJMEWni3qJwBDhcSq4yzWjIEaWEKq5vRXTAdGEgs0ub0Pw5l9eJI1yyTsvVW4qxao7iyOHDtExOkUeukBVdI1qqI4oekTP6BW9OU/Oi/PufExbl5zZzAH6A+fzB3pPmZQ=</latexit> �̄
n

[c
m

2
]

<latexit sha1_base64="rBHXGttsHJ30W0dXiPHpX844Bgw=">AAAB9HicbVBNT8JAEJ3iF+IX6tHLRmriibTEqEcSL3gSE0ESaJrtsoUN223d3ZKQht/hxYPGePXHePPfuEAPCr5kkpf3ZjIzL0g4U9pxvq3C2vrG5lZxu7Szu7d/UD48aqs4lYS2SMxj2QmwopwJ2tJMc9pJJMVRwOljMLqZ+Y9jKhWLxYOeJNSL8ECwkBGsjeQ1bL9m36HOre0Pbb9ccarOHGiVuDmpQI6mX/7q9WOSRlRowrFSXddJtJdhqRnhdFrqpYommIzwgHYNFTiiysvmR0/RmVH6KIylKaHRXP09keFIqUkUmM4I66Fa9mbif1431eG1lzGRpJoKslgUphzpGM0SQH0mKdF8YggmkplbERliiYk2OZVMCO7yy6ukXau6l9WL+1ql7uRxFOEETuEcXLiCOjSgCS0g8ATP8Apv1th6sd6tj0VrwcpnjuEPrM8f6KaQMQ==</latexit>

H2O XIh
<latexit sha1_base64="B+taZbzR2Mw9h7mDCItuavZB8eM=">AAACAXicbVDLSsNAFJ3UV42vqBvBzWBTcFWSIuqyoIu6soJ9QBvCZDJph04mYWYilFA3/oobF4q49S/c+TdOHwttPXDhcM693HtPkDIqleN8G4WV1bX1jeKmubW9s7tn7R+0ZJIJTJo4YYnoBEgSRjlpKqoY6aSCoDhgpB0MryZ++4EISRN+r0Yp8WLU5zSiGCkt+dbRNUVxwkPTNMt126/at7BzY/sD27dKTsWZAi4Td05KYI6Gb331wgRnMeEKMyRl13VS5eVIKIoZGZu9TJIU4SHqk66mHMVEevn0gzEsayWEUSJ0cQWn6u+JHMVSjuJAd8ZIDeSiNxH/87qZii69nPI0U4Tj2aIoY1AlcBIHDKkgWLGRJggLqm+FeIAEwkqHZuoQ3MWXl0mrWnHPK2d31VLNmcdRBMfgBJwCF1yAGqiDBmgCDB7BM3gFb8aT8WK8Gx+z1oIxnzkEf2B8/gC9dJPP</latexit>

Diamond
<latexit sha1_base64="NA6qKHo4mvnODm1tenSfm2sJiho=">AAAB/XicbVDLSsNAFJ34rPEVHzs3g03BVUmKqMtCN+3KCvYBbQiT6aQdOpmEmYlQQ/FX3LhQxK3/4c6/cdpmoa0HLhzOuZd77wkSRqVynG9jbX1jc2u7sGPu7u0fHFpHx20ZpwKTFo5ZLLoBkoRRTlqKKka6iSAoChjpBOPazO88ECFpzO/VJCFehIachhQjpSXfOq3JhmmapbrtV+xb2G3Y/sj2raJTduaAq8TNSRHkaPrWV38Q4zQiXGGGpOy5TqK8DAlFMSNTs59KkiA8RkPS05SjiEgvm18/hSWtDGAYC11cwbn6eyJDkZSTKNCdEVIjuezNxP+8XqrCGy+jPEkV4XixKEwZVDGcRQEHVBCs2EQThAXVt0I8QgJhpQMzdQju8surpF0pu1fly7tKserkcRTAGTgHF8AF16AK6qAJWgCDR/AMXsGb8WS8GO/Gx6J1zchnTsAfGJ8/YdOR6g==</latexit>

CsI
<latexit sha1_base64="Ne6LcHrms6FYfS5iwqk63j+ylyY=">AAAB/HicbVDLSsNAFJ34rPEV7dLNYFNwVZIi6rLgpq6saB/QhjCZTtqhk0mYmQgh1F9x40IRt36IO//GaZuFth64cDjnXu69J0gYlcpxvo219Y3Nre3Sjrm7t39waB0dd2ScCkzaOGax6AVIEkY5aSuqGOklgqAoYKQbTK5nfveRCElj/qCyhHgRGnEaUoyUlnyrfE9N06w2bb9u38Leje2Pbd+qODVnDrhK3IJUQIGWb30NhjFOI8IVZkjKvuskysuRUBQzMjUHqSQJwhM0In1NOYqI9PL58VNY1coQhrHQxRWcq78nchRJmUWB7oyQGstlbyb+5/VTFV55OeVJqgjHi0VhyqCK4SwJOKSCYMUyTRAWVN8K8RgJhJXOy9QhuMsvr5JOveZe1M7v6pWGU8RRAifgFJwBF1yCBmiCFmgDDDLwDF7Bm/FkvBjvxseidc0oZsrgD4zPH9H4kZ0=</latexit>

Si
<latexit sha1_base64="7heJYjEnF9L1+XNT2MZYHl2bzNc=">AAACBXicbVC7TsMwFHV4lvAKMMJg0VRiqpKCgLGIpUwUiT6kNooc122tOk5kO0hV1IWFX2FhACFW/oGNv8FNM0DLka50fM698r0niBmVynG+jaXlldW19cKGubm1vbNr7e03ZZQITBo4YpFoB0gSRjlpKKoYaceCoDBgpBWMrqd+64EISSN+r8Yx8UI04LRPMVJa8q2jK2b7FfvW9k9t0zRLtewF2ze2P7R9q+iUnQxwkbg5KYIcdd/66vYinISEK8yQlB3XiZWXIqEoZmRidhNJYoRHaEA6mnIUEuml2RUTWNJKD/YjoYsrmKm/J1IUSjkOA90ZIjWU895U/M/rJKp/6aWUx4kiHM8+6icMqghOI4E9KghWbKwJwoLqXSEeIoGw0sGZOgR3/uRF0qyU3fPy2V2lWHXyOArgEByDE+CCC1AFNVAHDYDBI3gGr+DNeDJejHfjY9a6ZOQzB+APjM8fRI6T6g==</latexit>

Al2O3

Fig. 3: Projected reach for light-scalar-mediated DM
scattering via single phonon excitations with 1kg-year

exposure and no background. Solid, long-dashed,
dashed and dotted lines refer to a 1meV, 20meV,

100meV and 400meV detector threshold. Additional
reach data is taken from [15], light-colored lines show
the expected curve progression for scale ranges not

shown in the reference data.

threshold and cs is the material’s speed of sound. There-
fore, materials with higher cs such as diamond will have
the best sensitivity to lower-mass DM given low detec-
tor thresholds. We calculated the directional averaged
speed of sound of ice XIh to be 4376 ms−1 (details given
in the Supplemental Material), which is a factor of three
smaller than in diamond. However, for materials with
smaller cs the acoustic phonons can be kinematically in-
accessible, especially as the threshold increases to higher
energies. When this happens, the lowest DM sensitivity
is then set by the lowest optical phonon available. For
ice XIh we find that the minimum reachable DM mass
from kinematic considerations is ∼ 29 keV for a 1 meV
threshold, while the lowest optical phonon is 6 meV. This
manifests as a change in the slope as seen in Fig. 3 where
optical phonons, rather than acoustic phonons, dominate
the low mass response.

