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ABSTRACT

A new technique for estimating own- and cross-elasticities of market share for fuel and tech
nology choices in home heating and cooling ispresented. We simulate changes in economic condi
tions and estimate elasticities by calculating predicted changes in fuel and technology market
shares. Elasticities are found with respect to household income, equipment capital cost, and equip
ment operating cost (including fuel price). The method is applied to a revised and extended version
of a study by the Electric Power Reseal'ch Institute (EPRI). Data for that study are drawn pri
marily from the 1975 - 1979 Annual Housing Surveys.

Results are generally similar to previous studies, although our estimates of elasticities are
somewhat lower. We feel the superior fonnulation of consumer choice and the currency of data in
EPRI's work produce reliable estimates of market share elasticities.

* This work was supported by the Assistant Secretary for Conservation and Renewable Energy, Office of Build
ing and Community Systems, Building Equipment Division of the U.S. Department of Energy, under Contract
No. DE-AC03-76SF0009S. The authors also wish to thank the Electric Power Research Institute for permission
to quote extensively from report EPRI EA-3409.



LBL-20090

MARKET SHARE ELASTICITIES FOR
FUEL AND TECHNOLOGY CHOICE
IN HOME HEATING AND COOLING

David J. Wood, Henry Ruderman, James E. McMahon

1. Introduction

Concern over future energy demand has prompted several researchers to develop predictive
computer models of national energy use. A significant factor in such models is the efficiency of
home appliances, in particular space heating and cooling equipment, which account for the largest
components of residential energy consllmption. An example is the Oak Ridge Residential Energy
Demand Forecasting Model, which LBL has modified substantially to create the LBL Residential
Energy Model [15].

These models require accurate estimates of how the market shares of different fuel choices
(electricity, gas, or oil) or technologies (centralized vs. decentralized systems) change in response to
changes in the economy. Thus, estimates of the own- and cross-elasticities of the market share of
different fuel choices (with respect to capital costs, operating costs, and income) are commonly
found as inputs to the modeling effort. This paper describes one method of developing such esti
mates.

The unique features of our approach are: 1) the derivation of aggregate market share elasti
cities from individual household data; 2) the linkage of space heating to air conditioning choice; 3)
explicit treatment of individual technologies, including heat pumps; and 4) the direct calculation
of new market shares due to changes in the explanatory variables. The first three of these features
derive from the corresponding aspects of a study by the Electric Power Research Institute [6],
which we take as a starting point for our work. The last feature is a direct consequence of the
manner in which we develop the elasticities, and is exploited in the LBL Residential Energy Model
to provide forecasts of future fuel and technology choices by households. Combining these elastici
ties with existing techniques for forecasting efficiency choice, thermal integrity of the building
shell, and usage behavior results in substantial improvement of the forecasting model.

The study by EPRI has two important features which improve upon previous studies of fuel
type market share in residential space heating.

1) It uses a database of individual households and actual technology choices to estimate the
coefficients of an equation which relates the probability of selecting among different space
heating technologies to household and geographic characteristics. The average of these pro
babilities over all households can be taken as the predicted market share of that technology.
Summing over technologies of a given fuel type provides an estimate of the market share of
that fuel. Almost all previous studies of fuel type market share relied on state-level aggre
gated data, which introduces bias in the estimates.

2) Each household's choice of heating technology is modeled jointly with the choice of central
cooling. Since the cost of heating system chosen (central or non-central) depends highly on
the presence of central air conditioning, it seems unwise to model the two choices indepen
dently. Statistical cross-tabulations verify that heating system choice is correlalcJ with cool
ing choice. The EPRI study is the first to model that linkage explicitly.

Like most previous studies, our method starts from regression equations. (\Ve use modified
versions of the coefficients estimated by EPRI; see Wood, Ruderman, & McMahon [17] for a dis
cussion of this point.) The classical approach to finding elasticities from such equations requires
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calculating analytic derivatives of market share and using those derivatives (at the mean values of
the exogenous variables) in the formula for the elasticity. This approach has two defects, one
predictable by theory and one purely practical.

The theoretical defect is that this approach does not determine an overall market elasticity,
but rather the elasticity of the "mean" household, which may be completely unrepresentative of
the overall market. McFadden and Reid [14] have shown that using only mean values in elasticity
calculations neglects the variation of the independent variables and introduces non-trivial ~ias in
the elasticities and all market shares derived from them. The potential effects of this bias are
explored in 'Wood, Ruderman, & McMahon [18], where significant errors are shown to be likely.

The practical defect is that, given the technology-specific choices, the nested logit model, and
the normalized exogenous variables used by EPRI, calculating market share elasticities analyti
cally turns out to be so time-consuming as to be judged unprofitable (given the first defect).
Instead, we use a "simulation" and "sample enumeration"l approach.

vVe perturb slightly the economic factor for which we want elasticities (e.g., price of electri
city, capital cost of a gas system, etc.). For each household in the database, we calculate the new
probability (under the perturbed conditions) of choosing each technology, using the regression
equation, and determine the change in probability. These changes in probabilities are averaged
across households, giving an estimate of the change in market share due to the perturbation of
that economic factor. Dividing by the relative size of the perturbation and the original market
share gives the appropriate arc elasticity, as a function of the perturbation size. These estimates
are approximately quadratic in the pertmbation size.

\Ve calculate the arc elasticity as a function of perturbation size for thirteen different pertur
bations (ranging from -33% to +50%) and fit a least-squares quadratic curve to the results. The
intercept of this curve (equivalent to a perturbation size approaching a limit of zero) is taken as
our value for the point elasticity. A summary of our own-elasticity results is shown in Table 1.

Table 1

Market Share Own-Elasticities for Space Conditioning Equipment

Capital Energy
Equipment Cost Cost Income

Gas Central Heater -0,47 -0.56 0.06
Gas Non-Central Heater -1.60 -0.17 -0.57

Oil Central Heater -1.29 -1.27 -0.27
Oil Non-CentrallIeater -1,48 -0.87 -0.59

Electric Central Heater -0.86 -1.14 -0.09
Electric Non-Central Heater -1.16 -0.92 -0.25

Conventional Central Cooling -0.3G -0.24 0.29

Heat Pump -2.03 -0.79 0.32

1 "Simulation" refers to the method of perturbing independent variables and noting the changes in predicting
market share, hence we "simulate" changes in economic conditions. "Sample enumeration" refers to the calcula
tion of an aggregate market share by calculating a probability of choice for every individual household in the ag
gregate. The term arises from transportation modeling literature.
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The organization of this report is as follows: Section 2 gives a brief survey of several prior
studies and a comparison with the results of our method when applied to a revised version of the
EPRI study. Section 3 examines the study by EPRI in detail, as it forms the foundation for our
work. Section 4 examines our method of deriving elasticities in more detail, with attention to the
numerical and modeling issues that arise. Section 5 points out the limitations of our work and
associated statistical caveats. There are three appendices: Appendix 1 gives complete results of our
estimated elasticities in tabulated form; Appendix 2 discusses several issues related to the deriva
tion and use of a quadratic curve fitted to the arc elasticities; and Appendix 3 explains how these
elasticities are incorporated into the LBL Residential Energy Model.
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2. Prior Studies

There have been a variety of studies attempting to model consumer space heating fuel
choice. This section will briefly review some of the more significant ones. Table 2 shows the elas
ticities from several of these studies, as well as the comparable results from our work. More exten
sive literature reviews may be found in Dohrmann [4] and in Hartman [7]. A complete review of
issues and techniques in discrete choice modeling is in Amemiya [1].

Anderson [2] modeled fuel type market share by regressing the natural logarithm of the r~tio

of two fuels' market shares on explanatory variables of household size, fraction of non-urban and
single-family housing units, household income, mean December temperature, and prices of the two
fuel types. The regression technique waS generalized least squares on a database drawn from the
HJ70 Census. A straight-forward calculation derived in Dohrmann [4] shows how to find elastici
ties from such a formulation.

Baughman and Joskow [3] used state level data from the 1970 Census to estimate a similar
model. Dependent variables were essentially the same as Anderson; explanatory variables were
income per capita, mean January temperature, and fuel prices. Both Baughman and Joskow and
Anderson used regression techniques which required that all the price cross-elasticities of a given
fuel type be equal.

Lin, Hirst and Cohn [10] carried out a study including equipment prices as an explanatory
variable. Their dependent variable was the natural logarithm of the ratio of a fuel's market share
to all other fuels' shares. Independent variables were fuel prices, equipment prices, income, and
heating and cooling degree days. Data used in estimating the parameters were from a cross sec
tion of forty-eight states in 1970.

Hartman and Hollyer [8] examined several models and alternative datasets for fuel choice in
residential space heating. The elasticities shown in Table 2 are based on state data, pooled from
both 1960 and 1970. Like Anderson, and Baughman and Joskow, the model specification used the
natural logarithm of the ratio of two fuels' market shares as the dependent variable. Unlike those
earlier studies, however, Hartman and Hollyer included the prices of all fuel types as explanatory
variables for the market share ratio of any two fuels. Other exogenous variables were the capital
cost of the equipment for all fuel types, per capita income and heating degree days averaged for
the states; and an index of gas availability for each state.

Dohrmann [4] estimated a model generally similar to those discussed above. The primary
element added by his work was the separation of observations (at SMSA level, from Annual Hous
ing Surveys of 1974, '75, and '76) into cells according to fuel availability. Fuel availability dis
tinctions were made for SMSAs with and without fuel oil as an option for residential heating, and
for SMSAs which did and did not experience explicit gas restrictions over the period of the study
data. Coefficients were estimated separately for each cell. Dependent and independent variables
were generally similar to previous work.

Dubin and McFadden [5] modeled appliance utilization simultaneously with appliance choice
in a discrete/continuous choice model. The joint model is important for estimating long-run elasti
cities of fuel consumption. In their words,

If, as the theory would suggest, the demand for durables and their use are related decisions by
the consumer, specifications which ignore this fact will lead to biased and inconsistent estimates
of price and income elasticities.2

It is somewhat less important, however, for elasticities of market share. Indeed, they estimated
market share as a function of exogenous variables in much the same manner as the other studies
touched on here. The most significant element of their work for the estimation of market share
elasticities was the use of household data for the regressions. Dubin and McFadden modeled the
probability of a household choosing an all-electric system of water and space heat versus an all-gas
system. Independent variables included the capital and operating costs of the systems, the product

2 Dubin and McFadden [51, page 345
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of capital cost and household income, the availability of gas to the household, the marginal cost of
electricity, and a dummy for choice of the all-electric system. Elasticities shown in Table 2 were
derived in their paper.