In the high-mass, high-threshold range (detector
threshold of 400 meV), we only include ice as it is the
only material with single phonons above ∼160 meV. We
note that the definition of σ̄n ∝ m−4

χ leads to the gener-
ally better reach at high masses [40].

Directional detection is a key way in distinguishing DM
events, in this case single phonon creation, from other
background signals. To address this we calculate the
daily modulation rate assuming that the z-axis of the
target crystal is aligned with the DM wind at t = 0.
Each rate is normalized to the average rate R̄ over one
day. For a dark photon mediator we find a strong mod-
ulation for a mass range of mχ = 104 − 105 eV (Fig. 4
(a)). We also find a significant daily modulation for the
scalar mediator case (Fig. 4 (b)), especially in the low 10



5
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<latexit sha1_base64="iY+ISvxkW7Oqdv6GtE9TGpke6+Q=">AAAB6nicbVDLSgNBEOyNrxhfUY9eBoMQL2E3iIqngBePEc0DkiXMTmaTIbOzy0yvEEI+wYsHRbz6Rd78GyfJHjSxoKGo6qa7K0ikMOi6305ubX1jcyu/XdjZ3ds/KB4eNU2casYbLJaxbgfUcCkUb6BAyduJ5jQKJG8Fo9uZ33ri2ohYPeI44X5EB0qEglG00kM5OO8VS27FnYOsEi8jJchQ7xW/uv2YpRFXyCQ1puO5CfoTqlEwyaeFbmp4QtmIDnjHUkUjbvzJ/NQpObNKn4SxtqWQzNXfExMaGTOOAtsZURyaZW8m/ud1Ugyv/YlQSYpcscWiMJUEYzL7m/SF5gzl2BLKtLC3EjakmjK06RRsCN7yy6ukWa14l5WL+2qpdpPFkYcTOIUyeHAFNbiDOjSAwQCe4RXeHOm8OO/Ox6I152Qzx/AHzucPihaNSg==</latexit>
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<latexit sha1_base64="VCwL3k6swd4w9GuIWISxDm6YdMU=">AAAB6HicbVBNS8NAEJ3Ur1q/qh69LBbBU0mKqMeCF48t2A9oQ9lsJ+3azSbsboQS+gu8eFDEqz/Jm//GbZuDtj4YeLw3w8y8IBFcG9f9dgobm1vbO8Xd0t7+weFR+fikreNUMWyxWMSqG1CNgktsGW4EdhOFNAoEdoLJ3dzvPKHSPJYPZpqgH9GR5CFn1Fip6Q7KFbfqLkDWiZeTCuRoDMpf/WHM0gilYYJq3fPcxPgZVYYzgbNSP9WYUDahI+xZKmmE2s8Wh87IhVWGJIyVLWnIQv09kdFI62kU2M6ImrFe9ebif14vNeGtn3GZpAYlWy4KU0FMTOZfkyFXyIyYWkKZ4vZWwsZUUWZsNiUbgrf68jpp16redfWqWavU3TyOIpzBOVyCBzdQh3toQAsYIDzDK7w5j86L8+58LFsLTj5zCn/gfP4Adf2MqQ==</latexit>
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<latexit sha1_base64="Mcrohcq+hD1LDzlbNgAXP5jn3zo=">AAAB5HicbVBNS8NAEJ3Urxq/qlcvi0XwVJIi1mPBi8cK9gPaUDbbSbt2swm7G6GE/gIvHhSv/iZv/hu3bQ7a+mDg8d4MM/PCVHBtPO/bKW1t7+zulffdg8Oj45OKe9rRSaYYtlkiEtULqUbBJbYNNwJ7qUIahwK74fRu4XefUWmeyEczSzGI6VjyiDNqrPRQH1aqXs1bgmwSvyBVKNAaVr4Go4RlMUrDBNW673upCXKqDGcC5+4g05hSNqVj7FsqaYw6yJeHzsmlVUYkSpQtachS/T2R01jrWRzazpiaiV73FuJ/Xj8z0W2Qc5lmBiVbLYoyQUxCFl+TEVfIjJhZQpni9lbCJlRRZmw2rg3BX395k3TqNf+mdl1tekUYZTiHC7gCHxrQhHtoQRsYILzAG7w7T86r87FqLDnFxBn8gfP5Aw9Xi4M=</latexit>
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<latexit sha1_base64="wWicbOHuqycY0LhgNkXqzDdVgXE=">AAAB6HicbVBNS8NAEJ34WetX1aOXxSJ4Kkkp6rHgxWML9gPaUDbbSbt2swm7G6GE/gIvHhTx6k/y5r9x2+agrQ8GHu/NMDMvSATXxnW/nY3Nre2d3cJecf/g8Oi4dHLa1nGqGLZYLGLVDahGwSW2DDcCu4lCGgUCO8Hkbu53nlBpHssHM03Qj+hI8pAzaqzUrA1KZbfiLkDWiZeTMuRoDEpf/WHM0gilYYJq3fPcxPgZVYYzgbNiP9WYUDahI+xZKmmE2s8Wh87IpVWGJIyVLWnIQv09kdFI62kU2M6ImrFe9ebif14vNeGtn3GZpAYlWy4KU0FMTOZfkyFXyIyYWkKZ4vZWwsZUUWZsNkUbgrf68jppVyvedaXWrJbrbh5HAc7hAq7Agxuowz00oAUMEJ7hFd6cR+fFeXc+lq0bTj5zBn/gfP4AfA2MrQ==</latexit>
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<latexit sha1_base64="/AdiW9vLwiFaa9nP+8TdxAP/CYk=">AAAB6HicbVBNS8NAEJ34WetX1aOXxSJ4KkmR6rHgxWML9gPaUDbbSbt2swm7G6GE/gIvHhTx6k/y5r9x2+agrQ8GHu/NMDMvSATXxnW/nY3Nre2d3cJecf/g8Oi4dHLa1nGqGLZYLGLVDahGwSW2DDcCu4lCGgUCO8Hkbu53nlBpHssHM03Qj+hI8pAzaqzUrA1KZbfiLkDWiZeTMuRoDEpf/WHM0gilYYJq3fPcxPgZVYYzgbNiP9WYUDahI+xZKmmE2s8Wh87IpVWGJIyVLWnIQv09kdFI62kU2M6ImrFe9ebif14vNeGtn3GZpAYlWy4KU0FMTOZfkyFXyIyYWkKZ4vZWwsZUUWZsNkUbgrf68jppVyterXLdrJbrbh5HAc7hAq7Agxuowz00oAUMEJ7hFd6cR+fFeXc+lq0bTj5zBn/gfP4AfxWMrw==</latexit>
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<latexit sha1_base64="aWZMCiek4XyrfqmfzyVCBosHkbU=">AAAB6HicbVBNS8NAEJ34WetX1aOXxSJ4KkkR7bHgxWML9gPaUDbbSbt2swm7G6GE/gIvHhTx6k/y5r9x2+agrQ8GHu/NMDMvSATXxnW/nY3Nre2d3cJecf/g8Oi4dHLa1nGqGLZYLGLVDahGwSW2DDcCu4lCGgUCO8Hkbu53nlBpHssHM03Qj+hI8pAzaqzUrA1KZbfiLkDWiZeTMuRoDEpf/WHM0gilYYJq3fPcxPgZVYYzgbNiP9WYUDahI+xZKmmE2s8Wh87IpVWGJIyVLWnIQv09kdFI62kU2M6ImrFe9ebif14vNWHNz7hMUoOSLReFqSAmJvOvyZArZEZMLaFMcXsrYWOqKDM2m6INwVt9eZ20qxXvpnLdrJbrbh5HAc7hAq7Ag1uowz00oAUMEJ7hFd6cR+fFeXc+lq0bTj5zBn/gfP4Agh2MsQ==</latexit>
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<latexit sha1_base64="GuyPomEPlJiFqUcwx/4Z1yfu+T4=">AAAB6XicbVBNS8NAEJ3Ur1q/qh69LBbBU0mKVI8FLx6r2A9oQ9lsN+3SzSbsToQS+g+8eFDEq//Im//GbZuDtj4YeLw3w8y8IJHCoOt+O4WNza3tneJuaW//4PCofHzSNnGqGW+xWMa6G1DDpVC8hQIl7yaa0yiQvBNMbud+54lrI2L1iNOE+xEdKREKRtFKD547KFfcqrsAWSdeTiqQozkof/WHMUsjrpBJakzPcxP0M6pRMMlnpX5qeELZhI54z1JFI278bHHpjFxYZUjCWNtSSBbq74mMRsZMo8B2RhTHZtWbi/95vRTDGz8TKkmRK7ZcFKaSYEzmb5Oh0JyhnFpCmRb2VsLGVFOGNpySDcFbfXmdtGtVr169uq9VGm4eRxHO4BwuwYNraMAdNKEFDEJ4hld4cybOi/PufCxbC04+cwp/4Hz+AOVWjOQ=</latexit>
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<latexit sha1_base64="/+OIgJ6/XlxWrRT256wpeUcIHrU=">AAAB6XicbVBNS8NAEJ3Ur1q/qh69LBbBU0mKVI8FLx6r2A9oQ9lsN+3SzSbsToQS+g+8eFDEq//Im//GbZuDtj4YeLw3w8y8IJHCoOt+O4WNza3tneJuaW//4PCofHzSNnGqGW+xWMa6G1DDpVC8hQIl7yaa0yiQvBNMbud+54lrI2L1iNOE+xEdKREKRtFKD15tUK64VXcBsk68nFQgR3NQ/uoPY5ZGXCGT1Jie5yboZ1SjYJLPSv3U8ISyCR3xnqWKRtz42eLSGbmwypCEsbalkCzU3xMZjYyZRoHtjCiOzao3F//zeimGN34mVJIiV2y5KEwlwZjM3yZDoTlDObWEMi3srYSNqaYMbTglG4K3+vI6adeqXr16dV+rNNw8jiKcwTlcggfX0IA7aEILGITwDK/w5kycF+fd+Vi2Fpx85hT+wPn8AehejOY=</latexit>