A comparison of the results from prior work reported in Table 2 shows generally similar esti
mates arising from different studies, but some overall issues and/or notable differences should be
discussed.

1) The theoretical underpinning of all of these studies can be traced to a general idea of. utility
maximization by agents of choice (i.e., households). Thus, for each model there is an impli
cit utility function to be maximized and an implicit distribution of the uncertain components
of utility preference. (It does not matter whether the "error" is taken to be uncertain to the
agent of choice, to the econometric model-maker, or both.) In order to be consistent with
this formulation, data should be at a level as close to the level of the household as possible.
Studies by both EPRI [6] (from which our work follows) and Dubin and McFadden [5] satisfy
these criteria.

Most of the other studies discussed here used some form of aggregated state level data.
Hartman and Hollyer used a· representative "urban" and "rural" value for each state, and
Dohrmann used data by S11SA. Use of aggregated data implies an assumption that all of the
consumer choice attributes in the aggregated set can be adequately captured by a single
appropriate number. \Vhile this is not impossible, Hartman and Hollyer compared results
with and without the urban/rural split in their data and suggested that the distinction is
important. Unfortunately, they gave no conclusive evidence that the division along the lines
they made is sufficient to fully capture the effects of heterogeneity. Lacking evidence show
ing that households are well represented by data aggregated over some larger unit (i.e., the
SMSA or state), studies which estimate coefficients from individual household data are pre
ferred over those that take a more aggregated unit.

2) Related to the issue of using properly disaggregated (i.e., household) data of consumer
characteristics and choice is the desirability of properly disaggregating by end use and fuel
type. The Baughman and Joskow model sought to model total state level energy consump
tion and fuel shares. Disaggregation into end uses such as space heating was by relatively
crude techniques. As such, its elasticity estimates for individual end uses are somewhat
suspect in comparison to estimates based on specific end use data.

3) Also related to the validity of the undcdying model of consumer choice is the use of new
installations vs. existing housing in the dataset. Oonsumers may well experience a consider
able "inertia" in their choice of heating equipment; the preferred fuel or technology given
today's capital and operating costs may be very different from the preferred fuel or technol
ogy 15 or 20 years ago. Thus, analysis can most properly capture the elements of utility
maximization for new installations if the data is from new installations. Data on market
share of fuel types in existing housing stock will provide different (and arguably incorrect)
estimates. Baughman and Joskow and some of the formulations used by Hartman and Hol
lyer can be faulted on this count.

4) The choice of particular explanatory variables in a model can make a significant difference in
the results of that model. The first three studies reported in Table 2 failed to include the
capital cost of heating equipment as an independent variable, and Dohrmann included only a
general index of all equipment prices, without distinguishing among different fuel types. As
such, estimates of elasticities, even for the variables which were included, are somewhat
suspect in all four studies. Dubin and McFadden limit their choice of data to households
with all-electric and all-gas space and water heat, a restriction which eliminates oil as a pos
sibility for space heat. This construction limits the applicability of these elasticities to only
a subset of the national market. Dohrmann noted that data drawn from the late 1970's is
affected by the curtailment of new residential service by many gas utilities at that time. He
suggested that this may account for some of the unanticipated results of sign (gas share elas
ticity with respect to prices of electricity and oil) in his work. Both Dubin and McFadden
and EPRI include specific measures of gas availability as exogenous variables in their studies.

-5-



5) Some of the studies failed to find the anticipated sign of elasticities (negative for own
elasticities, positive for cross-elasticities). Examples are Lin, Hirst and Cohn (oil share with
respect to the price of electricity), Hartman and Hollyer (the same, plus electric and gas
shares with respect to the other's capital cost), and Dohrmann (discussed above). Hartman
attributed some of these counter-intuitive results in his work with Hollyer to "coefficients
not significantly different from zero. »3

,
In summary, we feel that the study by EPRI stands up well in comparison with past studies:

it uses an appropriate consumer utility maxi.mization model (space heating and air condi
tioning chosen jointly), and data on individual households to support it;

data are drawn from new construction only;

all of the most likely significant explanatory variables are included;

it provides for considerable disaggregation by fuel and technology choice for residential space
heating.

Elasticities derived from a revised and extended version of the EPRI study are reported in this
paper.4 Our results estimate elasticities that are generally lower than previous studies, i.e., we find
that consumers respond to changes in fuel price, income, and other variables less strongly than
previous studies have indicated.

3 Hartman [7], page 83

4 These revisions are discussed briefly in Section 3 of this paper, and extensively in Wood, Ruderman, and
McMahon [171.
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Table 2

Price, Income, and Capital Cost Elasticities for Market Shares
of Fuel Types in Home Heating

Anderson [21
Elec Price Gas Price Oil Price

Electric Share -2.04 2.21 0.55
Gas Share 0.17 -1.80 0.55
Oil share 0.17 2.21 -1.58

Baughman and Joskow [3]
Elec Price Gas Price Oil Price

Electric Share -2.08 2.12 3.30
Gas Share 0.23 -1.48 3.30
Oil share 0.23 2.12 -7.21

Lin, Hirst, and Cohn [10]
Elec Price Gas Price Oil Price

Electric Share -3.19 0.38 1.09
Gas Share 0.57 -1.33 0.03
Oil share -0.18 2.95 -1.01

Hartman and Hollyer [8] (existing housing stock)
Cap Cost Cap Cost Cap Cost

Elec Price Gas Price Oil Price Income Elec Heat Gas Heat Oil Heat
Electric Share -3.86 0.28 2.34 0.95 -10.4 -1.82 10.3
Gas Share 1.31 -1.13 0.14 0.09 -2.01 -20.50 21.7
Oil share -1.47 1.69 -0.52 -0.26 4.45 31.4 -34.4

Dohrmann [4]
Elec Price Gas Price Oil Price Income

Electric Share -1.184 0.550 4.733 -2.191
Gas Share -0.145 -0.749 -1.495 0.371
Oil share 3.476 1.577 -5.787 3.934

Dubin and McFadden [51
Elec Price Gas Price

Electric Share -0.473 1.41
Gas Share 0.144 -0.43

Lawrence Berkeley Labs / EPRI [this study]
Cap Cost Cap Cost Cap Cost

Elec Price Gas Price Oil Price Income Elec Heat Gas Heat Oil Heat
Electric Share -1.07 0.59 0.14 -0.14 -0.65 0.54 0.14

Central -1.14 0.61 0.14 -0.09 -0.65 0.49 0.12
Non-Central -0.92 0.55 0.14 -0.25 -0.63 0.66 0.18

Gas Share 0.45 -0.56 0.11 0.05 0.23 -0.47 0.13
Central 0.45 -0.56 0.11 0.06 0.23 -0.46 0.13
Non-Central 0.73 -0.17 0.16 -0.57 0.20 -0.71 0.26

Oil share 1.81 0.42 -1.26 -0.28 0.18 0.37 -1.27
Central 1.82 0.42 -1.27 -0.27 0.17 0.37 -1.28
Non-Central 1.35 0.38 -0.87 -0.59 0.20 0.46 -0.94

Central A/C -0.24 -0.18 0.02 0.29 -0.07 -0.04 0.02

Heat Pump -0.79 0.67 0.13 0.32 0.40 0.45 0.08
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3. Summary of Work by Electric Power Research Institute

In 1982 and 1983 the Electric Power Research Institute (EPRI) undertook a major effort to
update the behavioral models embedded in the Residential End-use Energy Planning System
(REEPS) model. That work is described in a report by EPRI's principal investigator, Andrew
Goett [6]. This section will summarize the principal elements of that report, focusing on the
models for space heating, which we have used to derive estimates of fuel and technology market
share elasticities.

The REEPS model uses energy consumption estimates by technology, so EPRI created a
model of market share of particular technology choices in space heating for new construction.
They also model the choice of space heating fuel/technology combinations as being dependent on
the choice of whether or not to have central air conditioning. Statistical evidence reported in their
study shows an extremely high correlation between the choice of space heating fuel and the pres
ence of central air conditioning, with important consequences to summer electric loads. The most
extreme example of this is electric heat pump technology, which is used for both heating and cool
ing. The following passage from EPRI's report5 describes the model structure:

In order to capture interdependence in the appliance choice equations, the space heating and air
conditioning decisions are modeled jointly with the dependent variable representing the choice of
a space heat/air conditioning combination. The empirical specification is a generalized version
of the multinomial logit known as the nested logit model. This functional form allows
differential substitution between alternative appliance combinations. The multinomial logit does
not allow such differential substitution since the relative odds of any two alternatives are
independent of the availability and attributes of other alternatives. This is implausible for some
applications. Consider, for example, an air conditioning market in which a consumer could
choose between a conventional unit or no unit at all. Suppose a new technology--heat pumps--is
introduced to the market. According to the multinomial logit model, the new technology would
draw its market share proportionately from non-buyers and buyers of conventional units. Com
mon sense suggests that the heat pump alternative would draw its market share primarily from
conventional air conditioning because of their similarity.

In order to capture this differential substitution, the nested logit model groups similar alterna
tives in a hierarchical structure. In the example of central air conditioning, the multinomial
logit representation would treat the three alternatives (no a/c, conventional a/c, and heat
pump) equivalently.... [In the nested logit representation,] the two central cooling options are
grouped on a separate branch of the probability tree reflecting their close substitutability. Con
ceptually, the choice is broken down into two levels. At the upper level, the choice alternatives
are cooling and no cooling. At the lower level, the alternatives are conventional air conditioning
and heat pump, given the cooling choice. The decision at each level is represented by a multi-

. nomial logit model. The values of the explanatory variables in the lower level choice depend
upon the branch of the probability tree. At the upper level, an index of the aggregate charac
teristics of the lower level alternatives is used as an explanatory variable in the choice model.

For the application of the nested logit to the joint space heating and air conditioning decision,
we specify the following general form for utility:

Uij = V j + Wij + f ij

where i indexes central air conditioning alternatives;
j indexes space heating alternatives;

Uij is the total utility from a given ij combination;
Vi is the typical or representative utility from central air conditioning

alternative i;
W,} is the representative utility from air conditioning and space heating

alternative i j;
fij are random components of utility reflecting unobserved characteristics

and random consumer tastes.

" Copyright © 1984, EPR! EA-3409, "Household Appliance Choice: Revision of REEPS Behavioral Models."
Reprinted with permission.
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Following McFadden [12], if the random terms are assumed to be distributed according to the
following form of the Generalized Extreme Value (GEV) distribution:

{ [

< /(1-8)](1-8) }
F(fll, ... ,fii) = exp -It f e ')

Then the conditional and marginal probabilities Pil i and Pi can be expressed in the following
closed forms:

W· /(1-8)e .)
w,/(1-8)Ee I)

l

and

where

and

Pi

V +(1-8)/e I I

Ee V.'+(1-8)/i'

.'

The parameters of these models can be estimated sequentially by first estimating the conditional
probability models P il i, then calculating the index of the aggregate characteristics at the lower
level:

and using this in the conditional probability model Pi. The parameter estimates are consistent
although not fully efficient. The standard errors of the estimates must be adjusted to account
for the fact that the value Ji is estimated [by Ji ] rather than observed.

The term 8 is a measure of the correlation among the error terms. The special case presented
here allows correlation among the random components for space heating given air conditioning.
If 8 = 0, then the error terms are exogenous distributed and the specification is equivalent to the
multinomial logit. Positive values indicate correlation among terms. Values outside the unit
interval have not been shown consistent with a model of random utility maximization and
imply some counterintuitive cross-elasticities.

EPRI uses this specification to model five space heating technologies given central cooling
and eight space heating technologies given no central cooling, as detailed in Table 3. As such,
their model is very specifically a technology choice model, rather than a fuel choice model as most
previous studies have been. This actually makes estimating elasticities with respect to fuel price
somewhat more complicated, as discussed in the next section.

The study uses data drawn from the Annual Housing Surveys of 1975 through 1979. Data
on individual housing units and the demographic characteristics of their occupants are collected
each year. EPRI used only data on new, single-family, owner-occupied housing, with income and
the SMSA of each household included. Over 1300 individual households located in more than 120
SMSAs are identified.

For each household, the housing characteristics (e.g., size, insulation) and weather informa
tion for that SMSA were input to a thermal load model developed at MIT by McFadden and
Dubin [13]. This model gives as output the necessary capacity for heating and cooling the house
hold with each of the modeled technologies, as well as the projected energy consumption. EPRI
translates these projections into operating costs using fuel price data, and into capital costs using
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Table 3

Technology Choices in EPRI's Model of Space Heating and Cooling

Central A/C No Central A/C

1. Gas Forced Air 1. Gas Forced Air
2. Gas I-Iydronic
3. Gas Non-central

2. Oil Forced Air 4. Oil Forced Air
5. Oil I-Iydronic
6. Oil Non-central

3. Electric Forced Air 7. Electric Forced Air
4. Electric Baseboard 8. Electric Baseboard

5. Electric Heat Pump

equipment and installation cost estimates from Means' Building Construction Cost Data. Both
fuel prices and capital costs are taken for the year of construction (consistent with a modeling
assumption of static consumer expectations) and converted to constant 1975 dollars. Capital cost
data are calculated as incremental costs, i.e., for heating systems with central cooling, only the
additional costs of the heating system are assigned to that choice. For systems that included both
central heating and cooling, the cost of ducting is borne by the air conditioning system.

EPRI's model of space heating choice also includes the following variables:

Gas service restrictions are modeled by defining binary variables equal to one if the house
hold is located in an SMSA served by a utility that had imposed such a restriction during
the time of construction. Three types of restrictions are distinguished: complete prohibition
on new hookups, hookups to replace existing customers only, and other restrictions. These
variables enter the choice model as interaction terms with the gas space heating alternatives.

It is anticipated that there has been some reluctance to accept heat pump technology because
of its relatively new and unproven status. This reluctance is expected to disappear over
time, as market share grows and the technology is accepted or rejected on its own merits.
EPRI felt that this fundamental difference between new and old technologies should be
modeled explicitly. They therefore include the lagged market penetration rate of heat
pumps in each region as an explanatory variable inthe choice model.

Since there may be many aspects of a particular technology not captured by operating and
capital costs (or which are otherwise quantifiable), the EPRI model includes alternative
specific dummy variables equal to unity only for the alternative specified.

The model of central cooling choice includes the following variables in addition to capital
and operating costs:

Summer climate is included as an explanatory variable by taking summer dry-bulb tempera
ture minus 82 OF plus the summer wet-bulb temperature minus 65 OF, with a minimum of
zero. Since summer discomfort is quite non-linear in the traditional metric of cooling
degree-days, this new measure has promise as a useful (i.e., linear) variable.

Household income is used both directly and in interaction with the operating cost of heating
systems given central cooling.

To a certain extent, the choice of central cooling or no central cooling is driven by the utility
of the space heating choices available given the cooling choice.
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In the nested logit model, the influence of space heating characteristics upon air condi
tioning choice is represented by a variable called the "inclusive value." This is an index
of the attractiveness of complementary space heating systems upon the air conditioning
alternative. P·olicies or other events which increase the desirability of particular space
heating systems will also increase the attractiveness of their complementary air condi
tioning alternative. 6

The elasticities reported in this paper are based on a somewhat modified form of the EPRI
model, discussed more fully in \\Tood, Ruderman, and McMahon [17]. These modifications were of
several different kinds, including the correction of a simple error in calculation,7 a respecification
of heat pump capital and operating costs, and a redefinition of the "gas restrictions" variables to
reflect prior history of gas curtailments. All of the included modifications improved the fit of
EPRI's models to the data. The coefficients used in this study are given in Tables 4, 5, and 6.
Note that capital and operating costs are "normalized" in the choice models for space heating and
air conditioning by the operating cost of an electric baseboard system and the annual air condi
tioning energy usage, respectively.

6 EPRI [61 page 3-19
7 Elasticities based on only the correction of the error in calculation are discussed in Wood, Ruderman, and

McMahon [181.
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Variable

Table 4

Space Heating System Choice Model for Households
Without Central Air Conditioning

Normalized Capital and Operating Costs

Estimated
Parameter t-statistic

Installed capital costs/operating cost of an.
electric baseboard system -0.5069 -4.738

Annual operating costs/operating cost of an
electric baseboard system -2.234 -5.939

Type 1 gas restrictions in gas alternatives -3.255 -7.150

Type 2 gas restrictions in gas alternatives -1.625 -4.268

Type 3 gas restrictions in gas alternatives -0.5741 -1.933

Dummy for gas hydronic choice -1.727 -3.525

Dummy for non-central gas choice -3.530 -8.463

Dummy for oil forced air choice -1.250 -5.286

Dummy for oil hydronic choice -0.09038 -0.2202

Dummy for non-central oil choice -4.165 -6.950

Dummy for electric forced air choice -1.403 -4.482

Dummy for electric baseboard choice -1.397 -4.673
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Table 5

Space Heating System Choice Model for Households
With Central Air Conditioning

Normalized Capital and Operating Costs

Estimated
Variable Parameter t-statistic

Incremental installed capital costs/operating
cost of an electric baseboard system -0.2870 -6.768

Incremental annual operating costs/operating
cost of an electric baseboard system -3.324 -5.790

Incremental annual operating costs/operating
cost of an electric baseboard system
X Income ($1000)

Type 1 gas restrictions in gas alternative

Type 2 gas restrictions in gas alternative

Type 3 gas restrictions in gas alternative

Lagged regional penetration of heat pumps
in heat pump alternative

Dummy for oil forced air choice

Dummy for electric forced air choice

Dummy for electric baseboard choice

Dummy for heat pump choice

-13-

-0.03713 -2.340

-2.872 -9.172

-1.111 -2.604

-1.528 -5.483

0.02776 2.407

-1.828 -8.518

1.182 4.011

-1.158 -3.920

-0.8220 -3.920



Table 6

Central Air Conditioning Choice Model

Normalized Capital and Operating Costs

Estimated
Variable Parameter t-statistic

Installed capital costs/annual central air
conditioning electricity usage ($/1000 BTU) -4.801 -4.895

Annual operating costs/annual central air
conditioning electricity usage ($/1000 BTU) -128.0 -3.505

Dry bulb summer design temperature - 82 of
+ wet bulb summer design temperature- 68 of
if greater than or equal to zero
in central cooling alternative 0.1433 10.48

Income ($1000) in air conditioning alternative 0.07195 7.528

Inclusive value from space heating model 0.4028 2.791

Dummy for air conditioning choice -1.155 -1.988
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4. Derivation of Elasticities

This section explains how elasticities were derived from the probability choice model
coefficients estimated in the revised EPRI study.

A point elasticity is the ratio of the fractional (or percentage) change in one quantity to a
fractional (or percentage) change in another, taken in the limit as the changes become
infinitesimally small. Thus, the elasticity of x with respect to y is:

.6. x
x

lim
~!I-+O .QJL

y

= I· JL.6.x1m .--
~!I-+O x .6.y

JL. Bx
x By

Elasticities take on economic significance in assuming that the change in the first quantity is in
response to (i.e., is caused by) the change in the other.

The standard technique for estimating point elasticities from the coefficients of an
econometric model is to work out the analytic derivatives from the equation relating market share
to the explanatory variables. See Dohrmann [4] or Dubin and McFadden [5] for examples of this.
In our case, however, several factors make this inconvenient and arguably unwise:

The nested logit model of technology choice, however satisfying from the point of view of the
actual consumer decision, is more difficult to work with when taking derivatives. The joint
probability of a household choosing each particular heating/cooling technology combination
is a function of the capital and operating costs of all the technologies, as well as the demo
graphic characteristics of the household. The probability is expressed as the product of a
dependent probability and a marginal probability, Le., the probability of selecting cooling
choice i and heating choice j is:

P ij = Pili' Pi .

Each of these two probabilities is modeled as a multinomiallogit, and all the variables from
all heating possibilities enter into the cooling choice via the "inclusive value" term. This for
mulation, plus the use of normalizing factors (e.g., the operating cost of an electric base
board system), makes taking all but the simplest derivatives a painful, or at best tedious,
exercise.

The choice of a technology,· rather than fuel, model makes it doubly difficult to take a
derivative with respect to a particular fuel price. Taking the derivative of market share for
a particular technology with respect to fuel price therefore requires calculating and summing
n partial derivatives, where n is the number of technologies in the model using that fuel. If
we want, say, the elasticity of all gas technologies' market share with respect to the price of
electricity, then the problem is confounded, for we have to calculate and sum n partial
derivatives separately for each of the gas technologies, and decide on an appropriate way to
combine them for the overall elasticity. The same issues arise if we seek a general elasticity
with respect to, say, the capital costs of all oil-burning equipment.