12
<latexit sha1_base64="liDSL4wxCezDIgtVY8z4V6ycNJ4=">AAAB6XicbVBNS8NAEJ3Ur1q/qh69LBbBU0lKUY8FLx6r2A9oQ9lsN+3SzSbsToQS+g+8eFDEq//Im//GbZuDtj4YeLw3w8y8IJHCoOt+O4WNza3tneJuaW//4PCofHzSNnGqGW+xWMa6G1DDpVC8hQIl7yaa0yiQvBNMbud+54lrI2L1iNOE+xEdKREKRtFKD159UK64VXcBsk68nFQgR3NQ/uoPY5ZGXCGT1Jie5yboZ1SjYJLPSv3U8ISyCR3xnqWKRtz42eLSGbmwypCEsbalkCzU3xMZjYyZRoHtjCiOzao3F//zeimGN34mVJIiV2y5KEwlwZjM3yZDoTlDObWEMi3srYSNqaYMbTglG4K3+vI6adeq3lW1fl+rNNw8jiKcwTlcggfX0IA7aEILGITwDK/w5kycF+fd+Vi2Fpx85hT+wPn8AetmjOg=</latexit>

14
<latexit sha1_base64="2qIZiNZ2rgshmoWWB8XJekCJCAM=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0mKVI8FLx4r2g9oQ9lsp+3SzSbsboQS+hO8eFDEq7/Im//GTZuDtj4YeLw3w8y8IBZcG9f9dgobm1vbO8Xd0t7+weFR+fikraNEMWyxSESqG1CNgktsGW4EdmOFNAwEdoLpbeZ3nlBpHslHM4vRD+lY8hFn1FjpwauXBuWKW3UXIOvEy0kFcjQH5a/+MGJJiNIwQbXueW5s/JQqw5nAeamfaIwpm9Ix9iyVNETtp4tT5+TCKkMyipQtachC/T2R0lDrWRjYzpCaiV71MvE/r5eY0Y2fchknBiVbLholgpiIZH+TIVfIjJhZQpni9lbCJlRRZmw6WQje6svrpF2revXq1X2t0nDzOIpwBudwCR5cQwPuoAktYDCGZ3iFN0c4L86787FsLTj5zCn8gfP5AyLyjP4=</latexit>