Even granting the complexity of the derivatives to be found, they are still theoretically
tractable. Some are even (relatively) easy: e.g., the derivative of central cooling market
share with respect to its own capital cost. In this case, we are working only with the
"upper" level of the choice tree, so the "nesting" does not apply and the calculation is far
simpler. For any particular household (with specific values of the explanatory variables), the
derivative can be shown to equal the coefficient of capital cost from the appropriate level
regression, times the probability that household chooses air conditioning, times the probabil
ity that the household does not choose air conditioning. From this derivative, the elasticity
for that household can be found easily.

What is not clear, however, is whether that easy calculation for a single household translates
into accurate elasticities for a national market share. The standard technique calls for substi
tuting "average" or "representative" values for each of the explanatory variables into the
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calculation of the elasticity. Thus, the "market share" of central cooling (or any other tech
nology) is found as the probability that a representative household (i.e., one whose explana
tory variables take on the "average" values) would choose it. There is no compelling reason
to support such an approximation. For the EPRI dataset, this technique matches known
market shares very poorly compared to the the method we use (described below).8 While the
standard technique may be necessary when used with an aggregated dataset without indivi
dual household choices, it seems foolish to fail to use all the information available to us.
Furthermore, McFadden and Reid [14] have shown that using only "representative" values
neglects the variation of the exogenous variables and thereby introduces bias in the elastici
ties.

These difficulties led us to our simulation and sample enumeration approach, with the fol
lowing steps:

1) For each household, we use the measured demographic characteristics (climate, income, etc.)
and technology-specific variables (capital and operating costs), together with our revised ver
sions of the coefficients estimated by EPRI (shown in tables 4, 5, and 6 of this paper) to esti
mate the probability that the household chooses each of the thirteen possible heating/cooling
technologies. Averaging with equal weight across households provides estimates of projected
market shares. Combining these estimates across common fuel types (gas, oil, electricity) or
technology characteristics (central, non-central) gives estimates of market share of these
aggregated categories.

2) \Ve select a series of thirteen different perturbation sizes (represented by 8), in the range of
-0.333 to +0.500. Most of the values are clustered around zero, although none are equal to
it.

3) \Ve use each perturbation in turn to change the values of the input data for the independent
variable with respect to which we want to estimate elasticities. Thus, if we want elasticities
with respect to the price of electricity, we multiply the operating costs (which are propor
tional to fuel price) of all systems that use electricity by a factor of (1 + 8).

4) We calculate from the model the new probabilities (under the perturbed conditions) that
each household selects each technology.

5) We use these new probabilities to calculate the average change in market share resulting
from the changed conditions. This number can be combined with original market shares and
the known size of the perturbation to provide an estimate of the arc elasticity as a function
of the perturbation size 8:

b.market share MSnew - MSoid MSnew - MSoid
market share lv/Sold A.fSold A.fSnew - MSoid

b.operating cost OOnew - OOoid (1+8)OOold - OOoid 8MSoid
operating cost OOold OOoid

Note that the change in market share (the numerator) is averaged over all households in the
dataset with equal weights and divided by the original market share (similarly averaged).
An alternative method (which we do not use) would be to calculate the arc elasticity for each
household separately and then average them. The two methods are exactly equivalent if, in
the second method, each household is weighted by the probability that it selects the particu
lar technology whose elasticity is being estimated. In effect, the elasticity of a household
which is likely to choose the technology counts more than that of a household unlikely to
choose it. This weighted average approach to estimating aggregate elasticities is also used in

8 This comparison, and other issues relating to aggregation bias, is discussed in Wood, Ruderman, &
McMahon 1181.
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the transportation modal-choice literature (e.g., McOarthy [11]).

6) The logit formulation of the model assures us that each of the components of the ratio to the
right of the last equality above can be approximated by a polynomial in 8. Thus the entire
ratio (Le., the arc elasticity as a function of 8) is a polynomial in 8 and for small values of 8
can be represented by a quadratic by neglecting terms of order 83 or higher. \Ve can then get
an estimate of the point elasticity (the limit as 8 approaches zero) by taking the intercept of
the least-squares quadratic curve fitted to the arc elasticity as a function of pertl,lrbation
size.9

This process is graphically shown in Figure 1 on the following page.

Results of this approach are tabulated in Appendix 1. The elasticities reported there are for
the values of the explanatory variables set at their observed values for all households in the
dataset, corresponding to the classical approach of reporting elasticities for the independent vari
ables set at their mean values in the dataset.

Our approach to calculating elasticities offers two specific advantages over the classical
approach of taking analytic derivatives and evaluating them at mean values of the exogenous vari
ables:

1) The sample enumeration technique (in which an aggregate change in market share is derived
from a sum of individual household changes in probability) allows direct estimation of the
aggregate market elasticity, without any aggregation bias due to the use of "representative"
data. 10

2) Oalculation of a well-fitting quadratic curve to the arc elasticity data means that elasticities
over the entire range of perturbations from -33% to +50% can be represented by only three
parameters. This simple representation of arc elasticities allows more accurate prediction of
new market shares under large relative changes in the independent variables than would be
possible using only "constant elasticity" predictions from the point elasticity.

These advantages, and the errors that occur if they are not used, are discussed in \Vood,
Ruderman, and McMahon [18].

9 An arc-elasticity can be viewed as a scaled "arc-derivative" (i.e., a ratio of forward or backward finite
differences in two related variables, multiplied by the inverse ratio of the variables themselves). As such, we also
found that we could fit an appropriately scaled and shifted transformation of the density function
OPjoo = aP(I-P) (where P = eOOj(l+eOO) is a logistic distribution function in 0) and achieve an extremely good
fit over a. very wide range of values for O. However, this approach has two dra.wbacks that lead us to not report
it more fully here: 1) it is not linear in the shift and scale parameters to be estimated, and so requires non-linear
fitting algorithms, which are not as widely available, and 2) it obscures the simple algebraic relationship between
the constant term of a polynomial fit and the point elasticity.

10 McFadden and Reid !141 discuss the sources and consequences of such bias. Later studies (Reid 1161, Landau
Igll offer evidence that aggregation bias is both pervasive and significant.
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5. Limitations and Caveats

This section discusses some of the limitations of the model used by EPRI and our simulation
approach.

1) The principal fault with elasticities derived from EPRI's work is based on the calculation of
operating cost froma price-independent model such as MIT's Thermal Load Model. Operat
ing cost was based on the known household size, the year and type of construction, ,and the
fuel prices in the region at the time of construction. These factors determine the likely ther
mal integrity of the dwelling, the system capacity necessary for the house under each tech
nology, and the "demand" (the usage) of energy for each technology. But real demand for
energy (and thus the real operating cost) are almost certainly price-dependent. Elasticities
estimated from a model that treats energy use as constant under changing price conditions
may not accurately predict market shares in a real world where demand is elastic.

2) The estimated elasticities reported in Appendix 1 can be taken as statistically unbiased only
to the extent that the 1300 or so household observations can be treated as if they were a ran
dom draw from the general population. This is only approximately true. The Annual Hous
ing Surveys seek to achieve a balance between the "central city" and "other" in each SMSA
examined. So the selection of households is not perfectly random in the raw data. The data
was further winnowed by EPRI, in that they used only households which were single-family,
owner-occupied, constructed in the year of the Housing Survey, and for which the necessary
demographic and weather data were available. There may conceivably be some self-selection
in reporting of income or other data, which could affect the randomness of our "representa
tive" sample. While this is certainly true, it is probably not critical. It will be less critical if
we limit our results to statements about new, owner-occupied, single-family housing inside
SMSAs. For that population, the sample is probably acceptably close to random.

This "fault" (i.e., the data may not be perfectly representative of the national population) is
shared by the classical approach of substituting mean values in an analytic expression for the
elasticity, but that approach suffers the addition of aggregation bias.

3) Our arc elasticities resulted from "simulations" using modified coefficients generated in
EPRI's study. They do not take into account the variance of those coefficients (we use only
the maximum likelihood estimate). The two-step nested logit procedure used by EPRI pro
duces three sets of estimated coefficients (one for the cooling choice and one for each of the
heating choices), each of which has a joint normal distribution and an estimated covariance
matrix. This uncertainty in the estimated values of the coefficients of EPRI's model is not
reflected anywhere in our estimated arc or point elasticities.

It could be included by true Monte Carlo simulation at another level of the problem: make a
series of random draws from the joint normal distributions for the coefficients of the proba
bility model. For each set of coefficients drawn, carry out the elasticity calculations. The
elasticities (i.e., the least-squares estimate of the intercept) found in this series of calculations
can be averaged, and their mean and standard deviation will reflect the confidence due to
uncertain coefficients. It seems reasonable to suspect that the uncertainty found in this
manner could be unpleasantly large. Both the fault and its potential solution are shared by
the classical approach.
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Appendix 1

This appendix reports the numerical values of the elasticities estimated by our simulation
and sample enumeration approach. Each table reports the· elasticity of market share for twelve
different technologies (or aggregated technologies) with respect to one particular variable.

The first column reports the point elasticity, i.e., the intercept of the quadratic curve fit by
least-squares techniques to the arc elasticity as a function of perturbation size. The linear and qua
dratic terms of that fit are shown in the second and third columns. Inspection of the tables wiLl
show that in almost all cross-elasticities the quadratic term is quite small, suggesting that a linear
approximation would have been sufficient. This fact gives some credence to the approach we use
when estimating new market shares as several variables change at once (discussed in Appendix 2,
part B).