16
<latexit sha1_base64="chbbkHGhstGbqC3IwcCzk9O7rsk=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0mKaI8FLx4r2g9oQ9lsJ+3SzSbsboQS+hO8eFDEq7/Im//GbZuDtj4YeLw3w8y8IBFcG9f9dgobm1vbO8Xd0t7+weFR+fikreNUMWyxWMSqG1CNgktsGW4EdhOFNAoEdoLJ7dzvPKHSPJaPZpqgH9GR5CFn1FjpwauXBuWKW3UXIOvEy0kFcjQH5a/+MGZphNIwQbXueW5i/Iwqw5nAWamfakwom9AR9iyVNELtZ4tTZ+TCKkMSxsqWNGSh/p7IaKT1NApsZ0TNWK96c/E/r5easO5nXCapQcmWi8JUEBOT+d9kyBUyI6aWUKa4vZWwMVWUGZvOPARv9eV10q5Vvevq1X2t0nDzOIpwBudwCR7cQAPuoAktYDCCZ3iFN0c4L86787FsLTj5zCn8gfP5AyX8jQA=</latexit>
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<latexit sha1_base64="jj8cBjEPgY4Bz2tyVBnRZ+EzcD8=">AAAB6nicbVBNS8NAEJ34WetX1aOXxSJ4KkkR9Vjw4rGi/YA2lM120i7dbMLuRiihP8GLB0W8+ou8+W/ctDlo64OBx3szzMwLEsG1cd1vZ219Y3Nru7RT3t3bPzisHB23dZwqhi0Wi1h1A6pRcIktw43AbqKQRoHATjC5zf3OEyrNY/lopgn6ER1JHnJGjZUe6m55UKm6NXcOskq8glShQHNQ+eoPY5ZGKA0TVOue5ybGz6gynAmclfupxoSyCR1hz1JJI9R+Nj91Rs6tMiRhrGxJQ+bq74mMRlpPo8B2RtSM9bKXi/95vdSEN37GZZIalGyxKEwFMTHJ/yZDrpAZMbWEMsXtrYSNqaLM2HTyELzll1dJu17zrmqX9/Vqwy3iKMEpnMEFeHANDbiDJrSAwQie4RXeHOG8OO/Ox6J1zSlmTuAPnM8fG1qM+Q==</latexit>
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<latexit sha1_base64="cb5hckHj8IsMivQAw/YNrNnvv1k=">AAAB6XicbVBNS8NAEJ34WetX1aOXxSJ4KkkQ9Vjw4rGK/YA2lM120y7dbMLuRCih/8CLB0W8+o+8+W/ctjlo64OBx3szzMwLUykMuu63s7a+sbm1Xdop7+7tHxxWjo5bJsk0402WyER3Qmq4FIo3UaDknVRzGoeSt8Px7cxvP3FtRKIecZLyIKZDJSLBKFrpwff7lapbc+cgq8QrSBUKNPqVr94gYVnMFTJJjel6bopBTjUKJvm03MsMTykb0yHvWqpozE2Qzy+dknOrDEiUaFsKyVz9PZHT2JhJHNrOmOLILHsz8T+vm2F0E+RCpRlyxRaLokwSTMjsbTIQmjOUE0so08LeStiIasrQhlO2IXjLL6+Sll/zrmqX93617hZxlOAUzuACPLiGOtxBA5rAIIJneIU3Z+y8OO/Ox6J1zSlmTuAPnM8f6eOM5w==</latexit>
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<latexit sha1_base64="XUzKtlTZcEvwXn/wAcIS0zEFU7w=">AAAB/XicbVDJSgNBEO1xjXEbl5uXxiB4CjNB1GPAi8cIZoFkCD2dmkyTnoXuGmEMwV/x4kERr/6HN//GTjIHTXxQ8Hiviqp6fiqFRsf5tlZW19Y3Nktb5e2d3b19++CwpZNMcWjyRCaq4zMNUsTQRIESOqkCFvkS2v7oZuq3H0BpkcT3mKfgRWwYi0Bwhkbq28coIqBJQDEEOmA57YbK69sVp+rMQJeJW5AKKdDo21+9QcKzCGLkkmnddZ0UvTFTKLiESbmXaUgZH7EhdA2NWQTaG8+un9AzowxokChTMdKZ+ntizCKt88g3nRHDUC96U/E/r5thcO2NRZxmCDGfLwoySTGh0yjoQCjgKHNDGFfC3Ep5yBTjaAIrmxDcxZeXSatWdS+rF3e1St0p4iiRE3JKzolLrkid3JIGaRJOHskzeSVv1pP1Yr1bH/PWFauYOSJ/YH3+AGRrlH0=</latexit>

time of the day [hr]
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<latexit sha1_base64="CwHDwMZnviNYxjqXTzjtXCTIrjI=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0hKUY8FLx4r2g9oQ9lsN+3SzSbsToRS+hO8eFDEq7/Im//GbZuDtj4YeLw3w8y8MJXCoOd9O4WNza3tneJuaW//4PCofHzSMkmmGW+yRCa6E1LDpVC8iQIl76Sa0ziUvB2Ob+d++4lrIxL1iJOUBzEdKhEJRtFKD75b7ZcrnustQNaJn5MK5Gj0y1+9QcKymCtkkhrT9b0UgynVKJjks1IvMzylbEyHvGupojE3wXRx6oxcWGVAokTbUkgW6u+JKY2NmcSh7YwpjsyqNxf/87oZRjfBVKg0Q67YclGUSYIJmf9NBkJzhnJiCWVa2FsJG1FNGdp0SjYEf/XlddKquv6VW7uvVepeHkcRzuAcLsGHa6jDHTSgCQyG8Ayv8OZI58V5dz6WrQUnnzmFP3A+fwBUCo0g</latexit>

1.2

<latexit sha1_base64="g1g2mTlTTZ/dbrONilyALPbc+Iw=">AAAB6nicbVBNS8NAEJ34WetX1aOXxSJ4CokU9Vjw4rGi/YA2lM120y7dbMLuRCihP8GLB0W8+ou8+W/ctjlo64OBx3szzMwLUykMet63s7a+sbm1Xdop7+7tHxxWjo5bJsk0402WyER3Qmq4FIo3UaDknVRzGoeSt8Px7cxvP3FtRKIecZLyIKZDJSLBKFrpwXdr/UrVc705yCrxC1KFAo1+5as3SFgWc4VMUmO6vpdikFONgkk+Lfcyw1PKxnTIu5YqGnMT5PNTp+TcKgMSJdqWQjJXf0/kNDZmEoe2M6Y4MsveTPzP62YY3QS5UGmGXLHFoiiTBBMy+5sMhOYM5cQSyrSwtxI2opoytOmUbQj+8surpHXp+ldu7b5WrXtFHCU4hTO4AB+uoQ530IAmMBjCM7zCmyOdF+fd+Vi0rjnFzAn8gfP5A1cSjSI=</latexit>

1.4

<latexit sha1_base64="D29iUTfYxd8Rb/3N34KuHoKpeJk=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0mkVI8FLx4r2g9oQ9lsJ+3SzSbsboQS+hO8eFDEq7/Im//GbZuDtj4YeLw3w8y8IBFcG9f9dgobm1vbO8Xd0t7+weFR+fikreNUMWyxWMSqG1CNgktsGW4EdhOFNAoEdoLJ7dzvPKHSPJaPZpqgH9GR5CFn1FjpwavWB+WKW3UXIOvEy0kFcjQH5a/+MGZphNIwQbXueW5i/Iwqw5nAWamfakwom9AR9iyVNELtZ4tTZ+TCKkMSxsqWNGSh/p7IaKT1NApsZ0TNWK96c/E/r5ea8MbPuExSg5ItF4WpICYm87/JkCtkRkwtoUxxeythY6ooMzadkg3BW315nbSvql69WruvVRpuHkcRzuAcLsGDa2jAHTShBQxG8Ayv8OYI58V5dz6WrQUnnzmFP3A+fwBaGo0k</latexit>

1.6

<latexit sha1_base64="sgjDw9ZtRUiynoiMOmHnfOf/9T0=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0mkaI8FLx4r2g9oQ9lsJ+3SzSbsboQS+hO8eFDEq7/Im//GbZuDtj4YeLw3w8y8IBFcG9f9dgobm1vbO8Xd0t7+weFR+fikreNUMWyxWMSqG1CNgktsGW4EdhOFNAoEdoLJ7dzvPKHSPJaPZpqgH9GR5CFn1FjpwavWB+WKW3UXIOvEy0kFcjQH5a/+MGZphNIwQbXueW5i/Iwqw5nAWamfakwom9AR9iyVNELtZ4tTZ+TCKkMSxsqWNGSh/p7IaKT1NApsZ0TNWK96c/E/r5easO5nXCapQcmWi8JUEBOT+d9kyBUyI6aWUKa4vZWwMVWUGZtOyYbgrb68TtpXVe+6WruvVRpuHkcRzuAcLsGDG2jAHTShBQxG8Ayv8OYI58V5dz6WrQUnnzmFP3A+fwBdIo0m</latexit>

1.8

<latexit sha1_base64="Mvv3jG4uEAcWC/kZYZu8+n5D/lc=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0mkaI8FLx4r2g9oQ9lsJ+3SzSbsboQS+hO8eFDEq7/Im//GbZuDtj4YeLw3w8y8IBFcG9f9dgobm1vbO8Xd0t7+weFR+fikreNUMWyxWMSqG1CNgktsGW4EdhOFNAoEdoLJ7dzvPKHSPJaPZpqgH9GR5CFn1Fjpwa3WB+WKW3UXIOvEy0kFcjQH5a/+MGZphNIwQbXueW5i/Iwqw5nAWamfakwom9AR9iyVNELtZ4tTZ+TCKkMSxsqWNGSh/p7IaKT1NApsZ0TNWK96c/E/r5easO5nXCapQcmWi8JUEBOT+d9kyBUyI6aWUKa4vZWwMVWUGZtOyYbgrb68TtpXVe+6WruvVRpuHkcRzuAcLsGDG2jAHTShBQxG8Ayv8OYI58V5dz6WrQUnnzmFP3A+fwBbnI0l</latexit>

0.8

<latexit sha1_base64="hZsB70hwWmpikTqsaSTGH2OTsTo=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0hE1GPBi8eK9gPaUDbbSbt0swm7G6GE/gQvHhTx6i/y5r9x2+agrQ8GHu/NMDMvTAXXxvO+ndLa+sbmVnm7srO7t39QPTxq6SRTDJssEYnqhFSj4BKbhhuBnVQhjUOB7XB8O/PbT6g0T+SjmaQYxHQoecQZNVZ68F2vX615rjcHWSV+QWpQoNGvfvUGCctilIYJqnXX91IT5FQZzgROK71MY0rZmA6xa6mkMeogn586JWdWGZAoUbakIXP190ROY60ncWg7Y2pGetmbif953cxEN0HOZZoZlGyxKMoEMQmZ/U0GXCEzYmIJZYrbWwkbUUWZselUbAj+8surpHXh+lfu5f1lre4VcZThBE7hHHy4hjrcQQOawGAIz/AKb45wXpx352PRWnKKmWP4A+fzB1ECjR4=</latexit>

1.0

<latexit sha1_base64="CwHDwMZnviNYxjqXTzjtXCTIrjI=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0hKUY8FLx4r2g9oQ9lsN+3SzSbsToRS+hO8eFDEq7/Im//GbZuDtj4YeLw3w8y8MJXCoOd9O4WNza3tneJuaW//4PCofHzSMkmmGW+yRCa6E1LDpVC8iQIl76Sa0ziUvB2Ob+d++4lrIxL1iJOUBzEdKhEJRtFKD75b7ZcrnustQNaJn5MK5Gj0y1+9QcKymCtkkhrT9b0UgynVKJjks1IvMzylbEyHvGupojE3wXRx6oxcWGVAokTbUkgW6u+JKY2NmcSh7YwpjsyqNxf/87oZRjfBVKg0Q67YclGUSYIJmf9NBkJzhnJiCWVa2FsJG1FNGdp0SjYEf/XlddKquv6VW7uvVepeHkcRzuAcLsGHa6jDHTSgCQyG8Ayv8OZI58V5dz6WrQUnnzmFP3A+fwBUCo0g</latexit>

1.2

<latexit sha1_base64="g1g2mTlTTZ/dbrONilyALPbc+Iw=">AAAB6nicbVBNS8NAEJ34WetX1aOXxSJ4CokU9Vjw4rGi/YA2lM120y7dbMLuRCihP8GLB0W8+ou8+W/ctjlo64OBx3szzMwLUykMet63s7a+sbm1Xdop7+7tHxxWjo5bJsk0402WyER3Qmq4FIo3UaDknVRzGoeSt8Px7cxvP3FtRKIecZLyIKZDJSLBKFrpwXdr/UrVc705yCrxC1KFAo1+5as3SFgWc4VMUmO6vpdikFONgkk+Lfcyw1PKxnTIu5YqGnMT5PNTp+TcKgMSJdqWQjJXf0/kNDZmEoe2M6Y4MsveTPzP62YY3QS5UGmGXLHFoiiTBBMy+5sMhOYM5cQSyrSwtxI2opoytOmUbQj+8surpHXp+ldu7b5WrXtFHCU4hTO4AB+uoQ530IAmMBjCM7zCmyOdF+fd+Vi0rjnFzAn8gfP5A1cSjSI=</latexit>

1.4

<latexit sha1_base64="eYd4lKBuBXLANyLMgrEYFdvus2I=">AAAB8nicbVBNS8NAEJ3Ur1q/qh69LBbBU02kqMeCF4+1WFtIQ9lst+3SzSbsToQS+jO8eFDEq7/Gm//GbZuDtj4YeLw3w8y8MJHCoOt+O4W19Y3NreJ2aWd3b/+gfHj0aOJUM95isYx1J6SGS6F4CwVK3kk0p1EoeTsc38789hPXRsTqAScJDyI6VGIgGEUr+U1yQboh1Vlz2itX3Ko7B1klXk4qkKPRK391+zFLI66QSWqM77kJBhnVKJjk01I3NTyhbEyH3LdU0YibIJufPCVnVumTQaxtKSRz9fdERiNjJlFoOyOKI7PszcT/PD/FwU2QCZWkyBVbLBqkkmBMZv+TvtCcoZxYQpkW9lbCRlRThjalkg3BW355lTxeVr2rau2+Vqm7eRxFOIFTOAcPrqEOd9CAFjCI4Rle4c1B58V5dz4WrQUnnzmGP3A+fwAm2JB7</latexit> R
/R̄

<latexit sha1_base64="VCwL3k6swd4w9GuIWISxDm6YdMU=">AAAB6HicbVBNS8NAEJ3Ur1q/qh69LBbBU0mKqMeCF48t2A9oQ9lsJ+3azSbsboQS+gu8eFDEqz/Jm//GbZuDtj4YeLw3w8y8IBFcG9f9dgobm1vbO8Xd0t7+weFR+fikreNUMWyxWMSqG1CNgktsGW4EdhOFNAoEdoLJ3dzvPKHSPJYPZpqgH9GR5CFn1Fip6Q7KFbfqLkDWiZeTCuRoDMpf/WHM0gilYYJq3fPcxPgZVYYzgbNSP9WYUDahI+xZKmmE2s8Wh87IhVWGJIyVLWnIQv09kdFI62kU2M6ImrFe9ebif14vNeGtn3GZpAYlWy4KU0FMTOZfkyFXyIyYWkKZ4vZWwsZUUWZsNiUbgrf68jpp16redfWqWavU3TyOIpzBOVyCBzdQh3toQAsYIDzDK7w5j86L8+58LFsLTj5zCn/gfP4Adf2MqQ==</latexit>