Elasticity of 12 Technology Groups wrt Household Income

point linear quadratic
technology elasticity term term

central cooling only 0.288 -0.0489 -0.0161,

all gas systems 0.0,195 0.0217 -0.00[HJ3
central gas systems 0.0553 0.0210 -0.010·1
non-central gas systems -0.565 0.0973 0.0313

all oil systems -0.277 0.0537 0.011'1
central oil systems -0.270 0.05~H 0.0169
non-central oil systems -0.589 0.107 0.0348

all conventional elec -0.137 -0.0370 0.0153
central electric -0.0880 -0.0576 0.0200
non-central electric -0.252 0.0107 0.00·171

heat pumps only 0.324 -0.0·169 -0.00667

all elec (incl heat pumps) -0.673XlO-3 -0.0399 0.00879
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Elasticity of 12 Technology Groups wrt
Presence of "Cumulative" Gas Restrictions

point linear quadratic
technology elasticity term term

central cooling only -0.0394 0.0246 -0.00634

all gas systems -0.184 0.114 -0.0339
central gas systems -0.184 0.114 -0.0339
non-central gas systems -0.180 0.112 -0.0383

all oil systems 0.293 -0.181 0.0537
central oil systems 0.293 -0.181 0.0536
non-central oil systems 0.281 -0.177 0.0563

all conventional elec 0.167 -0.103 0.0309
central electric 0.179 -0.112 0.0340
non-central electric 0.139 -0.0828 0.0239

heat pumps only 0.177 -0.110 0.0329

all elec (inel heat pumps) 0.170 -0.105 0.0316

Elasticity of 12 Technology Groups wrt "Weather"

point linear quadratic
technology elasticity term term

central cooling only 0.476 -0.255 0.0521

all gas systems -0.0616 0.0458 -0.0164
central gas systems -0.0537 0.0415 -0.0156
non-central gas systems -0.893 0.493 -0.100

all oil systems -0.499 0.150 0.0509
central oil systems -0.486 0.144 0.0513
non-central oil systems -1.034 0.392 0.0,192

all conventional elec 0.0794 -0.0139 -0.0157
central electric 0.262 -0.134 0.0230
non-central electric -0.346 0.265 -0.106

heat pumps only 0.460 -0.281 0.0699

all elee (inel heat pumps) 0.192 -0.0927 0.00951
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Elasticity of 12 Technology Groups wrt
Capital Cost of Conventional Electric Heat

point linear quadratic

technology elasticity term term

central cooling only -0.0745 -0.0154 0.0235.

all gas systems 0.231 -0.0265 -0.0289
central gas systems 0.231 -0.0266 -0.0291
non-central gas systems 0.202 -0.0163 -0.00359

all oil systems 0.175 -0.0209 -0.00610
central oil systems 0.175 -0.0209 -0.00620
non-central oil systems 0.201 -0.0213 -0.00708

all conventional elec -0.646 0.0'183 0.0956
central electric -0.652 0.106 0.0921
non-central electric -0.63·1 -0.0852 0.103

heat pumps only 0.404 0.0160 -0.0976

all elec (incl heat pumps) -0.336 0.0388 0.0384

Elasticity of 12 Technology Groups wrt
Capital Cost of Central Electric Heat

point linear quadratic
technology elasticity term term

central cooling only -0.0764 0.00935 0.0193 .

all gas systems 0.152 -0.0618 -0.00788
central gas systems 0.153 -0.0620 -0.00807
non-central gas systems 0.0953 -0.0468 0.00625

all oil systems 0.108 -0.0235 -0.818X10-4
central oil systems 0.108 -0.0234 -0.168XlO-3

non-central oil systems 0.103 -0.0292 0.00171

all conventional elec -0.4'12 0.151 0.0330
central electric -0.856 0.332 0.118
non-cen tral electric 0.523 -0.272 -0.164

heat pumps only 0.311 -0.0733 -0.0·158

all elec (incl heat pumps) -0.220 0.0846 0.00977
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Elasticity of 12 Technology Groups wrt
Capital Cost of Non-Central Electric Heat

point linear quadratic
technology elasticity term term

central cooling only 0.00200 -0.00695 0.00763 ,

all gas systems 0.0785 -0.0352 -0.00217
central gas systems 0.0783 -0.0352 -0.00210
non-central gas systems 0.107 -0.0365 -0.0080-1

all oil systems 0.0670 -0.0209 0.00213
central oil systems 0.0663 -0.0207 0.00220
non-central oil systems 0.0972 -0.0290 0.369XlO-3

all conventional elec -0.20 f1 0.0899 0.00912
central electric 0.205 -0.0419 -0.0680
non-central electric -1.157 0.397 0.189

heat pumps only 0.0932 -0.0455 -O.OIH

all elec (incl heat pumps) -0.116 0.0'199 0.00221

Elasticity of 12 Technology Groups wrt
Capital Cost of Heat Pumps

point linear quadratic
technology elasticity term term

central cooling only 0.418 -0.401 0.07H

all gas systems 0.209 -0.206 0.0739
central gas systems 0.211 -0.207 0.0744
non-central gas systems 0.0'129 -0.0359 0.0155

all oil systems 0.117 -0.0598 0.00'163
central oil systems 0.119 -0.0607 0.00'159
non-central oil systems 0.0,189 -0.0252 0.00592

all conventional elec 0.433 -0.426 0.0377
central electric 0.475 "-0.444 0.0583
non-central electric 0.336 -0.383 -0.0106

heat pumps only -2.028 1.952 -0.414

all elec (incl heat pumps) -0.295 0.277 -0.0960
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Elasticity of 12 Technology Groups wrt
Capital Cost of Conventional Central Cooling

point linear quadratic
technology elasticity term term

central cooling only -0.357 -0.0432 -0.012~

all gas systems -0.0637 -0.03'11 -0.00410
central gas systems -0.0673 -0.0342 -0.00-112
non-central gas systems 0.320 -0.0256 -0.00506

all oil systems 0.134 -0.0086'1 -0.00562
central oil systems 0.129 -0.00867 -0.00529
non-central oil systems 0.3,16 -0.00801 -0.0123

all conventional elec -0.20-1 -0.0789 -0.00360
central electric -0.299 -0.0487 -0.0256
non-central electric 0.0161 -0.149 0.0'179

heat pumps only 0.661 0.3'13 0.0297

all elec (incl heat pumps) 0.0513 0.0457 0.00638

Elasticity of 12 Technology Groups wrt
Capital Cost of All Gas Heat

point linear quadratic
technology elasticity term term

central cooling only -0.0370 -0.0171 0.0143

all gas systems -0.465 0.0760 0.00948
central gas systems -0.463 0.0744 0.0103
non-central gas systems -0.708 0.246 -0.0807

all oil systems 0.372 0.0394 -0.0154
central oil systems 0.370 0.0388 -0.0153
non-central oil systems 0.459 0.0626 -0.0219

all conventional elec 0.540 -0.121 -0.00'169
central electric 0.'190 -0.0913 -0.0256
non-central electric 0.656 -0.190 0.0tft13

,
heat pumps only 0.4'17 -0.0714 -0.0185

all elec (incl heat pumps) 0.512 -0.106 -0.00876
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Elasticity of 12 Technology Groups wrt
Capital Cost of Central Gas Heat

point linear quadratic
technology elasticity term term

central cooling only -0.0391 -0.0171 O.OlH
,

all gas systems -0.461 0.0794 0.010,1
central gas systems -0.473 0.0780 0.0114
non-central gas systems 0.888 0.231 -0.0921

all oil systems 0.365 0.0334 -0.0172
central oil systems 0.363 0.0330 -0.0170
non-central oil systems 0.4<18 0.0527 -0.0254

all conventional elec 0.534 -0.125 -0.00532
central electric 0.486 -0.0938 -0.0259
non-central electric 0.6'16 -0.198 0.0'12'1

heat pumps only 0.445 -0.0722 -0.0183

all elec (incl heat pumps) 0.508 -0.109 -0.00916

Elasticity of 12 Technology Groups wrt
Capital Cost of Non-Central Gas Heat

point linear quadratic
technology elasticity term term

central cooling only 0.00216 -0.00254 0.00201

all gas systems -0.00489 0.00682 -0.00669
central gas systems 0.0102 -0.0108 0.00748
non-central gas systems -1.598 1.868 -1.510

all oil systems 0.0073'1 -0.00511 0.00277
central oil systems 0.00725 -0.0050,1 0.00277
non-central oil systems 0.0110 -0.00819 0.00'175

all conventional elec 0.0058·1 -0.00970 0.0100
central electric 0.00397 -0.00591 0.00562
non-central electric 0.0102 -0.0185 0.0200

heat pumps only 0.00180 -0.00245 0.00215

all elec (incl heat pumps) 0.00464 -0.00756 0.00773
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Elasticity of 12 Technology Groups wrt
Capital Cost of All Oil Heat

point linear quadratic
technology elasticity term term

central cooling only 0.0~W2 -0.0309 0.0220

all gas systems 0.129 -0.125 0.0819
central gas systems 0.127 -0.124 0.0814
non-central gas systems 0.258 -0.237 0.139

all oil systems -1.273 1.114 -0.699
central oil systems -1.282 1.130 -0.712
non-central oil systems -0.941 0.472 -0.175

all conventional elec 0.141 -0.105 0.0596
central electric 0.123 -0.0890 0.0'192
non-central electric 0.18-1 -0.142 0.0839

heat pumps only 0.0808 -0.0623 0.0378

all elec (inc! heat pumps) 0.123 -0.0923 0.0532

Elasticity of 12 Technology Groups wrt
Capital Cost of Central Oil Heat

point linear quadratic
technology elasticity term term

central cooling only 0.0232 -0.0306 0.0220

all gas systems 0.126 -0.124 0.0820
central gas systems 0.125 -0.123 0.0815
non-central gas systems 0.252 -0.235 0.1,10

all oil systems -1.246 1.109 -0.702
central oil systems -1.290 1.141 -0.719
non-central oil systems 0.538 -0.196 -0.00298

all conventional elec 0.138 -0.105 0.OG01
central electric 0.120 -0.0892 0.0"198
non-central electric 0.179 -0.142 0.08,13

heat pumps only 0.0797 -0.0621 0.0380

all elec (inc! heat pumps) 0.121 -0.0924 0.0536
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Elasticity of 12 Technology Groups wrt .
Capital Cost of Non-Central Oil Heat

point linear quadratic
technology elasticity term term

central cooling only 0.944XlO-3 -0.9~3XI0-3 0.600XlO-6

all gas systems 0.00~86 -0.00306 0.00~~3

central gas systems 0.00~83 -0.00303 0.00~18

non-central gas systems 0.00644 -0.00643 0.00H5

all oil systems -0.0~72 0.0~9~ -0.0~15

central oil systems 0.00843 -0.00570 0.00259
non-central oil systems -1.479 1.453 -1.00,1

all conventional elec 0.00307 -0.00334 0.00~55

central electric 0.00239 -0.00244 0.0017~

non-central· electric 0.00-166 -0.00544 0.004-13

heat pumps only 0.0011~ -0.0011~ 0.715XlO-3

all elec (incl heat pumps) 0.00249 -0.00269 0.00~03
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Elasticity of 12 Technology Groups wrt Price of Electricity

point linear quadratic
technology elasticity term term

central cooling only -0.242 -0.0286 -0.0'i60
,

all gas systems 0.451 -0.624 0.450
central gas systems 0.449 -0.627 0.452
non-central gas systems 0.732 -0.305 0.222

all oil systems 1.811 -0.0125 -0.407
central oil systems 1.822 -0.00535 -0.417
non-central oil systems 1.350 -0.303 0.00168

all conventional elec -1.072 1.030 -0.728
central electric -1.137 1.092 -0.768
non-central electric -0.922 0.886 -0.633

heat pumps only -0.789 0.264 0.0950

all elec (incl heat pumps) -0.989 0.803 -0.485

Elasticity of 12 Technology Groups wrt
Operating Cost of Central Electric Heat

point linear quadratic
technology elasticity term term

central cooling only -0.380 0.304 0.0766

all gas systems 0.564 -0.623 0.142
central gas systems 0.566 -0.626 0.142
non-central gas systems 0.281 -0.329 0.159

all oil systems 0.636 -0.514 -0.0937
central oil systems 0.641 -0.517 -0.0975
non-central oil systems 0.'150 -0.405 0.0606

all conventional elec -1.755 1.59-1 0.0625
central electric -2.877 2.481 0.231
non-central electric 0.860 -0.474 -0.331

heat pumps only 1.250 -0.700 -0.691

all elec (incl heat pumps) -0.867 0.916 -0.160
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Elasticity of 12 Technology Groups wrt
Operating Cost of Non-Central Electric Heat

point linear quadratic
technology elasticity term term

central cooling only 0.0130 0.195 -0.301
,

all gas systems -0.362 -0.119 0.479
central gas systems -0.36'1 -0.118 0.480
non-central gas systems -0.119 -0.169 0.323

all oil systems 0.640 -0.630 0.577
central oil systems 0.652 -0.633 0.5H
non-central oil systems 0.187 -0.531 0.668

all conventional elec 0.358 0.858 -1.636
central electric 1.4'19 -0.883 0.179
non-central electric -2.183 4.918 -5.865

heat pumps only 0.226 -1.0·17 1.380

all elec (incl heat pumps) 0.319 0.295 -0.744

Elasticity of 12 Technology Groups wrt
Operating Cost of Heat Pumps

point linear quadratic
technology elasticity term term

central cooling only 0.670 -0.743 0.0692

all gas systems 0.347 -0.440 0.161
central gas systems 0.350 -0.443 0.161
non-central gas systems 0.0842 -0.115 0.0705

all oil systems 0.294 -0.284 0.0356
central oil systems 0.298 -0.287 0.0347
non-central oil systems 0.128 -0.151 0.0723

all conventional elec 0.656 -0.671 -0.0771
central electric 0.738 -0.732 -0.0678
non-central electric 0.464 -0.528 -0.0986

heat pumps only -3.293 3.723 -0.539

all elec (incl heat pumps) -0.512 0.628 -0.214
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Elasticity of 12 Technology Groups wrt
Operating Cost of Heat Pumps (Heating Side Only)

point linear quadratic
technology elasticity term term

central cooling only 00401 -0.292 O.OHO.

all gas systems 0.221 -0.193 0.0627
central gas systems 0.223 -0.194 0.0629
non-central gas systems 0.0648 -0.0698 0.0366

all oil systems 0.225 -0.180 0.0336
central oil systems 0.228 -0.182 0.0332
non-central oil systems 0.107 -0.108 0.0468

all conventional elec 0.372 -0.236 -0.00222
central electric 00438 -0.274 -0.00989
non-central electric 0.218 -0.149 0.0151

heat pumps only -2.016 1.537 -0.293

all elec (incl heat pumps) -0.334 0.288 -0.0883

Elasticity of 12 Technology Groups wrt
Operating Cost of Heat Pumps (Cooling Side Only)

point linear quadratic
technology elasticity term term

central cooling only 0.270 -0.241 0.0270

all gas systems 0.126 -0.104 0.0329
central gas systems 0.127 -0.105 0.0332
non-central gas systems 0.0195 -0.0111 0.00368

all oil systems 0.0694 -0.0307 0.326XlO-3

central oil systems 0.0706 -0.0313 OA08XlO-3

non-central oil systems 0.0213 -0.00668 0.987X10-3

all conventional elec 0.285 -0.277 0.00U3
central electric 0.302 -0.279 0.0339
non-central electric 0.247 -0.274 ~0.0714

heat pumps only -1.281 1.136 -0.149

all elec (incl heat pumps) -0.178 0.141 -0.0-125
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Elasticity of 12 Technology Groups wrt
Operating Cost of Conventional Central Cooling

point linear quadratic
technology elasticity term term

central cooling only -0.548 -0.209 0.194 ,

all gas systems -0.0986 -0.0792 0.0227
central gas systems -0.104 -0.0801 0.0232
non-central gas systems 0.486 0.0198 -0.0343

all oil systems 0.240 -0.00526 -0.0142
central oil systems 0.232 -0.00610 -0.0131
non-central oil systems 0.586 0.0287 -0.0527

all conventional elec -0.335 -0.238 0.268
central electric -0.445 -0.232 0.232
non-central electric -0.0789 -0.253 0.351

heat pumps only 1.0'13 0.915 -0.727

all elec (incl heat pumps) 0.0721 0.103 -0.0260

Elasticity of 12 Technology Groupswrt Price of Gas

point linear quadratic
technology elasticity term term

central cooling only -0.176 0.0269 0.0265

all gas systems -0.555 0.0482 0.0719
central gas systems -0.559 0.0491 0.0724
non-central gas systems -0.168 -0.0459 0.0117

all oil systems 0.417 0.0172 -0.0290
central oil systems 0.418 0.0171 -0.0291
non-central oil systems 0.377 0.0195 -0.0165

all conventional elec 0.59·1 -0.0778 -0.0674
central electric 0.6H -0.0585 -0.0960
non-central electric 0.5<19 -0.123 -0.818X10-3

heat pumps only 0.673 -0.036·1 -0.130

all elec (inc! heat pumps) 0.618 -0.0656 -0.0859
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Elasticity of 12 Technology Groups wrt
Operating Cost of Central Gas Heat

point linear quadratic
technology elasticity term term

central cooling only -0.177 0.0268 0.0265 .
all gas systems -0.553 0.0499 0.0718

central gas systems -0.564 0.0495 0.0730
non-central gas systems 0.625 0.0915 -0.0406

all oil systems 0.413 0.0141 -0.0297
central oil systems 0.414 0.0141 -0.0297
non-central oil systems 0.371 0.0151 -0.0176

all conventional elec 0.591 -0.0798 -0.0671
central electric 0.612 -0.0599 -0.0957
non-central electric 0.544 -0.126 -0.376X10-3

heat pumps only 0.672 -0.0372 -0.130

all elec (incl heat pumps) 0.615 -0.0672 _ -0.0858

Elasticity of 12 Technology Groups wrt
Operating Cost of Non-Central Gas Heat

point linear quadratic
technology elasticity term term

central cooling only 0.00106 -OA53XlO-3 0.296XlO-4

all gas systems -0.00272 0.00176 -0.925X10-3
central gas systems 0.00474 -0.00208 0.737X10-3

non-central gas systems -0.792 0.108 -0.177

all oil systems 0.00'170 -0.00189 0.684X10-3

central oil systems 0.0046·1 -0.00188 0.749X10-3
non-central oil systems 0.00675 -0.00281 0.966X10-3

all conventional elec 0.00305 -0.002'10 0.0014-1
central electric 0.00213 -0.00152 0.795X10-3

non-central electric 0.00515 -0.00447 0.00319

heat pumps only 0.908X10-3 -0.466X10-3 0.964X10-4

all elec (incl heat pumps) 0.002'12 -0.00182 O.OOlOO
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Elasticity of 12 Technology Groups wrt Price of Oil

point linear quadratic
technology elasticity term term

central cooling only -0.0164 0.0336 -0.0256 .
all gas systems 0.115 -0.0940 0.0541

central gas systems 0.114 -0.0941 0.0545
non-central gas systems 0.163 -0.0800 0.0248

all oil systems -1.263 1.035 -0.590
central oil systems -1.273 1.052 -0.603
non-central oil systems -0.868 0.332 -0.0524

all conventional elec 0.141 -0.105 0.0570
central electric 0.142 -0.117 0.0658
non-central electric 0.138 -0.0779 0.0365

heat pumps only 0.133 -0.133 0.0802

all elec (incl heat pumps) 0.139 -0.114 0.0638

Elasticity of 12 Technology Groups wrt
Operating Cost of Central Oil Heat

point linear quadratic
technology elasticity term term

central cooling only -0.0172 0.0338 -0.0256

all gas systems 0.113 -0.0935 0.0542
central gas systems 0.112 -0.0936 0.0545
non-central gas systems 0.158 -0.0790 0.0251

all oil systems -1.242 1.032 -0.592
central oil systems -1.281 1.059 -0.606
non-central oil systems 0.350 -0.0700 -0.00528

all conventional elec 0.138 -0.106 0.0572
central electric 0.140 -0.117 0.0660
non-central electric 0.134 -0.0779 0.0367

heat pumps only 0.132 -0.133 0.0805

all elec (incl heat pumps) 0.137 -0.114 0.0640
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Elasticity of 12 Technology Groups wrt
Operating Cost of Non-Central Oil Heat

point linear quadratic
technology elasticity term term

central cooling only 0.776XlO-3 -0.507X10-3 0.161XHr3

all gas systems 0.00222 -0.00152 0.636X10-3

central gas systems 0.00220 -0.00150 0.608X10-3

non-central gas systems 0.00517 -0.00350 0.00154

all oil systems -0.0216 0.0153 -0.00736
central oil systems 0.00779 -0.00447 0.00161
non-central oil systems -1.219 0.821 -0.366

all conventional elec 0.00252 -0.00189 0.976XlO-3

central electric 0.00200 -0.00145 0.675X10-3

non-central electric 0.00376 -0.00287 0.00148

heat pumps only 0.924XlO-3 -0.614X10-3 0.145X10-3

all elec (incl heat pumps) 0.00204 -0.00151 0.753X10-3
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Appendix 2

In this appendix we discuss four issues: a) the reason why our elasticity as a function of per
turbation size can be well-approximat.ed by a quadratic; b) the practice of neglecting multiplica
tive terms when calculating new market shares due to changes in several variables, and instead
just allowing the effect of each change to enter additively; c) calculating the point elasticity at
values of explanatory variables other than those actually obtained; and d) problems in estimating
the uncertainty of the coefficients of the quadratic fit to the arc-elasticity data.