0
<latexit sha1_base64="Mcrohcq+hD1LDzlbNgAXP5jn3zo=">AAAB5HicbVBNS8NAEJ3Urxq/qlcvi0XwVJIi1mPBi8cK9gPaUDbbSbt2swm7G6GE/gIvHhSv/iZv/hu3bQ7a+mDg8d4MM/PCVHBtPO/bKW1t7+zulffdg8Oj45OKe9rRSaYYtlkiEtULqUbBJbYNNwJ7qUIahwK74fRu4XefUWmeyEczSzGI6VjyiDNqrPRQH1aqXs1bgmwSvyBVKNAaVr4Go4RlMUrDBNW673upCXKqDGcC5+4g05hSNqVj7FsqaYw6yJeHzsmlVUYkSpQtachS/T2R01jrWRzazpiaiV73FuJ/Xj8z0W2Qc5lmBiVbLYoyQUxCFl+TEVfIjJhZQpni9lbCJlRRZmw2rg3BX395k3TqNf+mdl1tekUYZTiHC7gCHxrQhHtoQRsYILzAG7w7T86r87FqLDnFxBn8gfP5Aw9Xi4M=</latexit>

2
<latexit sha1_base64="wWicbOHuqycY0LhgNkXqzDdVgXE=">AAAB6HicbVBNS8NAEJ34WetX1aOXxSJ4Kkkp6rHgxWML9gPaUDbbSbt2swm7G6GE/gIvHhTx6k/y5r9x2+agrQ8GHu/NMDMvSATXxnW/nY3Nre2d3cJecf/g8Oi4dHLa1nGqGLZYLGLVDahGwSW2DDcCu4lCGgUCO8Hkbu53nlBpHssHM03Qj+hI8pAzaqzUrA1KZbfiLkDWiZeTMuRoDEpf/WHM0gilYYJq3fPcxPgZVYYzgbNiP9WYUDahI+xZKmmE2s8Wh87IpVWGJIyVLWnIQv09kdFI62kU2M6ImrFe9ebif14vNeGtn3GZpAYlWy4KU0FMTOZfkyFXyIyYWkKZ4vZWwsZUUWZsNkUbgrf68jppVyvedaXWrJbrbh5HAc7hAq7Agxuowz00oAUMEJ7hFd6cR+fFeXc+lq0bTj5zBn/gfP4AfA2MrQ==</latexit>

4
<latexit sha1_base64="/AdiW9vLwiFaa9nP+8TdxAP/CYk=">AAAB6HicbVBNS8NAEJ34WetX1aOXxSJ4KkmR6rHgxWML9gPaUDbbSbt2swm7G6GE/gIvHhTx6k/y5r9x2+agrQ8GHu/NMDMvSATXxnW/nY3Nre2d3cJecf/g8Oi4dHLa1nGqGLZYLGLVDahGwSW2DDcCu4lCGgUCO8Hkbu53nlBpHssHM03Qj+hI8pAzaqzUrA1KZbfiLkDWiZeTMuRoDEpf/WHM0gilYYJq3fPcxPgZVYYzgbNiP9WYUDahI+xZKmmE2s8Wh87IpVWGJIyVLWnIQv09kdFI62kU2M6ImrFe9ebif14vNeGtn3GZpAYlWy4KU0FMTOZfkyFXyIyYWkKZ4vZWwsZUUWZsNkUbgrf68jppVyterXLdrJbrbh5HAc7hAq7Agxuowz00oAUMEJ7hFd6cR+fFeXc+lq0bTj5zBn/gfP4AfxWMrw==</latexit>

6
<latexit sha1_base64="aWZMCiek4XyrfqmfzyVCBosHkbU=">AAAB6HicbVBNS8NAEJ34WetX1aOXxSJ4KkkR7bHgxWML9gPaUDbbSbt2swm7G6GE/gIvHhTx6k/y5r9x2+agrQ8GHu/NMDMvSATXxnW/nY3Nre2d3cJecf/g8Oi4dHLa1nGqGLZYLGLVDahGwSW2DDcCu4lCGgUCO8Hkbu53nlBpHssHM03Qj+hI8pAzaqzUrA1KZbfiLkDWiZeTMuRoDEpf/WHM0gilYYJq3fPcxPgZVYYzgbNiP9WYUDahI+xZKmmE2s8Wh87IpVWGJIyVLWnIQv09kdFI62kU2M6ImrFe9ebif14vNWHNz7hMUoOSLReFqSAmJvOvyZArZEZMLaFMcXsrYWOqKDM2m6INwVt9eZ20qxXvpnLdrJbrbh5HAc7hAq7Ag1uowz00oAUMEJ7hFd6cR+fFeXc+lq0bTj5zBn/gfP4Agh2MsQ==</latexit>

8
<latexit sha1_base64="GuyPomEPlJiFqUcwx/4Z1yfu+T4=">AAAB6XicbVBNS8NAEJ3Ur1q/qh69LBbBU0mKVI8FLx6r2A9oQ9lsN+3SzSbsToQS+g+8eFDEq//Im//GbZuDtj4YeLw3w8y8IJHCoOt+O4WNza3tneJuaW//4PCofHzSNnGqGW+xWMa6G1DDpVC8hQIl7yaa0yiQvBNMbud+54lrI2L1iNOE+xEdKREKRtFKD547KFfcqrsAWSdeTiqQozkof/WHMUsjrpBJakzPcxP0M6pRMMlnpX5qeELZhI54z1JFI278bHHpjFxYZUjCWNtSSBbq74mMRsZMo8B2RhTHZtWbi/95vRTDGz8TKkmRK7ZcFKaSYEzmb5Oh0JyhnFpCmRb2VsLGVFOGNpySDcFbfXmdtGtVr169uq9VGm4eRxHO4BwuwYNraMAdNKEFDEJ4hld4cybOi/PufCxbC04+cwp/4Hz+AOVWjOQ=</latexit>

10
<latexit sha1_base64="/+OIgJ6/XlxWrRT256wpeUcIHrU=">AAAB6XicbVBNS8NAEJ3Ur1q/qh69LBbBU0mKVI8FLx6r2A9oQ9lsN+3SzSbsToQS+g+8eFDEq//Im//GbZuDtj4YeLw3w8y8IJHCoOt+O4WNza3tneJuaW//4PCofHzSNnGqGW+xWMa6G1DDpVC8hQIl7yaa0yiQvBNMbud+54lrI2L1iNOE+xEdKREKRtFKD15tUK64VXcBsk68nFQgR3NQ/uoPY5ZGXCGT1Jie5yboZ1SjYJLPSv3U8ISyCR3xnqWKRtz42eLSGbmwypCEsbalkCzU3xMZjYyZRoHtjCiOzao3F//zeimGN34mVJIiV2y5KEwlwZjM3yZDoTlDObWEMi3srYSNqaYMbTglG4K3+vI6adeqXr16dV+rNNw8jiKcwTlcggfX0IA7aEILGITwDK/w5kycF+fd+Vi2Fpx85hT+wPn8AehejOY=</latexit>