A) Elasticity as a Function of Perturbation Size is Approximat.ely Quadratic

Remember the calculation we use to find our arc elasticity as a function of the perturbat.ion
size 0:

Amarket share
market share

Aoperating cost
operating cost

A1Snew - lvISold

MSoid

OOnew - OOoid

OOoid

A1Snew - MSold

MSoid

(1+0)OOold - OOoid

OOold

A1Snew - A1Soid

OMSold

Prob =

Consider only the ratio to t.he right of the last equalit.y. Each "market share" (MS) com
ponent of it is an average of 1300 household probabilities. Each probability is calculated from a
conditionallogit model, i.e., it is the ratio of an exponential to a sum of exponentials. In a much
simplified form, it looks like this:

eCiZ+{J1I + eCiW+{Jz

where x and ware different values (for two different alternatives) of the first independent variable,
y and z are different values of the second independent variable, and a and f3 are estimated
coefficients. The term A1Soid is just a constant as far as 0 is concerned. But the term A1Snew is the
average of probabilities which are each a function of 0:

e CiZ+{J1I(l+S)
Probnew =

eCiZ+{J,I(l+o) + eCiW+{Jz •

The numerator of this term can be expressed as a polynomial in 0, as can the denominator. The
ratio of two polynomials in 0 can be expanded as another polynomial in 0, and summing over
households and dividing to get an average market share doesn't affect this. Conveniently, the con
stant term of the resulting polynomial is exactly equal to A/SOld' so the subtraction in the numera
tor of

MSnew - A1Soid
elasticity as a function of 0 = 1](0) = oA1S

oid

leaves a polynomial in 0 without a constant term. Division by 0 puts us back to polynomial with a
constant, and division by the constant A1Soid leaves us there.

Thus we can see that the statistic we use to calculate arc elasticity as a function of perturba
tion size can be expressed as a polynomial in the perturbation size, and we can reasonably neglect
terms higher than tf2 if 0 is not too large. 1 This is confirmed by the empirical results that the mul
tiple R2 statistic obtained by regressing the arc elasticity on a quadratic in perturbation size is
commonly 0.98 or better.2

1 Essentially, we have considered the Taylor expansion of Prob new around 0=0 and neglected third- or
higher- order terms. The linear term in that expansion (which becomes the constant term after division by 0) has
a coefficient which is just the derivative of the market share with respect to the exogenous variable y perturbed
by 0, times the exogenous variable y itself.

2 for perturbation size 8 in the range -0.333 to +0.500.
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B) Neglecting Multiplicative Terms When Two or More Variables Change

If we have the terms of the quadratic fitted to the arc elasticity as a function of the pertur
bation size, we can quickly estimate the new market share for any perturbation in the range for
which the fit is good. If

MSnew - MSoid
1](0) = oMS

old

then algebraic rearrangement gives us

MSnew = MSold [l + o(ao + alo + a202)]·

If two or more variables, say, energy price (p) and capital cost (K), change simultaneously (by
amounts 01 and 02), we have to carry out an analysis similar to that in part A of this Appendix:

~z(1+e51)+,8Y(1+e521e
~Z(1+e51)+,8Y(1+e521 ~w+,8z •

e + e

Expansion of the exponentials in this equation gives us an estimate of the arc elasticity 1]p,K(01)02)
as a polynomial in 01 and 02' The constant term of this polynomial can be shown to equal the sum
of the constant terms in the polynomial expansions of 1]p(OI) and 1]K(02)' Thus we can greatly sim
plify the estimation of new market shares when several variables are changing simultaneously by
dropping terms in the product 0102' as well as all terms of order 03 or higher. This will result in the
effect of each perturbation entering additively, so that

MSoid + [A/Snew(OI) - MSoidl + [MSnew(02) - MSoldl

MSnew(od + MSnew(02) - A/Sold

MSold [l + 0l(ao + alol + a20f)] + MSold [l + 02(b o + bl02 + b20~)] - MSoid

MSold [l + 0l(ao + alol + a20f) + 1 + 02(bo + bl02 + b20~) - 1]

MSold [l + 0l(ao + alol + a20r) + 02(bo + bl02 + b20~)]

This is the approach used in LBL's Residential Energy Model.

C) Elasticities When Explanatory Variables Are at New Values

One of the principal advantages of the classical approach (i.e., using analytical derivatives)
to getting elasticities from a set of regression coefficients is that it expresses the elasticity as a
function of the explanatory variables directly, allowing you to find the point elasticity at values of
those variables other than their means. Fortunately, a similar technique is available with our
approach as well.

Let

and

A/Snew(02) = MSold [l + 02(aO + al02 + a20~)]

be the predicted market shares of a specific technology at two different perturbations of a particu
lar e?,ogenous variable.3 Then the point elasticity at the value of the variable perturbed by an

3 What we are doing is finding the predicted market shares under the conditions that every household in the
dataset has the value of that variable perturbed by °1 and 02" This corresponds to the classical technique where
the entire dataset is represented by its mean values, and some shift of those average values is proposed before
finding elasticities.
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amount 81 is:

(1 +8d [ao + 2a181 + 3a28r

1 + 81(ao + aA + a28r)

Thus, the point elasticity at some new value of an explanatory variable can be calculated
using no more than the size of the perturbation 81 necessary to reach that new value.

D) Some Problems in Estimating the Uncertainty of our Elasticity

We estimate the point elasticity by finding the intercept of a quadratic curve fitted to arc
elasticities as a function of perturbation size. The curve is fitted by least-squares techniques, and
the quality of that fit is remarkable; we commonly obtain multiple R 2 values for the regressions
of 0.98 or better.

It would seem that we have all the components in place for our application of the Gauss
Markov techniques: nearly unbiased estimates with approximately normal error, and analytic evi
dence that the statistic we are using will follow a polynomial, approximately quadratic relation
ship to the perturbation size.

Unfortunately, we are lacking one further component to make our application of least
squares techniques completely justified: independence from one data point to the next. The thir
teen data points used in each regression were the arc elasticities calculated for different perturba
tion sizes 8 over all 1300 households, the same households for each data point. Thus, although
each data point is the best available estimate for the "true" value of the arc elasticity as a func
tion of perturbation size, any error between the calculated statistic and the true value (due to a
finite sampling) is likely to occur in all the data. If that error is constant and additive, say, and
the true model perfectly quadratic in 8, then the linear and quadratic terms would be estimated
without bias, but the estimate of the intercept (i.e., the point elasticity) would be biased. Thus
the estimate of the standard error of the intercept, as reported in the tables in Appendix 1, is
almost certainly too low. We are actually not that sure about the value of the intercept, because
we have a bias of unknown size and direction.

This defect can be cured by calculating each arc elasticity on a different portion of the
dataset, where households are distributed into the portions randomly. The estimated arc elastici
ties are no longer based on the same households for each value of 8, and the requirement of
independence among successive errors is met. If we use thirteen different portions with about 100
households in each, then estimate of the quadratic curve intercept will give unbiased results, but
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the variability of that estimate should increase.

\Ve calculated several elasticities using this method, and obtained pretty much the antici
pated results: about the same value for the estimated point elasticity at the intercept, a much
larger (and presumably more realistic) estimated standard error of that estimate, and overall
greater variability with a corresponding loss of "goodness-of-fit."

This loss of goodness-of-fit is a serious loss, however. It means that the coefficients of the
best fitting curve may give a fitted value of

MSnew = MSo1d [1 + o(ao +alo + az02)].

which differs significantly from the best available estimate obtained by using all 1300 households
to calculate MSnew ' Essentially, we are facing the fairly common problem of trading off unbiased
ness with large variance (being exactly right, on average) for biasedness with small variance (being
almost right most of the time). Because of the importance of estimated market shares fitted by
using the coefficients (as above) in LI3L's Residential Energy Model, we have chosen to use all the
data to estimate each data point. \Ve lose an accurate estimate of our uncertainty, but we gain
dependability in predicting changes in market share as economic elements change.
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Appendix 3

In this appendix we describe how the elasticity estimates and methodology reported in this
paper are incorporated into LBL's Residential Energy Model. \Ve also consider an alternative
method, and discuss the circumstances under which the alternative might be preferred.

Concern over future energy demand has prompted several researchers to develop predictive
computer models of national energy use. The LBL Residential Energy Model (LBL-REM) is one
such model. The model makes long-run projections of future energy demand, given a propGsed
scenario of economic development, fuel price paths, etc. It was derived from earlier work done at
Oak Ridge National Laboratory, with particular improvements that make it highly effective for
analyzing changes in the efficiencies of residential appliances. The ORNL model was specifically
modified to allow greater disaggregation by end-use and more sophisticated expression of the rela
tionships among the determinants of energy consumption. (See McMahon [15] for a full descrip
tion of the model.)

Almost all models that simulate future energy demand have to make some accommodation
to several problems, including the prediction of market shares for fuels and technologies under
changing conditions, and the emergence of new technologies for which consumer preference is unk
nown.

The first of these is commonly handled by obtaining an estimate of the market share elastici
ties, perhaps expressed as a function of independent variables. Projected market shares can then
be calculated either by straight-line extension of the slope expressed by the elasticity, or by updat
ing the independent variables and recalculating the elasticity periodically. The second method is
obviously preferable, with more frequent updating preferred over less frequent. But the expres
sions used to calculate elasticities are commonly derived from econometric studies which were
made in a particular context. The farther one gets from that context, whether in the population
surveyed, the technologies offered, or the values of the explanatory variables, the less confidence
one should have in the estimated elasticities. It is important that any model be regularly revised
to include the best available information in the expressions governing the evolution of the modeled
phenomena.

The second problem is difficult to deal with, and different researchers have approached it in
different ways. An example of this is heat pump technology, which has claimed a significant
market share only in the last five to ten years. In past versions of LBL-REM, heat pumps were
considered to be an independently-estimated fraction of all electric systems, with the market share
of electricity calculated first and heat pumps broken out afterwards. This approach had obvious
drawbacks.