12
<latexit sha1_base64="liDSL4wxCezDIgtVY8z4V6ycNJ4=">AAAB6XicbVBNS8NAEJ3Ur1q/qh69LBbBU0lKUY8FLx6r2A9oQ9lsN+3SzSbsToQS+g+8eFDEq//Im//GbZuDtj4YeLw3w8y8IJHCoOt+O4WNza3tneJuaW//4PCofHzSNnGqGW+xWMa6G1DDpVC8hQIl7yaa0yiQvBNMbud+54lrI2L1iNOE+xEdKREKRtFKD159UK64VXcBsk68nFQgR3NQ/uoPY5ZGXCGT1Jie5yboZ1SjYJLPSv3U8ISyCR3xnqWKRtz42eLSGbmwypCEsbalkCzU3xMZjYyZRoHtjCiOzao3F//zeimGN34mVJIiV2y5KEwlwZjM3yZDoTlDObWEMi3srYSNqaYMbTglG4K3+vI6adeq3lW1fl+rNNw8jiKcwTlcggfX0IA7aEILGITwDK/w5kycF+fd+Vi2Fpx85hT+wPn8AetmjOg=</latexit>

14
<latexit sha1_base64="2qIZiNZ2rgshmoWWB8XJekCJCAM=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0mKVI8FLx4r2g9oQ9lsp+3SzSbsboQS+hO8eFDEq7/Im//GTZuDtj4YeLw3w8y8IBZcG9f9dgobm1vbO8Xd0t7+weFR+fikraNEMWyxSESqG1CNgktsGW4EdmOFNAwEdoLpbeZ3nlBpHslHM4vRD+lY8hFn1FjpwauXBuWKW3UXIOvEy0kFcjQH5a/+MGJJiNIwQbXueW5s/JQqw5nAeamfaIwpm9Ix9iyVNETtp4tT5+TCKkMyipQtachC/T2R0lDrWRjYzpCaiV71MvE/r5eY0Y2fchknBiVbLholgpiIZH+TIVfIjJhZQpni9lbCJlRRZmw6WQje6svrpF2revXq1X2t0nDzOIpwBudwCR5cQwPuoAktYDCGZ3iFN0c4L86787FsLTj5zCn8gfP5AyLyjP4=</latexit>

16
<latexit sha1_base64="chbbkHGhstGbqC3IwcCzk9O7rsk=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0mKaI8FLx4r2g9oQ9lsJ+3SzSbsboQS+hO8eFDEq7/Im//GbZuDtj4YeLw3w8y8IBFcG9f9dgobm1vbO8Xd0t7+weFR+fikreNUMWyxWMSqG1CNgktsGW4EdhOFNAoEdoLJ7dzvPKHSPJaPZpqgH9GR5CFn1FjpwauXBuWKW3UXIOvEy0kFcjQH5a/+MGZphNIwQbXueW5i/Iwqw5nAWamfakwom9AR9iyVNELtZ4tTZ+TCKkMSxsqWNGSh/p7IaKT1NApsZ0TNWK96c/E/r5easO5nXCapQcmWi8JUEBOT+d9kyBUyI6aWUKa4vZWwMVWUGZvOPARv9eV10q5Vvevq1X2t0nDzOIpwBudwCR7cQAPuoAktYDCCZ3iFN0c4L86787FsLTj5zCn8gfP5AyX8jQA=</latexit>

18
<latexit sha1_base64="jj8cBjEPgY4Bz2tyVBnRZ+EzcD8=">AAAB6nicbVBNS8NAEJ34WetX1aOXxSJ4KkkR9Vjw4rGi/YA2lM120i7dbMLuRiihP8GLB0W8+ou8+W/ctDlo64OBx3szzMwLEsG1cd1vZ219Y3Nru7RT3t3bPzisHB23dZwqhi0Wi1h1A6pRcIktw43AbqKQRoHATjC5zf3OEyrNY/lopgn6ER1JHnJGjZUe6m55UKm6NXcOskq8glShQHNQ+eoPY5ZGKA0TVOue5ybGz6gynAmclfupxoSyCR1hz1JJI9R+Nj91Rs6tMiRhrGxJQ+bq74mMRlpPo8B2RtSM9bKXi/95vdSEN37GZZIalGyxKEwFMTHJ/yZDrpAZMbWEMsXtrYSNqaLM2HTyELzll1dJu17zrmqX9/Vqwy3iKMEpnMEFeHANDbiDJrSAwQie4RXeHOG8OO/Ox6J1zSlmTuAPnM8fG1qM+Q==</latexit>

20
<latexit sha1_base64="cb5hckHj8IsMivQAw/YNrNnvv1k=">AAAB6XicbVBNS8NAEJ34WetX1aOXxSJ4KkkQ9Vjw4rGK/YA2lM120y7dbMLuRCih/8CLB0W8+o+8+W/ctjlo64OBx3szzMwLUykMuu63s7a+sbm1Xdop7+7tHxxWjo5bJsk0402WyER3Qmq4FIo3UaDknVRzGoeSt8Px7cxvP3FtRKIecZLyIKZDJSLBKFrpwff7lapbc+cgq8QrSBUKNPqVr94gYVnMFTJJjel6bopBTjUKJvm03MsMTykb0yHvWqpozE2Qzy+dknOrDEiUaFsKyVz9PZHT2JhJHNrOmOLILHsz8T+vm2F0E+RCpRlyxRaLokwSTMjsbTIQmjOUE0so08LeStiIasrQhlO2IXjLL6+Sll/zrmqX93617hZxlOAUzuACPLiGOtxBA5rAIIJneIU3Z+y8OO/Ox6J1zSlmTuAPnM8f6eOM5w==</latexit>

22
<latexit sha1_base64="XUzKtlTZcEvwXn/wAcIS0zEFU7w=">AAAB/XicbVDJSgNBEO1xjXEbl5uXxiB4CjNB1GPAi8cIZoFkCD2dmkyTnoXuGmEMwV/x4kERr/6HN//GTjIHTXxQ8Hiviqp6fiqFRsf5tlZW19Y3Nktb5e2d3b19++CwpZNMcWjyRCaq4zMNUsTQRIESOqkCFvkS2v7oZuq3H0BpkcT3mKfgRWwYi0Bwhkbq28coIqBJQDEEOmA57YbK69sVp+rMQJeJW5AKKdDo21+9QcKzCGLkkmnddZ0UvTFTKLiESbmXaUgZH7EhdA2NWQTaG8+un9AzowxokChTMdKZ+ntizCKt88g3nRHDUC96U/E/r5thcO2NRZxmCDGfLwoySTGh0yjoQCjgKHNDGFfC3Ep5yBTjaAIrmxDcxZeXSatWdS+rF3e1St0p4iiRE3JKzolLrkid3JIGaRJOHskzeSVv1pP1Yr1bH/PWFauYOSJ/YH3+AGRrlH0=</latexit>

time of the day [hr]
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m� = 104 eV
<latexit sha1_base64="6OTw4I0tY7dMqIQTHl2IXsK1mOw=">AAACDHicbVDJSgNBFOyJW4xb1KOXxiB4CGFG4nIRAl48RjALZGLo6bwkTXoWut+IYZgP8OKvePGgiFc/wJt/Y2c5aGJBQ1FVj9evvEgKjbb9bWWWlldW17LruY3Nre2d/O5eXYex4lDjoQxV02MapAighgIlNCMFzPckNLzh1dhv3IPSIgxucRRB22f9QPQEZ2ikTr7gdxKXD0RKL+kpdXk3ROrYd2W3SF2EB0ygnpqUXbInoIvEmZECmaHayX+53ZDHPgTIJdO65dgRthOmUHAJac6NNUSMD1kfWoYGzAfdTibHpPTIKF3aC5V5AdKJ+nsiYb7WI98zSZ/hQM97Y/E/rxVj76KdiCCKEQI+XdSLJcWQjpuhXaGAoxwZwrgS5q+UD5hiHE1/OVOCM3/yIqmflJyzUvmmXKgUZ3VkyQE5JMfEIeekQq5JldQIJ4/kmbySN+vJerHerY9pNGPNZvbJH1ifPx4kmbc=</latexit>

m� = 5 · 104 eV
<latexit sha1_base64="HRar+6PORM4ltw1D/KUfPLaGaso=">AAACBHicbVDJSgNBEO1xjXEb9ZhLYxA8hDAjcbkIAS8eI5gFMjH0dCpJk56F7hoxDDl48Ve8eFDEqx/hzb+xsxw08UHB470qqur5sRQaHefbWlpeWV1bz2xkN7e2d3btvf2ajhLFocojGamGzzRIEUIVBUpoxApY4Euo+4OrsV+/B6VFFN7iMIZWwHqh6ArO0EhtOxe0U4/3xYheUte5O/UK1EN4wBRqo7add4rOBHSRuDOSJzNU2vaX14l4EkCIXDKtm64TYytlCgWXMMp6iYaY8QHrQdPQkAWgW+nkiRE9MkqHdiNlKkQ6UX9PpCzQehj4pjNg2Nfz3lj8z2sm2L1opSKME4SQTxd1E0kxouNEaEco4CiHhjCuhLmV8j5TjKPJLWtCcOdfXiS1k6J7VizdlPLlwiyODMmRQ3JMXHJOyuSaVEiVcPJInskrebOerBfr3fqYti5Zs5kD8gfW5w/kvZbt</latexit>

m� = 105 eV
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m� = 106 eV
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m� = 10 keV
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m� = 15 keV
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m� = 20 keV

<latexit sha1_base64="IJklCWo5KhA1TtbB8H3dukRHp6w=">AAACBHicbVDJSgNBEO2JW4zbqMdcGoPgIYQZDepFCHjxGMEskAmhp1NJmvQsdNeIYcjBi7/ixYMiXv0Ib/6NneWgiQ8KHu9VUVXPj6XQ6DjfVmZldW19I7uZ29re2d2z9w/qOkoUhxqPZKSaPtMgRQg1FCihGStggS+h4Q+vJ37jHpQWUXiHoxjaAeuHoic4QyN17HzQST0+EGN6Rc8c6hWph/CA6RDq445dcErOFHSZuHNSIHNUO/aX1414EkCIXDKtW64TYztlCgWXMM55iYaY8SHrQ8vQkAWg2+n0iTE9NkqX9iJlKkQ6VX9PpCzQehT4pjNgONCL3kT8z2sl2LtspyKME4SQzxb1EkkxopNEaFco4ChHhjCuhLmV8gFTjKPJLWdCcBdfXib105J7XirflguV4jyOLMmTI3JCXHJBKuSGVEmNcPJInskrebOerBfr3fqYtWas+cwh+QPr8wfappbn</latexit>

m� = 30 keV
<latexit sha1_base64="rEF8SoY8PHwxr8kEtBA5rIzKoHE=">AAACBHicbVDJSgNBEO1xjXGLesylMQgeQpiRoF6EgBePEcwCmWHo6VSSJj0L3TViGHLw4q948aCIVz/Cm39jZzlo4oOCx3tVVNULEik02va3tbK6tr6xmdvKb+/s7u0XDg6bOk4VhwaPZazaAdMgRQQNFCihnShgYSChFQyvJ37rHpQWcXSHowS8kPUj0ROcoZH8QjH0M5cPxJhe0apN3TJ1ER4wG0Jz7BdKdsWegi4TZ05KZI66X/hyuzFPQ4iQS6Z1x7ET9DKmUHAJ47ybakgYH7I+dAyNWAjay6ZPjOmJUbq0FytTEdKp+nsiY6HWozAwnSHDgV70JuJ/XifF3qWXiShJESI+W9RLJcWYThKhXaGAoxwZwrgS5lbKB0wxjia3vAnBWXx5mTTPKs55pXpbLdXK8zhypEiOySlxyAWpkRtSJw3CySN5Jq/kzXqyXqx362PWumLNZ47IH1ifP9w5lug=</latexit>

m� = 40 keV

Fig. 4: Daily modulation for H2O XIh ice with (a) a light dark photon and (b) a light scalar mediator for various mχ.

keV range.

We finally address other potential sources of phonon
decoherence and background noise that will place
limitations on such phonon-based detection schemes,
and that are not directly addressed with appropriate
shielding/cooling [41] High-energy optical phonons
tend to undergo rapid down-conversion to lower-energy
modes. For instance, the reported smallest phonon
linewidths for typical semiconductors such as GaAs are
∼1 - 2 cm−1 [42–44], which is approximately half of
those calculated for ice (4 - 5 cm−1) at 0 K [33]. As
a result, the range of phonon lifetimes (0.5 - 2.1 ps) is
correspondingly smaller than those observed in inorganic
semiconductors (see the Supplemental Material), and
can be attributed to the strongly anharmonic behav-
ior of phonons in ice [33]. However, decoherence of
lower-energy phonons is typically limited by isotopic
scattering [45], in addition to previous work identifying
radioactive isotopes that produce high-energy photons
as the dominant source for the phonon background [41].
Therefore, preparing target materials without isotopic,
especially radioactive, impurities would circumvent
such phonon background. The only naturally occurring
radioactive isotope of hydrogen is tritium with a share of
≈ 10−15% [46] and the three naturally occurring oxygen
isotopes found in nature are all stable [47]. Finally,
isotopic enrichment of water is an active industry, with
known distillation protocols and/or commercial sources
for 16O, 17O, 18O, the latter being an important positron
emission tomography (PET) diagnostic reagent [48].

Our results suggest that ice H2O is a competitive
candidate target for single-phonon based light DM de-
tection both in the low-mass and high-mass range (here
we considered ice XIh, but our conclusions are generally
applicable to other ice polymorphs). Molecular units
provide ultra-low-mass optical phonons (down to 6meV)
giving excellent reach in the low-mass DM range for dark
photon mediators. We expect similar reach to low masses
for polar semiconductors containing heavy ions (as e.g.
CsI) or molecular crystals where the relative effective

masses of the ions/molecules result in low-frequency
optical phonons. For near-term experiments, we find
that the broad range of single phonons in ice up to 400
meV gives it enhanced reach for higher experimental
thresholds compared to alternative proposals such as
multiphonon excitations. However, the lower density of
ice due to its van der Waals bonding results in a reduced
reach compared to other solid-state targets; this can be
addressed by the growth of large single crystals of ice
which is already well explored [49]. Phonon backgrounds
can be controlled through the preparation of isotopically
pure samples, and with appropriate shielding [41].
While ice H2O is cheap, earth abundant, and has been
extensively characterized, it remains an engineering
challenge as to the best way to incorporate a material
that is a liquid at room temperature into a (cryogenic)
detector architecture.
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