The inclusion of the work reported in this paper will allow improvements both in the metho
dology of calculating future market shares, and in handling heat pump technology. Based on the
quality of the original model by EPRI, we feel the elasticities reported here represent the best
available estimates. They are estimated on the proper level of disaggregated data, over all
currently available technologies of significance, and using a satisfactory model of the relationship
between cooling and heating choices. Furthermore, as discussed in Appendix 2, new market shares
due to changing conditions can be calculated directly from the size of the changes in the variables
(relative to base values). Heat pumps, being explicitly modeled for the first time in EPRI's work,
can be explicitly accounted for in the forecasting model, LBL-REM.

LBL-REM calculates the market shares of each of eight different technologies or technology
groups, shown in the table below. Note that central electric systems and non-central electric sys
tems together compose the category "conventional electric," and heat pumps are distillct from this
grouping. Note also that "conventional" central cooling is possible in combination with any of the
other technologies (with the exception of the heat pump alternative, which is somewhat arbitrarily
defined as "non-conventional"). The work reported in this paper has calculated the arc elasticity
as a function of perturbation size for each of these technology groups with respect to a number of
explanatory variables. Specifically, we use arc elasticities of market share with respect to changes
in 1) the operating cost of each of the eight technologies, 2) the capital cost of each of the eight
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Technology Groups

Heating Systems Cooling Systems

Gas Systems
1. central gas
2. non-central gas

Oil Systems
3. central oil
4. non-central oil

Conventional Electric Systems Conventional Electric Systems
5. central electric 8. central air conditioning
6. non-central electric

Non-Conventional Electric Systems
7. heat pumps

(includes central cooling)

technologies, 3) household income, 4) the presence (or absence) of gas restrictions, and 5) the
"weather" exogenous variable.

The first three of these are self-explanatory. The fourth is necessary because the existence of
gas curtailments in the late 1970's artificially depressed gas market share, which then "rebounded"
after the restrictions were lifted. Similarly, the fifth category, weather, reflects the ongoing gen
eral shift of population to the south and west. These non-economic (i.e., independent of traditional
price and income measurement) phenomena are essential for accurate modeling of residential
energy market shares.

As explained in Appendix 2, we can use the quadratic relationship between arc elasticity and
perturbation size to estimate new market shares directly, as the consequence of simultaneous
changes in a variety of explanatory variables. For perturbations of size less than or equal to
+50%, we use the parameters of the quadratic curve estimated on the data. For perturbations
greater than +50% (up to +300%) we use a largely (but not entirely) ad hoc procedure of fitting
both an exponential and linear model to the data, and selecting coefficients from the better-fitting
mode1.4

The model stores values for household income and the capital and operating costs of each of
the technologies in the "base year" of the simulation (currently, 1977). Operating costs are calcu
lated by the expression

00 = (fuel price)(usage)(thermal integrity)
(equipment efficiency) .

The algorithm used by LBL-REM for estimating new market shares is described below.

4 More specifically, we solve two equations: y = a+bS and y =ae b6 for the value of the arc elasticity at the
two endpoints of the range S = 0.5 to 3.0. To insure continuity with the range where S:S 0.5, the left endpoint is
solved not for the calculated arc elasticity itself, but rather for the fitted value of the quadratic curve derived on
the data where S:S 0.5. For each of these two equations, the quality of the fit to selected data points in the range
can be compared by finding the multiple R2 value for each equation. The better-fitting equation is then used to
predict new market shares when perturbations are in the range S = 0.5 to 3.0.
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LBL-REM Algorithm for Estimating New Market Shares

The following steps for estimating the market shares of space-heating technologies are car
ried out for each year of a projection:

1) Calculate "current year" values for:

a) household income;

b) the capital cost of eight technologies;

c) the operating cost of eigl}t technologies, given the new fuel prices, efficiencies, thermal
integrity, etc.

2) For household income, capital cost, and operating cost of the eight technologies, calculate:

o = new value - base value.
base value

Call these 0inc, Occ, and 0oc, respectively.

3) Use these seventeen values of 0 (one income effect, eight capital cost effects, and eight operat
ing cost effects) to find the new market shares of each technology.

MSnew = MSo/d[ 1 + (income effects) + (capital cost effects) + (operating cost effects) ]

= .NfSo/d[ 1 + 0inc( aO,inc + at,incOinc + a2,incO~c) +
oedao,CC + at,CCOCC + a2,cc0l-d + }terms in first

00d ao,OC + at,OCooc + a2,ocobd of eight technologies

+ ... +
0cdho,cc + ht,ccocc + h2,cc0l-c) + }terms in last

0odho,oc + ht,ocooc + h2,ocObd]· of eight technologies

Note that each of the seventeen values of 0 must be tested for 0 ~ 0.5, and the appropriate
linear or exponential expression substituted for the quadratic relationship above when the
test is not met.

With this procedure, we are treating the effect of simultaneous changes in all the different
explanatory variables (income, eight capital costs, and eight operating costs) as being additive in
their individual effects. As discussed in Appendix 2, this is accomplished only by a) neglecting all
terms of order 03 or higher, which seems reasonable if the different perturbations are "small", and
b) neglecting cross-product terms of order 02, which does not seem so defensible.

\Ve can reduce this error somewhat (at least for operating costs) by using the following argu
ment: Some portion of the change in market share of any given technology is due to simultaneous
changes in operating cost of all the other systems. And some portion of the (different) simultane
ous changes in the operating cost of aU systems using a given fuel is due to the (common) change
in fuel price. If we can capture that portion of the change, we could apply the perturbation 0 asso
ciated with it against an elasticity that was calculated with respect to fuel price, i.e, with respect
to simultaneous changes in the operating cost of all the technologies using that fuel. Essentially,
we want to find 0fuel and 0tech such that:

00c = Ojuel + Otech

where fuel refers to new fuel prices (and is common to all technologies using that fuel) and tech
refers to technology-specific changes in efficiency, usage, etc.

That portion of the change which is due to changing fuel prices is used in conjunction with
an elasticity calculated by perturbing the operating cost of all technologies using that fuel. As
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such, it is free of any error caused by neglecting the second-order terms in the product of different
perturbation sizes for different operating costs. Only the technology-specific changes ateel' carry
that error. However, as we will discuss shortly, this procedure of dividing aoe into two parts car
ries its own error. A judgement must be made as to which source of error is likely to be greater
for a given economic scenario. Below, we explain an algorithm for carrying out the partial "fix"
described in this paragraph.

Alternative Algorithm for Estimating New Market Shares

The following steps for estimating the market shares of space-heating technologies are car
ried out for each year of a projection:

1) Oalculate "current year" values for:

a) household income;

b) the capital cost of eight technologies;

c) the operating cost of eight technologies, given the new (i.e., current year) values for
fuel prices and base (i.e., base year) values for efficiencies, thermal integrity, etc. (call
this OGJuel);

d) the operating cost of eight technologies, given the new fuel prices, efficiencies, thermal
integrity, etc. (call this OGnew );

2) For household income and the capital cost of the eight technologies, calculate:

a = new value - base value.
base value

3) For the operating cost of the eight technologies, calculate:

OGJuel - OGbase
a Juel =

OGbase

and

OGnew - OGJuel
ateel' = °Gbase

where a Juel represents the perturbation in operating cost (from the base year values) due to
changes in fuel prices, and atech represents the perturbation due to technology-specific
changes in efficiency, thermal integrity, etc. The terms aJuel and atech are calculated so as to
satisfy:

and

a Juel
new fuel prices _ 1
base fuel prices

(1 + aOc)0Gbase = (1 + a Juel + atech)OGbase = OGnew '

Olearly, a Juel will be the same across all technologies using the same fuel, and can take on
only three values, represented as aga81 ao;" and aelCC'

4) Use these twenty values of a(one income effect, three fuel effects, eight capital cost effects,
and eight technology effects) to find the new market shares of each technology.

AfSnew = MSold [ 1 + (income effects) + (fuel price effects) +
+ (capital cost effects) + (technology effects) j
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00d ao,OO + a 1,00°00 + a2,ooo~d +
0tech( aO,tech + al,techOtech + a2,techOrech)

+ +

00d ao,oo + al,OOoOO + a2,ooo~d +
0tech( aO,tech + a l,techOtech + a2,techo~Ch) ]

}

terms in first
of eight technologies'

}

terms in last
of eight technologies

As in the main algorithm, each of the twenty values of°must be tested for °~ 0.5, and the
appropriate linear or exponential expression substituted for the quadratic relationship above
when the test is not met.

\Vith this procedure, we are essentially trading off between two different sources of error.
\Ve have already discussed how, if we treat the effect of simultaneous changes in several variables
as being additive in their individual effects, we make an error due to neglect of some second-order
terms. Breaking up the change in operating cost into two parts (in the calculation
000 = ° Juel + Stech), avoids that error for the "fuel price" portion of the change. Unfortunately,
breaking up the perturbation into two parts and treating those effects additively requires that we
once again neglect a second~order term, this time in the product ° Jue(Otech'

There seems to be no practical way out of this dilemma. Treating multiple effects other than
additively leads to the requirement of calculating elasticities in all possible combinations of vari
ables that might be perturbed, a combinatorial problem that is unpleasant to contemplate, let
alone carry out. Otherwise, we wish to choose a procedure which will make the neglected terms as
small as possible. In the main procedure that we propose to use (ignoring the common fuel price
effects), the neglected terms are second-order products like ° 1,00'°2,00, where OJ,OO refers to the
perturbation in operating cost of the ph technology, and perturbations are the net of changes in
fuel prices, efficiencies, etc. In the alternative procedure (capturing the common fuel price effects),
the neglected terms are products like ° Jue(Otech'

Clearly, for economic scenarios in which the operating costs of technologies in a particular
fuel type tend to move together (i.e., the change in fuel price dominates the technology-specific
changes) Stech will be small relative to ° Juel and their product will be small. If the scenario involves
large technology-specific changes above and beyond the fuel price effects, then their product will be
(relatively) large. In particular, if fuel prices tend to increase and technology efficiencies improve
correspondingly, then the net change in operating costs OJ,OO may be very small, while ° Juel and
Stech will be large and opposite in sign. For this scenario, the main algorithm will be neglecting
terms in the product ° 1,00'°2,00, while the alternative algorithm will neglect the product ° Jue(Otech'

The main algorithm will be superior. (We note in passing that in scenarios where fuel prices do
not change, both algorithms will produce the same results.)

\Ve believe that scenarios of rising fuel prices and efficiencies are more typical of those
planned for modeling with LBL-REM, and so we prefer to use the main algorithm. We also intend
to produce a working version using the alternative algorithm, to test the significance of the
different estimating procedures.
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